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PREFACE TO THE FOURTH EDITION, 



The course of instruction in Roofs and Bridges presented 
in this Text-book consists of four parts. Part I deals mth 
the computation of stresses in roof trusses and in all the common 
styles of bridge trusses; Part 11 treats of the determination of 
stresses by graphic methods. Part III presents the methods for 
the design of steel bridges, including proportioning of details and 
preparation of working drawings. Part IV discusses cantilever, 
suspension, movable, continuous, and arched bridges. 

In the f oUowuig pages the second part of this course is pre- 
sented. The authors regard it as essential that students should 
completely work out a few typical cases like those here given 
in the six folding plates; also they consider it as important that 
students should solve many practical problems like those given 
at the ends of most of the articles. In this volume, as in Part I, 
the TniT^iTTiiini as well as the maximum stresses are determined 
for each case; while all varieties of loading are treated, thus 
training student^ to use all kinds of specifications. 

In Chapters I to Vn alterations to the third edition have 
been made upon about thirty pages. In particular, Arts. 27 
and 39 on loads for bridge trusses have been rewritten, and the 
new Art. 70 on a special construction has been added. 

In this edition three chapters of new matter have been intro- 
duced. Chapter Vm, upon influence lines for stresses in 
simple bridge trusses, employs a new method which is perfectly 
general and may be applied as readily to a truss which is irregular 
in form or porportions as to any other. The method is graphic 
throughout and hence it is not necessary to employ the equations 
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of influence lines as in the methods heretofore published in text- 
books. In modem practice the use of influence lines is restricted 
chiefly to trusses with inclined chords and with sub-divided 
panels, and hence only four types of trusses are used in the 
illustrative examples. This method of treatment is especially 
adapted to finding the loading and stresses in trusses of a new 
type like the K truss which has recently been introduced into 
this country. One article is especially devoted to that purpose. 

It is believed that Chapter IX, on deflection influence lines, 
contains various improvements in the method of determining 
the deflection of beams. The graphic methods are completely 
illustrated by examples.* Especial attention has been paid to 
the units of measure employed in making the diagrams so as to 
be in full accord with the fimdamental principles of constructing 
equilibriiun polygons. 

Chapter X is devoted to classified references to mmierous 
articles on graphic statics to be found in engineering periodicals 
and transactions. Many methods and hints of value to students 
and engineers are given in these articles. Nine full-page half- 
tone illustrations are also inserted in this Chapter. 

Grateful acknowledgment for photographs are due to 
Ralph Modjeski, John E. Greiner, John Sterling Deans, 
Albert F. Robinson, and the late Joseph O. Osgood; for data 
and the use of a cut to the Shepard Electric Crane and Hoist Co. ; 
also to Carl H. Knoettge for drawings from which the figures 
of Chapters VIII and IX have been made. 

Compared with the last edition, the number of pages has 
been increased from 242 to 304 pages, and the number of figures 
from 138 to 162. The authors trust that this Part 11 is now 
better adapted than ever before to impart a thorough knowledge 
of graphic statics to students and to young engineers. 
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GRAPHIC STATICS. 



CHAPTER I. 

. PRINCIPLES AND METHODS. 

Art. I. The Force Triangle. 

Statics is the science which deals with forces in equilibrium, 
and Graphic Statics is a method o{ solving statical problems 
by means of constructions on a drawing board. In the design 
of roofs and bridges numerous problems arise which may often 
be more conveniently solved by graphic constructions than by 
algebraic analysis. 

A force is determined when its magnitude, direction, and 
line of action are known, and accordingly it may be graphic- 
ally represented by the length, direction, and position of a 
straight line. Forces are usually given in pounds or kilo* 
grams, while the lengths of lines are measured in inches or 
centimeters. If the scale of force be taken as 2 ooo pounds 
to one inch, then a line 1.43 inches long will represent a force 
of .2 860 pounds, and a force of 8 180 pounds will be represented 
by a line 4.09 inches long. A load is a force. 

The resultant of two or more forces is a single force which 
produces the same effect as the forces themselves, and may 
therefore replace them. 

Let two forces Pi and P2 f ^^^7 / ^-^ " 

which act in the same plane 1^ ^^t> I ^ --^" 
upon the point m be rep- 
resented in magnitude and 
position by the lines mn 
and mp^ and in direction by the arrows. Let the parallelogram 
be completed by drawing a line through n parallel to P2» ^nd 
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a line through p parallel to Pi, and then let m be joined with 
their point of intersection. This line, designated by if, rep- 
resents the resultant of the two given forces. To find the 
magnitude of this resultant by the analytic method, let be 
the angle included between Pi and P2 ; then from either of 
the triangles composing the figure a well known theorem of 
geometry gives 

B? ^Pi^ + P^ + 2P1P2 cos d. 

For instance, if Pi =215 pounds, P2 =514 pounds, and Q a 
75 degrees, there is found by computation R = 606 pounds. 

Th^ graphic method of finding the resultant consists of 
the following operations : On a sheet of paper, with the help 
of a ruler and protractor, from a point m two indefinite lines 
are drawn, making an angle of 75 degrees with each other. 
Using a suitable scale, say of too pounds to the inch, the 
distance mn is made 2. 15 inches for the value of Pi and mp 
is made 5.14 inches for the value of P2. The parallelogram 
is then completed with ruler, triangle, and pencil, and the 
line mn is found by the scale to be 6.06 inches long ; hence 
R = 606 pounds. 

It will be seen that it is not necessary to construct the 
entire parallelogram, since the triangles on the opposite sides 
of the diagonal are equal. The triangle above the diagonal 
can be constructed by drawing a line through n parallel to P2, 
laying off upon it the value of P2, and then joining its end to 
m ; similarly the lower triangle can be independently drawn. 
Either of these triangles is called the force triangle. 

Usually the lines of action of the given forces form part of 
a diagram upon which it is not desirable to construct the force 
triangle. In this case let any suitable point a be selected^ 
and ab be drawn parallel and equal to Pi ; then through b let 
be be drawn parallel and equal to P2, and let a be joined with 
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c. The line ac represents the magnitude of the resultant R, 
and is measured by the same scale as that used in laying off 
ab and be. The direction in which the resultant acts is indi- 
cated by the arrow upon ac, and this is seen to be opposed to 
the directions of those upon ab and be in following around the 
triangle. Finally, the line of action of the resultant R must 
pass through m, the point of application of the given forces 
Pi and P2« Hence the resultant R is found in magnitude, 
direction, and line of action by drawing through m a line equal 
and parallel to ae. 

The above operation is termed composition of forces, Pi 
and P2 having been combined into one. The reverse process 
of resolution of forces may also be effected by the force triangle. 
For instance, let Ri in Fig. i be given, and let it be required 
to find its components in the directions of mn and mp. Let 
ac be drawn equal and parallel to Ry and through its extremities 
let ab and eb be drawn parallel to the given directions ; these 
lines intersect in 6, and when they are measured by the scale 
the magnitude of the components Pi and P2 will be known. 
Lastly, through f», the point of application of R, let Pi and 
P2 be laid off in the given directions, equal to ab and be^ and 
the lines of action of the components are determined. 

Several forces are said to be in equilibrium when no tendency 
to motion is produced in the body upon which they act. In 
Fig. I suppose a force, P3, equal and opposite to iJ, to be 
applied at m ; then this force together with Pi and P2 will be 
in equilibrium, for the last two may be replaced by their re- 
sultant R, which by the conditions specified holds P3 in equi- 
librium. The corresponding force triangle will be abe with 
the direction of ae reversed, so that all the forces around the 
triangle have the same direction ; hence, when three forces 
are in equilibrium, they form a closed force triangle. 

When three forces whose lines of action lie in a plane and 
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intersect in one point are in equilibrium, any one may be de- 
termined when two are given. In Fig. 2 let P, and P^ be given 

to find /\ . Let ab be laid off equal and 
parallel to P^ , and from i let ic be drawn 
equal and parallel to P^: then ca, the 
closing side of the triangle, represents P, 
in magnitude and direction. As its line 
of action must also pass through m^ the 
'*«• •• force P^ is drawn equal and parallel to ca, 

and in the same direction, thus completing the solution. 

Should only one force be given, together with the lines of 
action of the other two, their magnitudes and directions may 
be found. Let P^ and the lines of action of P^ and P, be given. 
Draw ad parallel to P^ , mark off its length according to scale, 
and through its extremities draw lines parallel to P^ and P^ ; 
these lines intersect in ^, and the length of 6c gives the magni- 
tude of P, , its direction being from 6 to r, while ca represents 
P, in the same respects. 

The force triangle is the foundation of the science of graphic 
statics. By it all problems relating to the composition and 
resolution of forces can be solved, when the forces are but 
three in number and act in the same plane upon a common 
point. 

Problem i. Find the magnitude of the resultant of two 
forces making an angle of 60 degrees with each other, one 
being 25 pounds and the other 40 pounds. 

Prob. 2. The lines of action of two forces, of 50 and 30 
pounds respectively, make an angle of 120 degrees. What is 
the magnitude of the force that holds them in equilibrium 
and the angles that it makes with each of them ? 

Art. 2. The Force Polygon. 

When it is required to find the resultant of a number of 
forces acting in the same plane and having a common point of 
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application, the resultant of two of the forces may be found by 
Art. I, a third force may then be united with it to obtain a sec- 
ond resultant, and this , 

operation continued un- ^/^ ""^ ^ .y""'^^*'^'''^--'^^ 

til all the forces are ^xr> ^ \ Ir? ^ ^ .y^ f 

combmed. In Fig. 3, X ^r'T^^^dc i^ P^ J 

the line R, is the result- ^ 1>?--^ ' >— Jgr-^ 

ant of P, and P,, the ^'«^- 3- 

line R^ is the resultant of R^ and P^ , and R is the resultant of 
i?, and P^ , and therefore of the given forces P^, P^^ P^, and 
P^ . It is, however, not necessary to construct these resultants 
in order to find R, if the dotted lines be drawn parallel and 
equal to P^, P^y and P^ . 

The polygon shown by broken lines is called the force poly- 
gon : the resultant R forms its closing side, and each of the 
other sides represents one of the given forces. The diagram 
adcde shows the polygon as it is generally drawn with the diag- 
onals omitted. The direction of the resultant is opposed to 
the direction of all the given forces in following around the 
sides of the polygon ; thus the arrow on ae has the reverse 
direction of the other arrows. 

The force polygon may therefore be constructed as follows : 

Draw in succession lines parallel and equal to the given 
forces, each line beginning where the preceding one ends, 
and extending in the same direction as the force it rep- 
resents. The line joining the initial to the final point 
represents the resultant in direction and magnitude. 

To produce equilibrium with P, , P, , P, , and P^ , a force equal 
and opposite to R must be applied at m. This added force in 
the force polygon is equal to ea with its former direction re- 
versed, and the distance from the initial to the final point in 
the construction of the polygon becomes zero. 

Hence, if a number of forces lying in the same plane and 
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having a common point of application are in equilibrium, they 
will form a closed force polygon, and in passing around it all 
the forces will have the same direction. 

In either of the above cases it makes no difference in what 
order the forces are arranged in the force polygon. Thus in 
Fig. 3 the sides of the force polygon are drawn in the order 
P^yP^yP^yP^fR; but the same value of R, both in intensity and 
direction, will be obtained if they are drawn in any other order, 
as, for example, -P, , -P, , P^ , /*, , R. Again, in Fig. 4, let the four 




forces which meet at m be in equilibrium ; then taking them in 
the order P^, P^y P^y P^ the force polygon abed is drawn, in the 
order P, , P, , -P^ , -P, the polygon a'b'c'd' results, and in the order 
P^y P., P,, P, the polygon a"b"c"d" is found, each of which 
graphically represents the given forces. In the last case it is 
seen that two of the lines in the force polygon cross each 
other ; this is of frequent occurrence in practical problems. 

The force triangle (Art. l) is but a particular case of the force 
polygon, namely, when the forces are but three in number. 
The word polygon is hence often used in a general sense as in- 
cluding that of the triangle. From three forces in equilibrium 
two force triangles may be drawn ; from four forces in equilib- 
rium six force polygons can be formed. 

Prob. 3. Draw a force polygon for five forces in equilibrium, 
and prove that any diagonal of the polygon is the resultant of 
the forces on one side and holds in equilibrium those on the 
other. 
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Prob. 4. Let P, = 100 pounds, P, = 175 pounds, and /^, = 60 
pounds, and let the angles which they make with each other be 
P,mP^ = 135°, P^tnP^ = 87°, P^mP^ = 138^ Draw three force 
polygons and determine from each the value of the resultant^ 
and the angle that it makes with P^ • 



Art. 3. Conditions of Equilibrium. 

When several forces lie in the same plane the necessary and 
sufficient conditions of static equilibrium are that there shall 
be no tendency to motion, either of translation or rotation. 
Analytically this is expressed by saying that the algebraic sum 
of the components, both horizontal and vertical, of the forces 
must be zero, and that the algebraic sum of the moments of 
the forces must also be zero. 

When the given forces have a common point of application, 
the graphic condition for equilibrium is that the force polygon 
must close. For, if it does not close the line joining the initial 
with the final point represents the resultant of the given forces 
(Art. 2), and this resultant will cause motion ; and if it does 
close there exists no resultant. Therefore, if the given forces 
which meet at a common point are in equilibrium the force 
polygon must close ; and conversely, if the force polygon closes 
the given forces must be in equilibrium. 

When several forces lying in the same plane have different 
points of application, so that their lines of action do not inter«l! 
sect in the same point, and are in equilibrium the force poly, 
gon must also close, since no resultant exists. Thus, suppose 
the given forces to be four in number, let the directions of two 
of these be produced until they intersect and their resultant 
found ; this resultant must pass through the point of intersec- 
tion of the remaining two forces, since equilibrium obtains. 
Hence the rule above established for forces acting at a com- 
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mon point applies also to this case, and the force polygon must 
close if they are in equilibrium. 

If several forces have different points of application, and the 
force polygon does not close, the line joining the initial and 
final points represents the intensity and direction of the result- 
ant. For, as a force can be considered as acting at any point 
in the line of its direction two of them may be combined into 
a resultant, and this resultant may be combined with one of 
the other forces, and so on until the final resultant is obtained 
in the same manner as in Art. 2. 

If several forces have different points of application, and 
the force polygon closes, it is not necessarily true that the 
given forces are in equilibrium. For example, let a beam or 
stick be acted upon by three forces as shown in Fig. 5, the 
p p ^ forces P^j P^j and /\ being equal, 

P^ and jP, making an angle of 30 
degrees with the horizontal and P^ 
being vertical. It is plain that 
'*'• ^ equilibrium is here impossible, and 

yet the force polygon abc closes. Upon reflection it will be 
seen that the equilibrium of the beam under the action of the 
three given forces can only be maintained by a couple, that is, 
by two equal parallel forces acting in opposite directions. It is 
because the resultant of the forces of a couple is zero that the 
force polygon closes in this case ; and it will be found that in 
all instances of non-equilibrium where the force polygon closes 
that a couple is necessary to maintain equilibrium. 

The above conditions apply to forces lying in one plane. It 
is rare in problems relating to roofs and bridges that forces 
acting in different planes need to be considered, and hence in 
the following pages it will always be understood, unless 
otherwise stated, that the forces under discussion lie in the 
same plane. 
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Prob. 5. In Fig. 5, let each of the forces be 100 pounds, and 
let the distance between the points of application of P^ and P^ 
be 4 feet, and between those of P^ and P^ be 5 feet. Compute 
the magnitude of the forces of a horizontal couple to maintain 
equilibrium when the vertical distance between their points of 
application is 3 inches. Draw the forces of the couple in both 
diagrams of Fig. 5. 

Art. 4. Stresses in a Crane Truss. 

As an example of the application of the preceding principles 
let it be required to graphically determine the stresses in the 
members 5,, 5,, etc., of the crane truss shown in the left-hand 
diagram of Fig. 6, due to a load P, acting at the peak. The 
member B^ is called the tie, B^ the jib, B^ the post, and B^ 
the back-stay. The post is vertical and its length is 16 feet, 
the length of the jib is 30 feet, of the tie 21.5 feet, and of the 
back-stay 20 feet ; from these dimensions the diagram of the 
crane truss is constructed. The load P^ is 5 000 pounds. 

Using a scale of 2 000 pounds to an inch, the construction of 
the stress diagram is begun by laying off ab parallel to Pi and 
equal to 2\ inches. Now at the peak the force Pi is resolved 
into two forces whose lines of action are in the two members B^ 
and Bz ; hence, by Art. i , draw ac parallel to B^ and be parallel to 
Bzj thus obtaining the 
force triangle abc ; the 
length of ac gives the 
stress in B^y and that 
of l/c gives the stress 
in B^, Next passing 

to the apex n the stress Pig. 6. 

in B^ is known and those in B^ and B^ are to be found ; hence 
from a and c draw parallels to these members and these lines, 
intersecting at ^, give ce as the stress in B^, and ae as that 
in B^ . This completes the force diagram. 
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The next step is to determine the character of the stresses, that 
is, whether they are tension or compression. Beginning with 
the triangle abc, which represents the forces acting at the apex 
w, the direction of ab is known to be downward, hence follow- 
ing around the triangle (Art. i) the stress 5, acts from b to- 
ward ^, and 5, from c toward a ; transferring these directions 
to the lines of action at the apex m it is seen that 5, acts to- 
ward nty and is therefore compression, while 5, acts away from 
nt, and is therefore tension. Passing now to the apex n the 
stress 5, in B^ is known to be tension and hence it acts away 
from «, accordingly in the force triangle cae it acts from a 
toward c ; hence 5^ acts from c to e, and 5, from e to a; trans- 
ferring these directions to the lines of action at n it is found 
that S^ is tension and S^ is compression. 

Applying the scale to the lines of the force diagram the 
following results in pounds are now found, the sign -f- denoting 
tension and — denoting compression : 

5, = + 6 700, 5, = - 9 350, 54 = ~ 6 850, 58 = + 10 800. 

These are the stresses in the members B2, B^y B^, and B^ due to 
the load of 5 000 pounds acting at the peak. If 10 000 pounds 
were hung at the peak it is plain that each line of the force 
triangle would be twice as long as before, or the stresses in the 
members would be double the values above given. 

The two parts of Fig. 6 are called the * truss diagram * and 
the * stress diagram * respectively. Each triangle in the stress 
diagram abce corresponds to the forces acting at one of the 
apexes in the truss diagram, so that it may be said that the 
two figures are reciprocal. 

Prob. 6. In Fig. 6 let B^ be vertical and let B^ = 30, Bj = 45, 
B^ = 50, and £5 = 90 feet. Draw the stress diagram and de- 
termine the stresses in all the members due to a force of 8 000 
'pounds which acts at an angle of 30 degrees to the right of the 
vertical drawn through the peak m. 
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Art. 5. Stresses in a Polygonal Frame, 

In Fig. 7 let B^B^B^B^ be a polygonal frame which supports 
the loads P^ and P^ and which is itself suspended by the forces 
P^ and /^, acting in two ropes. The frame being in equilibrium 
under the action of the exterior forces -P. , -P,, P,, and -P^, it is 
required to find the stresses in the members ^ff,, ^,,^,, and B^^ 

As the exterior forces P^^ P^^ P^^ and P^ are in equilibrium, 
the force polygon representing them must close (Art. 3). First, 
then, let the force polygon abed be drawn, ab representing P^ 
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in magnitude and direction, be representing P,, and so on. 
Now at each apex of the polygonal frame there are three forces 
which are in equilibrium. Thus at m the force P^ is known, 
and if from b and a lines be drawn parallel to B^ and B^ these 
intersect in o, giving bo as the stress 5, in B^ and ao as the 
stress S^ in B^, Similarly at each of the other apexes the ex- 
terior force may be resolved into components in the two given 
directions. Thus 5, , 5, , 5, , and S^ are found as the stresses 
in -5, , jff , , B^y and B^ . 

To find the character of these stresses it is only necessary to 
follow around the sides of each force triangle in the direction 
indicated by the given force and then to transfer these directions 
to the corresponding apex of the frame. Thus, at the apex n 
the direction of P, is known and the corresponding force tri. 
angle is beo ; in this P, acts from b toward c. hence ^. acts from 
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€ toward o and 5, acts from o toward b\ transferrii these 
directions to n it is found that 5, acts toward and 5, away 
from II, thus showing 5, to be compression and 5, to be ten- 
sion. In like manner it is found that 5, and 5, are also tension. 

Pfob. 7. If the frame in Fig. 7 be inverted, draw the force 
diagram and determine the character of the stress in each 
member. 

Prob. 8. In Fig. 7 let each of the forces P,, P,, P., and P^ be 
vertical and equal to 100 pounds. Let B^ and B^ be horizontal, 
the length of the former being 6 feet and that of the latter 
being 2 feet. Let the lengths of B^ and B^ be 5 feet. Draw 
the force diagram and find the magnitude and character of the 
stress in each member. 



Art. 6. The Equilibrium Polygon. 

When a number of forces acting upon a body do not meet 
in a common point the magnitude and direction of their result- 
ant is found by the closing line of the force polygon (Art. 3), 
but its line of action is not determined. This will now be 
found by means of another diagram which is called the equilib- 
rium polygon. 

Let four forces represented by P,, -P,, P,, and P4 be given in 
magnitude, direction, and line of action, and let it be required 
to fully determine their resultant. Constructing the force 
polygon abcde^ the length of the closing line ea represents the 
magnitude of the resultant, and its direction is from a toward ^, 
being opposite to those of the other forces in following around 
the polygon (Arts. 2 and 3). Now select any point and draw 
the lines oa^ ob, oc, ody and oe to the vertices of the force poly- 
gon, thus forming five force triangles. In the force triangle 
oab the lines oa and ob represent two forces which can hold ab 
in equilibrium if their directions be from ^ to ^ and from o to a. 
Thus each of the forces in the force polygon can be replaced 
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by its 'iOmponents shown by the broken lines ; for example, 
P, has the components 5, and 5, . Now through any point m 
on the line of action of /*, draw the lines B^ and B^ parallel to 
5, and 5j respectively, and let B^ intersect the line of action of 
the force P^ si n. * ., - 

Through n draw B^ ^Sf^*^ ^' y^^^ 

parallel to 5,, and B^/ ^'^tC 

so on in succession, 
until finally B^ is 
drawn parallel to S^ . 

The lines B^ and B^ Fig. s. 

will intersect at some point r; through this point draw a line 
R parallel to ae and the line of action of the resultant is deter- 
mined. For, by the construction the forces 5i and S^ are the 
components of the resultant R or ae^ and as their lines of 
action are in B^ and j5, the resultant must pass through the 
point where they intersect. 

If in Fig. 8 there be applied at the point r a force P^ equal 
to R but opposite in direction the forces P^, P^y P^, P^j and /\ 
are in equilibrium and the force polygon closes. The polygonal 
frame B^BJB^B^B^ thus holds the given forces in equilibrium 
by means of the stresses of tension and compression acting in 
its members. For the case shown in the figure these stresses 
are all tensile, and their values are given by the lines 5,, 5,, 
etc., in the force polygon. The lines of this frame are hence 
"1 called an * equilibrium polygon.* The polygonal frame in Fig. 7 

*^ is an equilibrium polygon which holds the exterior forces in 

balance. 



The graphic condition of equilibrium for several forces not 
meeting at the same point may now be expressed by saying 
that both the force polygon and the equilibrium polygon 
must close. If the former closes and the latter does not the 
given forces are not a system in equilibrium. For example 
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,Fig. 9. 



the three forces Pit P^, and P^ in Fig. 9 are equal in magnitude 
and make angles of 120 degrees with each other, but they are 

not in equilibrium because their 
lines of action do not intersect 
in the same point. The force 
polygon aic here closes. Select 
any point o and draw the lines 
oa^ oby and oc, thus resolving the 
force P^ into the components 
5, and 5,, the force P^ into S^ 
and 5, , and the force P^ into 5, and 5, . Now select any point 
m on the line of action of P, and draw mr and tnn parallel to 
5, and 5, ; from », where mn intersects the line of action of P, , 
draw nr parallel to 5, . Then mr and nr intersect at r which 
is not on the line of action of P,, and hence the three given 
forces cannot be held in equilibrium by an equilibrium poly- 
gon. In this case it is said that the equilibrium polygon does 
not close. If, however, the force P^ be moved parallel to itself 
until its line of action passes through r the force polygon 
closes and the forces will be in equilibrium. 

The point o in the plane of the force polygon is called ' the 
pole,' and the lines oa^ ob^ etc., are sometimes called *rays.* 
Since the position of the pole may be selected at pleasure it 
follows that for any given system of forces an infinite number 
of equilibrium polygons can be constructed. The pole o may 
be taken either within or without the force polygon as may 
be most convenient for the solution of the problem under 
consideration. 

Prob. 9. Given two forces of 100 and 180 pounds acting at 
an angle of 5 degrees with each other, the point of intersec- 
tion not being within the limits of the drawing. Find the 
magnitude and direction of the resultant by the force polygon, 
and its line of action by the equilibrium polygon. 
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Art. 7. Properties of the Equilibrium Polygon. 

Let Fig. 10 represent a system of forces -Pj , P,, . . . -P, held 
in equilibrium by the jointed frame or equilibrium polygon 
whose members are jff, , -ff, , . . • -ff,. This is constructed by first 
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drawing the force polygon abcdef^\i\^ must close, then select- 
ing a pole o and drawing the rays oa^ ob, . . . ofy to which the 
members of the equilibrium polygon are made respectively 
parallel. The character of the stresses in these members is 
determined from the force polygon ; thus in the triangle abo the 
directions of bo and oa must be from ^ to ^ and from 0X0 a in 
order to maintain equilibrium ; transferring these directions to 
the other diagram, it is seen that the stresses in B^ and B^ act 
toward the apex w, and hence are compression. Passing next 
to the vertex n the stress in B^ is also found to be in compres« 
sion, and so on. (Art. 4.) 

Let this equilibrium polygon be cut by a section shown by 
the broken and dotted line ; the stresses in if, and B^ , the mem* 
bers cut, are given by 5, and S^ in the force diagram, and form 
the closing sides of the polygon abcdo and also of the polygon 
defao. That is, the stresses in B^ and B^ hold in equilibrium 
the external forces P^, P^, and P^ , and also the external forces 
P^yP^y and P^ . Therefore the following principle is established: 

The internal stresses in any section hold in equilibrium the 
external forces on either side of that section. 
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This principle, it will be observed, is the same as that appli* 
cable to the internal stresses in a beam (Mechanics of Materials,, 
Art. 15) or to the internal stresses in a truss (Roofs and 
Bridges, Part I, Art. 4). 

Since the stresses in B^ and B^ hold in equilibrium the exter- 
nal forces P^, Ptf and P, the /esultant of the former must be 
equal and opposite to the resultant of the latter. This is also* 
seen in the force polygon where the line ad gives the magnitude 
of this resultant. To find its line of action let B^ and B^ 
be produced until they meet in r, and through r draw a line 
equal and parallel to ad. Thus results the following important 
principle : 

The resultant of the external forces on the left of any sec- 
tion passes through the intersection of the sides of the 
equilibrium polygon cut by that section, its magnitude 
and direction being given by the force polygon. 

The resultant of the external forces on the right of the sec- 
tion is the same in magnitude and line of action as that of those 
on the left, but its direction is reversed. 

When a system of parallel forces are in equilibrium, the force 
polygon becomes a straight line and the equilibrium polygon 
has an important special property which will now be deduced. 
Let Pj , -P, , and P^ in Fig. 1 1 be three downward forces, held in 
equilibrium by the two upward forces P^ and P^ ; for example, 
the former might be loads acting on a beam and the latter the 
reactions of the supports. The force polygon here is aicdea, 
the lines aiy be, and cd being laid off downward while de and ea 
are laid off upward, closing the polygon. Selecting any pole o^ 
and drawing the rays oa, ob, etc., the equilibrium polygon B^B^ 
BJSJB^ is formed (Art. 6). Now let any two sides B^ and B^ 
be cut by a vertical plane, and let the ordinate intercepted be- 
tween them be called y. The intersection of these sides pro- 
duced gives the point of application of the resultant of the ex- 
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temal forces/*, and P,, whose value is given by eb in the force 
polygon ; let the horizontal distance from y to this point be 
called r, and the resultant be called R. The bending moment 
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M in the given section is then equal to the moment of the re* 
sultant of all the forces on the left of that section, or 

Mz=zRr. 

Now in the force polygon let the line oh be drawn horizon- 
tally through the pole and its value be called H, Then since 
the triangle obe is similar to the triangle which has the base y 
and the altitude r, and since eb is equal to 7?, we have 

r\y::H:R or Rr ^ Hy. 

Therefore the bending moment of the external forces on the 

left of the section is 

M=Hy. 

The force H is seen to be the horizontal component of each 
of the stresses oa^ ob, etc., in the force polygon, that is, of the 
stresses in the members B^^B^y etc., in the equilibrium polygon ; 
it is called the * pole distance,' and is measured by the same 
scale of force as the other lines in the force polygon. The fol- 
lowing theorem can hence be stated : 

If a structure be subject to parallel forces, the bending 
moment in any section parallel to the forces is equal to 
the ordinate y in the equilibrium polygon multiplied by 
the pole distance H in the force polygon. 

Hence by adopting suitable scales the values of the bending 
moments can easily be found from the diagram. For instance, 
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if the linear scale used in laying off the positions of the exter* 
nal forces be 20 feet to the inch, and if the pole be so selected 
that the distance JEZ* is 5 000 pounds, then the moments are 
are measured by a scale of loocxx) pound-feet to the inch. 

The following is another proof of this important theorem : 
Let the line B^ in Fig. 1 1 be produced until it meets the section 
in n ; let the vertical distance between n and B^ be called^, , and 
that between n and -ff, be called y^ . Let the lever arms of -P, 
and P^ with respect to the section be called p^ and p^ . The 
bending moment for the section then is 

But the triangle whose base is y^ and altitude p^ is similar to 
oae^ and the triangle whose base is^^ and altitude/, is similar 
to oab. Hence P,/, = Hy^ and P^p^ =V^i 5 ^^^ accordingly 

But since y^ — y^ =^, this gives M =■ Hy, which is the same 
relation as before deduced. 

Prob. 10. Di«aw an equilibrium polygon for the five vertical 
forces given in Fig. 11, taking the pole on the right-hand side 
of the force polygon. 

Prob. II. Given two parallel forces 12 feet apart and acting 
in opposite directions, one being 8 000 pounds and the other 
3 000 pounds. Find by the force and equilibrium polygons 
the magnitude and line of action of their resultant. 

Art. 8. Reactions of Beams. 

By the use of the force and equilibrium polygons the reactions 
of the two supports of a beam carrying given loads may be 
graphically determined. For example, let the beam in Fig. 12 
be subject to two concentrated loads as shown, and be in equi- 
librium under the action of these loads and the two reactions. 
If the values of the reactions were known an equilibrium poly. 
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gon could then be constructed which should act instead of the 
beam to maintain this equilibrium (Art. 7). But since the loads 
and reactions constitute a system of forces in equilibrium, 
the principle that the equilibrium polygon must close (Art. 6) 
furnishes the means of determining the unknown reactions. 

Let Pj and P^ be the given loads, and let ad and be be drawn 
equal and parallel to them. Since the force polygon must 
close the line ca then represents the sum of the two reactions. 
Next let any pole 
be selected, and 
the rays oa, 06, and 
oe be drawn, and 
parallel to these let 
B,, B,, and B^ be 
drawn, thus form- 
ing part of the equi- 
librium polygon. 
This polygon can 
now be closed by drawing B^ , joining the points where B^ and 
B, intersect the lines of action of the reactions. Finally, in the 
force polygon let od be drawn through o parallel to B^ ; thus 
determining the point d; then cd 3,nd da are the two reactions, 
the former being R^ , and the latter R^ . For, cd is the force 
that holds in equilibrium the stresses 5, and 5, in the members 
B^ and B^ , and da is the force that holds in equilibrium the 
stresses 5, and S^ in B^ and B^ . 

As a second example, let it be required to determine the 
reactions for the overhanging beam shown in Fig. 13 due to 
the two given loads. Laying off ad and 6c as before, the sum 
of the reactions is shown by the line ca. Choosing a pole o and 
drawing oa, od, and oc, the equilibrium polygon is constructed 
by taking any point on the line of action of P, and drawing B^ 
and -5, parallel to oa and 06 respectively. Then from the point 
where B, intersects the line of action of P^ the line B^ is drawn 
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parallel to oc. Now B^ intersects the line of action of R^ at m 
and B^ intersects that of i?, at n\ joining mn by the line B^ 

closes the equilibrium 

^^ — Sj^^ 



I 
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polygon, and parallel 
to this closing line od 
is to be drawn in the 
force diagram, thus 
determining the two 
reactions cd and da. 



In both the above figures, any ordinate drawn in the equilib- 
rium polygon gives the bending moment in the beam at the 
point vertically above it (Art. 7). In Fig. 13 where the sides 
of the equilibrium polygon cross there is no ordinate, and this 
corresponds to the position of the inflection point in the beam 
where the horizontal stresses change from tension to com- 
pression. 

Prob. 12. Given an overhanging beam as in Fig. 13, its 
length being 18 feet, and the distance between the supports 14 
feet. Determine the reactions due to three loads, one of 
200 pounds at 3 feet from the left end, one of 80 pounds at 6 
feet from the left end, and one of 90 pounds at the right end. 



Art. 9. Simple Beams under Concentrated Loads. 

By applying the principles of the preceding articles the ver- 
tical shears and the bending moments may be found for all 
sections of a beam having only two supports and subject to 
any number of concentrated loads. For example, consider a 
simple beam 20 feet long, carrying five loads whose positions, 
and weights in pounds, are shown in Fig. 14. The reactions 
of the supports are found by laying off the loads successively 
on the force polygon, or load line af^ the first load being ab^ 
the second fc, etc. Select the pole <?, draw the rays from o, and 
construct the equilibrium polygon m^ n, etc., its closing line 
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being ms. Then through draw og^ parallel to ms, and the 
lines /g^ and £a will represent the reactions of the right and 
left supports. 

Between the kft support and the first load the vertical shear 
equals the reaction ga; between the first and second loads the 
vertical shear is ga — ab = gb\ between the second and third 




loads it \%ga — ah — be = gc\ and so on. At the fourth load 
the shear changes from positive to negative, and at the right 
support its value is the reaction gf. The diagram shown in the 
figure above the equilibrium polygon gives these shears, and 
the manner of its construction is apparent, each step being one 
of the loads. This is called the shear diagram. 

The ordinates in the equilibrium polygon, or moment dia- 
gram, give the bending moments in the corresponding sections 
of the beam. It is seen that the maximum ordinate is where 
the sides of the equilibrium polygon meet that are parallel to 
td and oe, the rays on opposite sides of and adjacent to og, 
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the line parallel to the closing side ms of the equilibrium poly- 
gon. As the shear immediately on the left of the correspond- 
ing section is positive, being measured from g to d, and that on 
the right is negative, being measured from ^ to e, the important 
relation is obtained that the maximum bending moment occurs 
at the section where the vertical shear passes through zero. 

In making the actual construction for Fig. 14 the linear scale 
used in laying off the beam and the positions of the load was 
5 feet to an inch, and the force scale used in the force polygon 
was 8cx) pounds to an inch. The pole distance was taken as 
I 000 pounds, and hence the moment scale was 5 000 pound-feet 
to an inch. Any ordinate in the shear diagram, measured by 
the force scale, gives the vertical shear in pounds ; thus, 
between the second and third loads the shear is + 300 pounds, 
and between the fourth and fifth loads it is — 625 pounds. 
Any ordinate in the "moment diagram, measured by the 
moment scale, gives the bending moment in pound-feet ; thus, 
the maximum bending moment is 5 500 pound-feet. Fig. 14, 
however, as here printed, is about one-half the size of the 
actual construction. 

Prob. 13. Construct the shear diagram and moment dia- 
gram for a beam 16 feet long, carrying two loads, each of 4000 
pounds, one being at 5 feet from the left end, and the other at 
5 feet from the right end. 

Art. 10. Simple Beams under Uniform Loads. 

Let a simple beam whose span is / be uniformly loaded with 
the weight w per linear unit ; then each reaction is equal to 
half the total load or ^l. The load may be represented 
graphically by the shaded rectangle on the beam whose base is 
/ and altitude w. 

For any section at a distance x from the left support the 
vertical shear is F=iw/ — «/;r = w{^l — x)\ if V be an ordi- 
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nate corresponding to an abscissa x this is the equation of a 
straight line. Thus when ;r = o, V =:• iw/; when x' = J/, 
r^ = o ; and when ;ir = /, F = — iw/. The shear diagram is 
hence constructed by laying off £^i equal to the span, making 
^and ik equal to ^w/and joining /with if. 

The bending moment in a section distant x from the left 
support is(M = iwi . x — wx . ^jr = Jze/(/;r — x*). This is the 
equation of a parabola ; for ;r = o and x= I the value of AfisO', 

m 

for X = i/, M reaches ^ 

its maximum value -Jzi//'. Illlllllillllllllllllllllllllllllllllllllllllllllllllllllllll 

The moment diagram 
may hence be con- 
structed by laying off 
mn equal to the span, 
drawing qr at the middle 
equal to the maximum 
moment, and then con- 
structing the parabola ^*«- »5. 
mrn. To do this the lines ms and ns are drawn, rs being 
made equal to qr^ these are divided into the same number of 
equal parts and the points of division joined as shown, thu5» 
determining tangents to the parabola. 

If the entire load on the beam were concentrated at the 
middle, aba would be the force polygon, and bh and ha the two 
reactions. Now let ^ be a pole having the pole distance H^ and 
let the equilibrium polygon msn be constructed. Then from 
the similar triangles oah and msq^ 

H \ \wl :: \l\ qs. 

Hence if H be equal to unity on the scale of force, the ordi- 
nate qs has the value Jte^/', and since qr is JW the maximum 
moment for a single concentrated load at the middle is twice as 
great as that due to the same load when uniformly distributed. 

Prob. 14. Prove that the sum of all the moments due to a 
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uniform load is two-thirds of the sum of all the moments due 
to the same load when concentrated at the middle. 



Art. II. Overhanging Beams. 

Let a beam be taken with one overhanging end and bearing 
a number of concentrated loads as shown in Fig. i6. The 
loads are given in pounds and the distances in feet. If in the 
force polygon the loads be laid off successively in the order in 




Fig. x6. 

which they are on the beam, and the equilibrium polygon 
m . . n . . sfuhe constructed, the ray og- drawn parallel to the 
closing line mu will determine the reactions ^ and £-a. The 
sides of the equilibrium polygon are found to cross each other 
at f, and the ordinates to the right of this point lie on the op- 
posite side of the closing line from those on the left. The 
ordinates on the left being regarded as positive, those on the 
right are negative, and they give the bending moments for all 
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sections in the beam. The point /, where the bending moment 
is zero, is called the inflection point ; on the left of this point 
the lower fibers are in tension while on the right they are in 
compression. 

In order to construct a moment diagram whose ordinates 
shall be measured from a horizontal line ;«'/', the numerical 
values of the reactions should first be computed ; these are 
R^=z6o pounds and i?^ = 120 pounds. Now form a force poly- 
gon, or load-line, for the reactions and loads by laying off the 
reaction R^ from ^ upward to a\ then the first three loads in 
succession from a' downward to d\ then the reaction i?, from 
d' upward to e\ and finally the remaining loads from / down- 
ward to £'\ Take the pole 0' on a perpendicular to the load 
line at ^'. The equilibrium polygon m^ . . n' . , u's^t' can then 
be constructed, each of whose ordinates is equal to that in the 
polygon m . . n . . stu. 

The method of constructing the shear diagram on the axis 
viv will be understood without further explanation than that 
given in Art. 9. It is seen that the shear passes through zero 
at two points, one where the maximum positive moment occurs, 
and the other at the right support where the negative moment 
is a maximum. 

The linear scale used in the actual construction of Fig. 16 
was 4 feet to an inch, and the force scale was 60 pounds to an 
inch ; the pole distance being 100 pounds, the moment scale 
was 400 pound-feet to the inch. In the figure as printed the 
scales are one-half these values. By measurement it is found 
that the maximum shear is 60 pounds, the maximum positive 
moment 120 pound-feet, and the maximum negative moment 
140 pound-feet. 

For the case of a uniform load a shear diagram and moment 
diagram may be constructed by computing the maximum ordi- 
nates and then drawing the straight lines and parabolas (Me- 
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chanics of Materials, Chap. IV). Thus, let Fig. 17 represent a 
beam 28 feet long with ends overhanging 4 and 6 feet, and let 
the uniform load be 40 pounds per linear foot. The left reac- 
tion is found by computation to be 497.8, and the right reaction 
to be 622.2 pounds ; these might also be obtained graphically 
by the equilibrium polygon, regarding the load on each por- 
tion of the beam as concentrated at its center. The shear is 
then found to be zero at ^, distant 8.45 feet from the left sup- 
port, and at this point the positive moment is a maximum, its 
value by computation being i 106 pound-feet. At the left 

support the negative moment is 
found to be 32oand at the right 
support 720 pound-feet. These 
moments being laid off by scale 
the curves can be constructed 
by the method given in Art. 10, 
it being known that the end 
parabolas have their vertices at 
m' and q, and that the middle 
parabola has its vertex at «. 
The inflection points are 
equally distant from the place 
of maximum positive moment, this distance being 7.45 feet 
in Fig. 17. The diagrams thus furnish full information re- 
garding the distribution of the shears and moments in the 
beam. 

Prob. 15. A beam 20 feet long has two overhanging ends, 
each 5 feet long. Draw the shear and moment diagrams due 
to a load of 800 pounds at one end and a load of 5CX> pounds 
at the other end. 

Prob. 16. A beam 20 feet long has two overhanging ends, 
each 5 feet long. Draw the shear and moment diagrams due 
to three loads, one of 800 pounds at one end, one of 500 
pounds at the other end, and one of i 000 pounds at the middle. 
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Art. 12. Center of Gravity of Cross-Sections. ' 

In problems relating to the strength of beams it is necessary 
to find the position of the neutral axis of the cross-section 
(Mechanics of Materials, Chap. Ill), The neutral axis passes 
through the center of gravity of the cross-section, and in find- 
ing the position of the center of gravity the equilibrium poly- 
gon may be employed. For instance, let the cross-section of a 
deck beam shown in Fig. 18 be taken. As this cross-section 
has an axis of symmetry AD^ the center of gravity lies on this 
axis. The area is divided into simple geometrical figures or 
narrow strips by lines perpendicular to the axis, and at the 
centers of gravity of these parts forces proportional to their 
areas are applied. The force and .equilibrium polygons are 
constructed in the usual manner, taking the pole opposite the 
center h of the force line and making the pole distance oh 
equal to ah. The extreme sides of the equilibrium polygon 
m . , n , . q are pro- 
duced until they 
meet at r, the 
special position of 
the pole causing 
them to form the 
best intersection, 
that is, at right an- 
gles. According to 
A.rt. 6, the point r 
is in the line of action of the resultant of the forces considered, 
hence rC drawn parallel to the forces is the line of action of 
the resultant. The center of gravity lies on this line and there^ 
fore at its intersection with the axis AD, 

If the surface is very irregular in outline it should be divided 
into strips so narrow that the area of each one is equal to the 
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product of Its mean length by its width without appreciable 
error. If there be no axis of symmetry, the process described 
above must be repeated for a direction at right angles to the 
first, and the center of gravity will lie at the intersection of the 
two resultants found. 

Prob. 17. Find the center of gravity of the cross-section of 
the channel-iron whose dimensions in inches are given in 

/T^ Fig- 19- 
,L Prob. 18. Five parallel forces act 
j in the same direction. Beginning 




^i*?^ 



at the left their magnitudes are 45, 
Fiff. xg. 120, 30, 225, and 80 pounds, and 

the successive distances between them are 6, 10, 3, and 8 feet. 
Determine the magnitude and position of their resultant. 



Art. 13. Moment of Inertia of Cross-Sections. 

For beams under flexure the bending moment M for any 

SI 
section equals the resisting moment — with reference to the 

neutral axis in that section in which 5 is the unit-stress in the 
most remote fiber distant c from the axis and / is the moment 
of inertia of the cross-section with reference to the same axis 
(Mechanics of Materials, Art. 19). 

In Art. 12 the method is given for finding the center of 
gravity through which the neutral axis passes, and the moment 
of inertia / may be obtained from the same construction by the 
'following rule : Let A be the area of the given cross-section, 
and A' the area included between the equilibrium polygon and 
the two lines whose intersection determines the center of 
gravity; then / is the product of A by A\ or /= AA'^ pro- 
vided that the pole distance is ^A. This rule will now be 
demonstrated in connection with a practical example. 

Let it be required to find / for the T-shaped section which is 



Art. 13. MOMENT OF INERTIA OF CROSS-SECTIONS. 



29 



shown in Fig. 20. The cross-section A measures 4.04 square 
inches, and by the force and equilibrium polygon the neutral 
axis EC is found to be 1.32 inches from the base of the T. 
Now produce sg until it meets the axis at /. The triangles q^u 
and o/e are similar, as their sides are mutually parallel. Let j^ 
be the distance from g to the axis ; then 

tu \ y :: ef\ oh. 

But </*equals the area P^ laid off to scale, and the oole distance 
oh was made equal to \A ; hence, 

tu.\A =^P,y. 

Multiplying this by^, and remembering that ^tu.y is the area 

of the triangle qtu^ 

gives, I E 

area qtu = -~^. 
^ A 

The other triangles 
composing the area 
between the equilib- 
rium polygon and 
the lines mr and sr 
may be expressed 
in a similar manner. 
If the area P^ were 
of the width dy its moment of inertia would be -P^y, and by 
adding all the areas together there would be found, 







Fig. ao. 



^ "A' 



or I^AA\ 



in which case the broken line ;« . . . nuqs becomes a curve which 
is tangent to the lines mr and sr at the extreme limits of the 
given cross-section. This curve may be drawn and the area 
A^ determined either by dividing it into strips or by the 
planimeter. 
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By performing the above operations on a full scale drawing 

for the T iron shown in Fig. 20 the area A* was found by the 

planimeter to be 1.80 square inches, hence the moment of 

inertia is 

/= 4.04 X 1.80 = 7.27 inches*. 

This agrees very well with the value given in the manufac- 
turer's pocket-book, which is 7.26 inches*. 

Prob. 19. Determine the moment of inertia of the channel 
iron shown in Fig. 19 with respect to an axis through the 
center of gravity and normal to the web. Determine also the 
moment of inertia for an axis through the center of gravity 
and parallel to the web. 



Art. 14. Graphical Arithmetic. 

In the various operations that are performed on the draw* 
ing board cases occur where quantities are to be added, sub- 
tracted, multiplied, or divided, and it frequently happens that 
this may be done by some simple graphical procedure instead 
of by the common methods of arithmetic. Whatever be the 
nature of these quantities they are represented by straight lines, 
the number of units in the length of a line denoting the mag- 
nitude of the quantity. 

To add together several lines it is only necessary to place 
them end to end and then measure the total length by the 
scale. 

To subtract one line from another the first is to be laid ofif 
from the end of the second in the opposite direction and then 
their difference can be measured by the scale. 

To add algebraically several quantities, some positive and 
some negative, the sum of the lines representing the negative 
ones is to be found and subtracted from the sum of the lines 
representing the positive ones. 
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To multiply any line of length a by any quantity repre- 
sented by a line of length w, let OX and (9 F be drawn making 
a convenient angle with each other. Lay off Ob equal to unity, 
Oa equal to a^ and Ont equal to m. Then Oy is the required 
product ay^m. For, by similar triangles, 

Oy : Ont :: Oa : Ob, 
whence Oy =z OaX Om =. ay^m. 

By successive applications of this principle the product of sev* 
eral factors may be found. 

To divide a line of length nt by one of 
length by let Oa be laid off equal to unity, Om 
equal to ;«, and Ob equal to b ; then making 
the construction as before, the similar trian- 
gles give 

Oy = Om -^ Ob = m -^ b, 

and hence Oy is the quotient found by dividing m by b. 

By the help of the principle of similar triangles a number 
of graphical constructions can be made for adding and multi- 
plying fractions. For instance, let it be 
required to find the product of the two 
fractions ^ and | . On any line OX lay 
off, as in Fig. 22, Oa = 13 and Oc = S; 
erect the ordinates ab = 6 and cd ^ g; q 
join Ob and Od, Select any abscissa Ox, 
in this case taken as 10, draw the ordi- 
nate xy, and taking Ox' equal to xy, draw the ordinate x^y. 
Then the product of the two fractions is one-tenth of x^'/m 
For, by similar triangles, 

ab __ xy J cd __ x'y^ 

Oa^ 




and 



Ox Oc Ox'' 

Multiplying these together, term by term, and inserting tho 
values, there results 

13 8 10 
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Measuring x^y by the scale it is found to be 5.2 ; hence the 
required product is 0.52. 

Prob. 20. Show by Fig. 21 how to graphically transform 

the fraction -^ to an equivalent fraction having 9 for its de- 

5'5 
nominator. 

Prob. 21. Make the following graphical constructions: {d^ 
to square a given number, (^) to extract the square root, (c) to 
find the reciprocal, the final result in each case to be repre- 
sented by the length of a straight line. 
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CHAPTER IL 

ROOF TRUSSES. 

Art. 15. Definitions and Principles. 

A roof truss is a structure whose plane is vertical, and is 
supported at its ends by the side walls of the building, being 
so arranged that its principal members are subject only to ten- 
sile or compressive stresses under the influence of the loads 
ivhich it is designed to carry. 

The points where the center lines of the adjacent members 
meet are the centers of the connections which form the joints. 
The joints of the truss are supposed to be perfectly flexible, 
and the external forces, consisting of the loads and reactions, 
to be applied only at the joints. 

For stability the elementary figures composing a truss must 
be triangles, since a triangle is the only polygon which cannot 
•change its shape without altering the lengths of it3 sides when 
loaded at one or more joints. 

The * span * of a truss is the distance between the end joints 
or the centers of the supports, and the 'rise' is the distance 
from the highest point, or peak, to the line on which the span 
is measured. 

The ' upper chord ' consists of the upper line of members 
extending from one support to the other. Each half of the 
upper chord of a triangular truss is sometimes designated the 
*main rafter.' The lower line of members is known as the 
•lower chord ' or * tie rod.' 

The *web members' or * braces' connect the joints of the 
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upper with those of the lower chord, and may be either verti- 
cals, diagonals, or radials. 

A member which takes compression is called a 'strut,' 
and one that takes tension a 'tie/ The upper chord and 
some of the braces are subject to compression while the lower 
chord and the rest of the braces are in tension. 

The fundamental principles of Graphic Statics as given in 
Chapter I apply to the determination of the stresses in trusses 
under given conditions of loading, in the manner indicated in 
Art. 4. The notation employed in this chapter for designating 

truss members and loads differs from 

that previously used, the letters being 

placed upon spaces instead of upon 

lines, and any member is named by the 

D \ letters between which it is situated. 

Pif.a3. Thus, in Fig. 23, AC and BC are the 

two rafters and CD is the tie rod, while AB designates the 

load at the peak. 

Prob. 22. The span in the simple triangular roof truss of 
Fig. 23 is 26 feet, and the rise is 6 feet 6 inches. Find the 
stresses in the members due to a load at the peak of 2 050 
pounds. 

Art. 16. Dead and Snow Loads. 

Four kinds of loads are to be considered in discussing a 
truss : the weight of the truss itself, the weight of roof cover- 
ing, the snow, and the wind. 

The weight of the truss depends upon its span and rise, 
Ihe distance between adjacent trusses, the kind of material used 
in the construction of the roof covering and the truss, and other 
elements of design. This weight is ascertained from the results 
of experience, designs being made for various spans and then 
the weights of the trusses computed. As rough approximate 
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formulas for use in computing stresses the following may be 
employed for finding the weight of roof trusses not greater in 
span than 200 feet. 

For wooden trusses, W = J^/(i -|-^/), 

For wrought-iron trusses, W = ia/{i + -jV')* 

»n which / is the span in feet, a the distance in feet between 
adjacent trusses, and IV the approximate weight of one truss 
Vi pounds. The wooden trusses are to have wrought iron ten 
lion members in accordance with the usual practice. It is seen 
that they are one-third lighter than the wrought iron trusses. 

The roof covering consists of the exterior 'shingling' of 
tin, slate, tiles, corrugated iron, or wooden shingles, resting 
usually upon timber ' sheathing,* which is supported by * pur- 
lins,* or beams running longitudinally between the trusses and 
fastened to them at the upper joints. In large roofs the sheath- 
ing is laid upon * rafters * parallel to the upper chord, the rafters 
resting upon the purlins. The actual weight of the roof cover- 
ing, rafters, and purlins is to be determined only by computa- 
tion for each particular case, but the following values will serve 
for preliminary designs and approximate computations. The 
weights given are in all cases per square foot of roof surface. 

For shingling — tin, i pound ; wooden shingles, 2 or 3 
pounds; iron, i to 3 pounds; slates, 10 pounds; tiles, 12 
to 25 pounds. 

For sheathing — boards i inch thick, 3 to $ pounds. 

For rafters — 1.5 to 3 pounds. 

For purlins — wood, i to 3 pounds ; iron, 2 to 4 pounds. 

Total roof covering — from 5 to 35 pounds per square foot 
of roof surface. 

The snow load varies with the latitude, being about 30 
pounds per horizontal square foot in Northern New England, 
Canada, and Minnesota, about 20 pounds in the latitude of 
New York City and Chica^fo, about 10 pounds in the latitude 
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of Baltimore and Cincinnati, and rapidly diminishes southward. 
On roofs having an inclination to the horizontal of 60 degrees 
or more this load may be neglected, as it might be expected 
that the snow would slide ofif. 

The weight of a roof truss with that of the roof covering 
which it bears is termed the * dead load ' or ' permanent load.' 

For the purpose of securing uniformity in the solution of 
the examples and problems given in this book, the following 
average values will be used, unless otherwise specified : 

For the truss weight — compute from the above formulas. 
For the roof covering — 12 pounds per square foot of roof 

surface. 
For the snow load — 15 pounds per square foot of horizon, 
tal area. 

The weight of the roof covering, and of the snow which 
may be upon it, is brought by the purlins to the joints 01 
• apexes ' of the upper chords. The weight of the truss itself 
IS also generally regarded as concentrated at the same points, 
the larger part of it being actually applied there. At each 
apex of the upper chord there is hence a load called an * apex 
load,' and it may be a * dead apex load ' or a ' snow apex load.' 

In the wooden truss whose outlines are shown in Fig. 
24, let the span be 48 feet, the rise 10 feet, and the distance 

between the trus- 
ses 12 feet. Then 
the length of the 
rafter is i/24'' + 10' 
= 26 feet. Each 
main rafter is di. 
vided into three 
equal parts called 
'panels.' From the formula the truss weight is found to be 
1 670 pounds. The weight of the roof covering on each rafter 




Pig. 24. 
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is26x 12X12 = 3 744 pounds. The weight of the snow sup- 
ported by the entire truss is 48 X 12 X IS = 8 640 pounds. 
The total dead load is I 670 + 2X3 744 = 9 158 pounds, 
and the dead apex loads BC, CD, DD\ D'C\ and CB' arc 
each one-sixth of the total load or i 526 pounds, while AB 
and B'A' are each one-half as much, or 763 pounds. The snow 
apex loads are in like manner i 440 pounds and 720 pounds. 
The apex load is also called the * panel load.* 

If the panels be of unequal lengths, the load at any apex is 
found by considering that the weights brought to it by the 
purlins are those upon a rectangle extending in each - direction 
half-way to the adjacent apexes. 

When the two halves of the truss are symmetrical the reac- 
tions of the supports are equal, each being one-half of the total 
load. When the truss is unsymmetrical, the reactions are 
found in the same way as for concentrated loads on a beam. 
In the above example each dead load reaction is 4 579 pounds 
and each snow load reaction is 4 320 pounds. 

The reaction and the half apex load acting at each support 
produce an effective reaction equal to their diflference. This 
effective reaction is that due to the other apex loads, and 
therefore the half apex loads at the supports may be omitted 
entirely from consideration. The effective reaction for the 
above example is 4 320 — 720 = 3 600 pounds, or by disregard- 
ing the loads at the supports it is one-half the sum of the full 
panel loads, thus, i(5 X i 440) = 3 600 pounds. 

Prob. 23. A wrought iron truss, like Fig. 24, has a span of 
60 feet, rise 14 feet, and distance between trusses 16 feet. 
Find the apex loads and reactions due to dead and snow loads. 

Prob. 24. A wrought iron truss of the above form has a 
span of 90 feet 6 inches and a rise of 18 feet 9 inches, the 
trusses being 18 feet apart. Compute the apex loads and 
reactions. 
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Art. 17. Stresses due to Dead and Snow Loads. 

The wooden truss shown in Fig. 25 has a span of 42 feet, 
rise at peak 14 feet, rise at hip 10 feet 3 inches, horizontal 
distance from hip to peak 12 feet 6 inches, and a distance 
between trusses of 8 feet. 

The lengths of the members BG and EL are each 
f^lj- 10.25" = 13.32 feet, and of CH^xiA DK 4/12.5'''+ 3.75' 
= 13.05 feet. The weight of the truss is found to be 874 
pounds by the formula in Art. 16. The roof covering on 
.6G^ weighs 13.32 X 8 X 12 = I 279 pounds, and on CH is 
13.05 X 8 X 12 = I 253 pounds. The snow load on BG is 
8.5 X 8 X 15 = 1020 pounds, and on CH is 12.5 X 8 X 15 
= I 500 pounds. The apex loads, expressed in pounds, are 
then as follows : 

AB-EF BC^DE CD Total 

Truss, .... 109 218 218 872 

Roof covering, . . 640 i 266 i 253 5 065 

Dead, 749 i 4^4 i 47i 5 937 

Snow, 510 1260 1500 5040 

Each dead load reaction is therefore 2 969 pounds, and each 
snow load reaction 2 520 pounds. 

The truss diagram. Fig. 25, composed of the center lines 
of the truss members, is carefully drawn to as large a scale as 
convenient, each joint being marked by a fine needle point 
and surrounded by a small circle to limit the lines drawn 
toward the point. In the actual construction the diagram was 
drawn to a scale of 3 feet to ah inch, but the above figure 
is reduced to nearly one-seventh of the original size. 

The external forces acting upon the truss are in equilibrium, 
and hence form a closed force polygon (Art. 2). These forces 
being parallel the resulting polygon becomes a straight line, 
which is called the * load line.* 
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Taking first only the dead load and using a suitable scale 
(l coo pounds to an inch was used on the original drawing), the 
apex loads taken in regular order from left to right are laid off 
in succession on the vertical load line af in Fig. 26, thus : the 
distance ab is laid off equal to the load AB or 749 pounds^ 
then be equal to the load 
BC^ and so on. Next 
fm is laid off upward 
equal to the reaction 
FM or 2969 pounds, 

and ma equal to MA^^T^ ^"^^ 

thus closing the polygon. 

Beginning with the 
joint at the left support where the reaction MA and the 
load AB are held in equilibrium by the stresses in BG and 
MG the polygon representing these forces will also be 
closed ; bg is therefore drawn parallel 
to BG and mg parallel to MG. The 
lengths of bg and mg, measured by 
the scale used on the load line, give the 
magnitudes of the stresses in these 
members. To find the character of the 
stresses the direction around the poly- j,< 
gon indicated by the upward reaction 
is followed, that is, from m to a, a to b, 
b to gf and from g to m. Transferring 
these directions to the joint considered, 
the stress in BG acts toward the joint 
and is therefore compression, while that in GM acts away 
from the joint and is tension. 

The stress diagram is continued by passing to the left hip- 
joint and constructing the force polygon bchg to represent the 
stresses in the members meeting at that joint. Next are con. 
stnicted the polygons for the right support, the right hip-join^ 
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and finally for the joint at the peak. The closing line hk 
must be parallel to HK^ and the entire diagram be sym- 
metrical with respect to a horizontal axis through ;//. These 
closed force polygons are drawn for all the joints taken in suc- 
cession because the loads and stresses acting upon each joint 
in the truss are in equilibrium. 

The points /, k^ A, and gy in Fig. 26, may be regarded as 
the poles of the various equilibrium polygons which surround 
the spaces Z, K^ H, and G, in Fig. 25. After the application 
of the principles is fully understood, it is not necessary even 
to consider the entire polygon for any one joint. In deter- 
mining the point A, for instance, which corresponds to the 
space H, it is found that the points g and c corresponding to 
the spaces G and Cy that are adjacent to //, are already fixed 
in position, whence by drawing ch parallel to CH dind gh par- 
allel to GH the point h is obtained by their intersection. 

The method given above for finding the character of the 
stresses requires passing around the perimeter of every force 
polygon contained in the stress diagram, unless the truss and 
its loading are symmetrical, in which case only one half of 
the polygons are so used. The line representing the stress 
in each member must in all cases be traced twice, and if no 
external force acts at any joint the direction of passing around 
the corresponding force polygon must be obtained from the 
character of the stress in one of its connected members already 
found. Thus, for the middle joint of the lower chord the 
stress in GM is known to be tension, and therefore acts away 
from this joint; that is, toward the left. The polygon 
mgkklm must therefore be followed around in the direction 
indicated by the order of the letters here given. 

Another method will now be described by which the 
character of the stress in any member may be determined 
without reference to that in any other member, and by which 
considerable time may be saved. For convenient reference 
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Figs. 25 and 26 are reprinted on this page, a slight addition 
being made to the latter as will be explained, and therefore 
it is marked Fig. 26a. 




Fig. 95. 




Fig. 26a. 



The loads AB, BCy CD, DEy and EF^ and the reactions 
FM and MAy were laid oflf on the load line in Fig. 26a in the 
order just stated; that is, they were taken in regular order 
while passing around the truss in Fig. 25 in the direction of 
the hands of a watch. As an aid in remembering this fact 
the circular arrow is placed aside of the stress diagram. By 
passing in the same direction* around the left hip joint, for 
instance, the letters in the adjacent spaces occur in the or- 
der C'H'G'B'C. The corresponding force polygon has the 
same lower-case letteis at its vertices, and is to be followed 
around so that its letters c-h-g-b-c shall also have the same 
order. When the directions thus indicated, c to A, h to g^ 
etc., are transferred to the joint, ch acts toward it and is 
therefore compression, while hgy acting away from it, is ten- 
sion, and^^ is compression. Again, let it be required to find 
the kind of stress in ML. With reference to the middle joint 
of the lower chord these letters occur in the order Z-Af» 
hence the direction of its stress is from I to m in the stress 
diagram. As this direction is away from the joint, ZJ/must 
be in tension. 
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As it is evident that trusses supported like that in Fig. 25 
have the upper chord in compression and the lower chord in 
tension, whatever the arrangement of the web members may 
be, it usually remains to find only the kinds of stress in the 
web members. In this example they may all be found by 
considering the order of the letters in the web spaces with 
reference to the middle joint of the lower chord, and in any 
other truss having more web members by similarly taking the 
letters in their regular succession with reference to the respec- 
tive joints of one of the chords. Let the student test this 
statement in the next article and observe that the web stresses 
will thus form a connected chain which may be rapidly traced. 
Let the joints of the lower chord be used first, and those of 

the upper chord afterwards, for a com- 
parison of their relative convenience. 

Considering now the polygon chgmabc 
in Fig. 26^, the forces represented by its 
J sides are in equilibrium since the poly- 
gon is closed. Referring to Fig. 25 it 
k is seen that the stresses in CH^ HG^ and 
GM are in equilibrium with the reaction 
MA and loads AB and BC on the left of 
a section cutting these members. But 
chgmfedc is also a closed polygon, hence 
the stresses in the same members are in equilibrium with the 
reaction and loads on the right of the section. Thus is again 
demonstrated the principle that the internal stresses in any 
section hold in equilibrium all the external forces on either 
side of the section (Art. 7). 

The stress diagram for snow load. Fig. 27, is next con- 
structed in a similar manner to that for dead load. As the 
snow loads are here laid off in the reverse order from the dead 
loads, the diagram is situated on the right of the load line 
instead of on the left as in the preceding figure. 
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The lines in all the diagrams are to be drawn with a well- 
sharpened pencil pressed lightly on the paper so as to produce 
a very fine line. As soon as an intersection is obtained it is to 
be marked with a needle point, enclosed with a small circle, 
and designated by the proper letter ; other lines drawn to or 
from that point are not to pass within the circumference of this 
circle. The triangle and straight edge used in drawing parallel 
lines should be so arranged as to require the triangle to be 
moved the shortest distance. Special care is needed to hold 
the pencil at the same inclination from the beginning to the 
end of a line, or the line will not be strictly parallel to the edge 
of the triangle. 

The following results, expressed in pounds, are now ob- 
tained by applying the scale of force to the stress diagrams : 



Truss Mbmbbks. 


BG = EL 


CH^DK 


GM = LM 


GH=KL 


HK 


Dead load stresses. 
Snow load stresses. 


-3860 
-3500 


— 3860 
-3640 


+ 2580 
+ 2340 


+ 1 280 
+ 1310 


+ 750 
+ 600 



When but a slight difference is found between the lengths of 
any pair of symmetrical lines in the stress diagram the average 
of the two is to be used; otherwise the diagram should be 
re-drawn. 

As a final check the stresses in CH are computed (Roofs and 
Bridges, Part I, Art. 5), the lever arm of CH being measured 
on the truss diagram and found to be 7.27 feet. The stress 
due to dead load thus obtained is 3 861 pounds, and that due 
to snow load is 3 640 pounds. 

Prob. 25. The upper chord of a wrought iron truss like Fig. 
24 is divided into six equal panels, the triangle formed by the 
middle panel of each main rafter with the adjacent braces being 
isosceles. The span is 78 feet, the rise 19 feet 6 inches, and the 
trusses are 16 feet 6 inches apart, center to center* Find the 
dead and snow load stresses. 
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Art. 1 8. A Triangular Roof Truss. 

In the wrought iron truss in Fig. 28 the upper chord is 
divided into eight equal panels, verticals are drawn through the 
apexes, and the diagonals slope upward toward the center. 
Let the span be 80 feet, the rise of peak 15 feet, the lower 




chord horizontal, and the distance between adjacent trusses 18 
feet, center to center. 

The main rafter is found to be 42.72 feet, and each panel 
10.68 feet long. The weight of the truss is 9 720 pounds, and 
of the roof covering 18 455 pounds, making the total dead load 
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28 175 pounds. The dead apex load is one-eighth of this 
amount, or 3 522 pounds, and the half apex loads at the sup- 
ports are each i 761 pounds. 

Since the inclination of each panel of the upper chord is the 

same the snow apex loads are equal, each one being 10 X 18 

X 15 = 2 700 pounds. The ratio between any snow apex load 

2 700 
and a dead apex load being = o.*j(^^ the stresses caused 

by the snow load will bear the same ratio to those due to dead 
load, and hence only the dead load stress diagram is required. 

The construction is begun by laying off the load line aa! 
equal to 28175 pounds by scale and bisecting it at n. The 
half apex loads ab and a'b' are next laid off equal to i 761 
pounds and bb' divided into seven equal parts. The reactions 
are a'n and na, closing the polygon of external forces. The 
polygons representing the forces acting at each joint are suc- 
cessively formed, as explained in Art. 17, by beginning at the 
left support, passing to joints alternately on the upper and lower 
chords until the peak is reached, then going to the right support 
and passing from joint to joint until the peak is reached again. 
The last line to be drawn is /'w, which must be parallel to L'M 
and pass through the intersection m of the lines bn and nm. 
The diagram if accurately drawn will be symmetrical with 
respect to nf\ the distances /A, hk^ and km will be equal, the 
points^,/, and /lying on a line parallel to f'b' drawn through 
a point below b' on the load line at a distance equal to ^V. 
Again, eg and c'g' will pass through the intersection k of w/* and 
//'. As a final check the stress in MN may be computed ; thus, 

(14088 — I 761)40 — 3 522(30 + 20 + 10) — 5 X 15=0; 
from which the value of 5 is + 18 784 pounds. 

The scale of this stress diagram should be such that the line 
i^will not be longer than the main rafter of the truss diagram. 
The dead load stresses in the following table were obtained by 
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using scales of 5 feet to an inch and 4000 pounds to an inch. 
The stresses due to snow load are then found by multiplying 
the dead load stresses by the ratio 0.7666. 



Truss Mb.mbbrs. 


Dead Load 
Stresses. 


Snow Load 
Stresses. 


Upper chord, 


■ 

BF 
CG 

EL 


Pounds. 
-35090 
-35090 

— 30080 

- 25070 


Pounds. 

— 26900 

— 26900 

— 23060 

— 19220 


Lower chord, 


FN 
HN 
KN 
MN 


+ 32 870 
+ 28 i8o 
+ 23 480 
+ 18780 


+ 25200 
+ 21600 
+ 18000 
+ 14400 


Braces, 


FG 
GH 

KL 
LM 


- 3520 
+ 5870 

- 5280 
+ 7060 

- 7040 
. +8450 


— 2700 
+ 4500 

-4050 
+ 5410 

-5400 

+ 6480 



Prob. 26. A wooden truss of the type of Fig. 28 has a span 
of 60 feet, rise 15 feet, and distance between trusses 14 feet. 
The upper chord is divided into six equal panels. Find the 
apex loads, reactions, and the dead and snow load stresses in 
all the members. 



Art. 19. Wind Loads. 

The pressure produced by the wind on a roof surface depends 
on the direction and velocity of the wind and on the inclination 
of the roof. The wind is supposed to move horizontally, and 
a hurricane at lOO miles per hour exerts a pressure of probably 
50 pounds per square foot of surface normal to its direction. 
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In determining the stresses due to wind it is often specified 
that the wind pressure shall be taken at 40 pounds per square 
foot of vertical surface. 

While the subject is not fully understood, experiments show 
that the resultant pressure of a horizontal wind on an inclined 
surface may be represented by a normal force varying with the 
roof inclination. The following values deduced from expert* 
ments give the normal pressure per square foot for a horizontal 
wind pressure of 40 pounds per square foot for different inclina* 
tions of the roof surface : 



Incun. 


Nor. Pkbss. 


Inclin. 


NOK. PRXSS. 


Incun. 


Nor. Press. 


s" 


5.1 


25° 


22.6 


45° 


36.0 


10° 


9.6 


30" 


26.5 


50° 


38.1 


15° 


14.2 


35° 


30.1 


55° 


394 


20° 


18.4 


40" 


33.3 


6o» 


40.0 



For all inclinations exceeding 60 degrees the normal pressure 
is 40 pounds per square foot, and for intermediate inclinations 
the pressures are obtained by interpolation. Should the hori- 
zontal wind pressure be assumed lower or higher than 40 pounds 
the normal pressure is to be changed in the same ratio. 

Let it be required to find the wind apex loads for the truss 
whose dimensions are given in Fig. 30. The inclination of AB 
is found to be 50** 
40^ and that of 
£C 16° 40', hence 
from the above 
table the normal 
wind pressures are 

respectively 38.3 ^^^ ^ 

and 15.6 pounds 

per square foot. If the trusses be 12 feet apart the total 
normal wind pressure on A£ is 




Vg.6^ + I i.f X 12 X 38.3 = 6 954 pounds. 
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one-half of which is applied at A and one-half at B^ as shown. 
In the same way the wind upon BC brings at B and C two 
normal apex loads, each of i 407 pounds. 

The two apex loads at B are then combined by means of the 
force triangle, the resultant being 4 711 pounds. 

Prob. 27. Find the wind apex loads for the truss in Fig. 25^ 
using the dimensions given in Art. 17. 




Art. 20. A Truss with Fixed Ends. 

Roof trusses of short span, especially wooden trusses, gener- 
ally have both ends firmly * fixed ' to the supporting walls. The 
reactions caused by the wind pressure are inclined and their 

horizontal c o m- 
ponents tend to 
overturn the walls 
of the building. 

Let the truss in 
Fig. 31 have both 
ends fixed, the span being 40 feet, the rise of peak 10 
feet, the rise of horizontal tie rod 2 feet, and the distance 
between trusses 12 feet. 

O^ The length of the main rafter 

\^ is found to be 22.36 feet, its in- 

^"^ \ clination 26° 34' and the normal 

wind pressure (Art. 19) 23.8 
pounds per square foot of roof 
^d surface. The apex load BC is 

J X 22.36 X 12 X 23.8 = 

3 193 pounds = 3.2 kips» 

the word * kip * meaning i 000 pounds. 

As the sum of all the external forces in the direction of the 
wind loads must equal zero, the reactions are parallel to them» 




Pig. 33- 
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The lines of action of the reactions at the supports being there- 
fore known their magnitudes are determined by the method of 
Art. 8. The results are 4.4 kips for the left reaction, and 2.0 
kips for the right reaction. These may now be checked by 
computation. A perpendicular from the right support to the 
left reaction measures 35.78 feet. The loads AB and CD are 
each one-half of the load BC. Then taking moments about 
the right support, 

AL X 3578 - 1.6 X 3578 - 3-2 X 24.6 - 1.6 X 1342 = o, 

whence AL =4.4 kips. In a similar manner, by taking moments 
about the left support, the reaction DL is found to be 2.0 kips. 
The same result is obtained both graphically and analytically 
by replacing the apex wind loads by their resultant, 6.4 kips, 
applied at the middle of the rafter. 

The stress diagram is begun by drawing ad normal to the 
main rafter and equal to 6.4 kips by the scale of force, while 
ai and cd are each made one-fourth of the length of ad. The 
diagram is then completed in the manner described in preced- 
ing articles. As A and k are found to 

coincide it shows that there is no stress in 
/TAT when the wind blows on the left side 
of the truss. 

With scales of 3 feet to an inch and i 
ton to an inch the results given in the table 
were obtained. As a check the stress in GL 
is computed, the same value being found 
as that given in the table. 

If the wind loads be placed on the right- 
hand side of the truss the corresponding 
stress diagram will be the same as Fig. 32 
when revolved abput a vertical axis, there- 
fore only one stress diagram is required in 
this case. Accordingly the stresses in the members of either 



Members. 


Stresses. 




Kips. 


BE 


-9-36 


CF 


-9.36 


EL 


4-9-76 


GL 


+ 3.36 


EF 


— 3-20 


FG 


-f 6.64 


Die 


-5.58 


DH 


" 5.58 


LK 


+ 4.16 


HK 





GH 


+ 1.04 
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half of the truss when the wind' blows on the right are the 
same as the stresses in the corresponding members of the 
other half of the truss for wind on the left side. For instance, 
the stress in GH is + 6.64 kips and in EF the stress is zero 
for wind on the right. 

Prob. 28. Find the wind stresses in all the members of the 
truss in Prob. 26, both ends being firmly bolted to the walls. 




Art. 21. A Truss with One End Free. 

Changes in temperature cause expansion and contraction in 
iron trusses which if both ends are fixed give rise to certain 
stresses. To avoid these only one end is fastened to the sup- 
porting wall, the 
other being mere- 
ly supported or 
* free,* so that it 
may move hori- 
zontally in the 
direction of the 
^*^- ^- length of the truss. 

The free end may rest upon a smooth iron plate upon 
which it slides, but this arrangement requires too much 
friction to be overcome in the case of heavy roofs, especially if 
the plate becomes rusty. Sometimes it is attached to a rocker, 
as at A in Fig. 33, and often rollers are employed, as shown at 
B. If no friction exists at the free end the reaction there is 
vertical. 

In determining the stresses due to wind when one end is 
fixed and the other free it is necessary to construct two dia- 
grams, one for the wind blowing on the fixed side and the 
other for the wind load on the free side. 

For example, let the truss in Fig. 34 be taken, the span 
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SI 



being 26 feet, rise of upper chord 19 feet, rise of lower chord 
4 feet, and the distance between trusses 15 feet. The web 
members consist of verticals and diagonals as shown, the 
chords being divided into eight equal parts. 

The inclination of the upper chord is the same as that in 
the last article, hence the normal wind pressure per square foot 




Fig. 34* 



is 23.8 pounds, the apex loads BC, CD and DE are 3.8 kips 
each and the loads AB and EF are 1.9 kips each. 

The reaction at the free end being vertical, its value is most 
readily found by computation. Taking moments about the 
left support and considering the total wind load concentrated 
at the middle of the rafter, 

15.2 X 21.24 — FU X 76 = o, whence FU = 4.24 kips. 

In Fig. 35 let af be drawn perpendicular to the loaded 
upper chord and made 
equal to 15.2 kips; ab 
and ef are then laid 
off equal to 1.9 kips 
each, and be divided 
into three equal parts. 
The vertical reaction 
next drawn 



u 



is 




equal to 4.24 kips, and 

as the other reaction must close the force polygon, ua repre- 



Pig. 35. 
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sents tbe magnitude and direction of the reaction UA at the 
fixed end. 

The student should notice particularly that it is not possible 
for the reaction at the fixed end to be parallel to the wind 
loads when one end rests on rollers. 

The stress diagram is constructed in the usual manner by 
beginning with the forces acting at the left support, and passing 
to joints alternately on the upjper and lower chords. After 
the joint DENML is reached the forces at the peak are taken 
instead of passing to the central joint of the lower chord. The 
force polygon for the peak is nefon^ the point o being deter- 
mined by it. Now passing to the joint below the peak the 
corresponding force polygon requires a parallel to UP to be 
drawn through u^ and a parallel to OP through o. It is found 
however that the former parallel passes through o^ thus closing 
the polygon and reducing op to zero. But uo, ofy and fu form 
a closed force triangle which indicates that O belongs to the 
entire space between the chords in the right half of the truss ; 
therefore in this part of the truss each chord has the same 
stress in every panel and no web member is stressed when the 
wind blows on the opposite side. 

The same thing may be shown in a different manner by be- 
ginning at the right support where the reaction FU is held in 
equilibrium by the stresses in UT and FT. The force triangle 
ftw represents this relation, uo being the stress in UT and fo 
that in FT Passing to the next joint on the upper chord it is 
required to draw a triangle two of whose sides shall be parallel 
to the straight upper chord and the third side parallel to ^T*. 
This causes the two sides to coincide and the third side to 
disappear, hence the stress in FS equals that in FT and the 
stress in ST is zero. The same conditions occur at eack 
joint on the upper and lower chords to the right of the 
middle of the truss. 
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If the stress diagram be accurately drawn, the point m 
marks the intersection of ch, ug, Im, and nm. The points g, //, 
/, and n will lie in a straight line and be equidistant. 

When the wind blows upon the free side of the roof, as in 
Fig. 36, the apex loads are the same as before, and the reaction 




Piff. 30. 

FU equals 9.36 kips. Ahtr fa in Fig. 37 is laid ofI,/« is 

drawn vertically equal to 9.36 kips by scale, its length being 

the same as uv in Fig. 35. In this stress diagram which is 

completed similarly to 

Fig. 35, an represents the 

stress in the upper chord, 

and un that in the lower 

chord, of the left half of 

the truss. The braces on 

the left of NO are not 

affected by the wind on 

the right. fJb- 37. 

The actual construction of the diagrams for this example 
was made to scales of 6 feet to an inch and 4 kips to an inch, 
and the results are shown in Figs. 38 and 39. The stresses are 
marked on the skeleton truss diagrams for convenient compari« 
son, the members in compression being indicated by heavy 
lines and the tensile members by light lines. The checks by 
computation give —12.02 kips for the stress in FOy Fig. 34, 
and —10.00 kips in ANy Fig. 36. 
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It is seen that greater stresses are produced in the chords 
except EN, and in the center vertical when the wind blows on 
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the fixed side, while the stresses in the braces to the windward 
with the exception of NO, are the same for the wind blowing 
on either side. 

The reactions may also be obtained graphically. The direc- 
tion of the reaction at the fixed end is unknown, but its line of 
action passes through the joint at that end, hence the equilib- 
rium polygon should be drawn from that joint to a vertical 
through the support at the free end. The ray drawn parallel 
to the closing line will then intersect the vertical through f at 
the point u. 

Prob. 29. Determine the reactions for the example in this 
article by the equilibrium polygon. 

Prob. 30. Find the wind stresses for the truss in Fig. 28, 
using the dimensions given in Art. i8. The right end is to rest 
on rollers. 

Art. 22. Abbreviated Methods for Wind Stress. 

When the lower chord is horizontal the stresses in the main 
lafter either to the windward or to the leeward are the same 
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for the wind blowing either on the fixed or on the free side. 
The difference between the stresses in the horizontal chord 




under the two conditions equals the horizontal com- 
ponent {av, in Fig. 35) of the wind loads, the tension being 
less when the wind blows on the free side. In such a case, 
then, only one wind 
stress diagram is really 
needed. 

Even if the lower 
chord is raised, a few 
additional lines on the 
diagram for wind on ^' 
the fixed side render 
the other diagram un- 
necessary.. The full 
lines in Fig. 42 are simply a copy of Fig. 35 and the truss 
diagram in Fig. 40 is lettered to correspond, the rollers being 
at the right support. Now supposing the wind loads to remaia 




FIc.4^ 
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unchanged and the rollers to be transferred to the left support, 
the corresponding stress diagram is that shown in broken lines. 
This relation of the wind loads, the truss, and the rollers is 
illustrated in Fig. 41. 

Let a horizontal line be drawn through u until its meets the 
vertical through a at u\ and join «' with f and a thus giving 
the new reactions fu' and u'a. Let u'x be drawn parallel to 
ig meeting ug at x, and u'y parallel to fo meeting uo at y. The 
line joining x and y will be parallel to tw. 

The stresses in the main rafter are changed when the rollers 
are transferred to the left support by the amount gg' = //A' == 
W = nn' = u'x = u'y = oo\ those in the lower chord are changed 
by ux = uy^ and that in NO by xy, while the remaining stresses 
are unaltered. 

Applying the scale, u'x and u'y are each found to be 2.04 
kips, the difTerences ux and uy are each 8.66 kips and xy meas- 
ures 1.80 kips. In the following table the first line contains 
the stresses obtained from Fig. 35, and after subtracting the 
changes of stress, the same results are obtained as those derived 

from Fig. 37: 

STRESSES FOR WIND ON THE LEFT. 



Truss Mf.mbbrs, . 


BG 


CH 


DL 


EN 


FO 


1 UG 

27.0 
8.7 


UK 


UM 


UO 


NO 


Rollers on right, . . 
Changes in stresses, . 


1 23.4 

1 2.0 
21.4 


19.3 
2.0 


15.2 
2.0 


II. z 

2.0 


12.0 
2.0 


21.6 
8.7 


16.2 
8.7 


za8 
8.7 


8.6 
1.8 


Rollers on left. . . 


17-3 


13-2 


9.0 


10.0 


18.3 


12.9 


7-5 


2.1 


6.8 


Truss Membbrs, . 




BG' 


CH' 


DL' 


EN' 


FO' 


UG 


U'K' 


U Ai 


UO' 


NO' 



For any other type of truss the changes are likewise easily 
obtained. When the middle panel has a horizontal tie as in 
the example given on Plate I, the form of the auxiliary polygon 
u^xzy is somewhat different from the preceding one and the 
change for the horizontal tie is measured from k to z. The 
following measurements were obtained from the original dia- 
gram which was made with a scale of 4 kips to an inch ; u'x^ 
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«'y=i.76 kips, fcc=^y = 8.58 kips, ^=8.34 kips, and 
JC2 = y2 = o. 80 kip. 

Prob. 31. Prepare a table of wind stresses similar to the 
above for the example given on Plate I. 

Prob. 32. Find the wind stresses for a wooden truss like 
Fig. 34 whose span is 74 feet, rise of peak 19 feet, the lower 
chord being horizontal and the trusses 16 feet 3 inches apart. 

Art. 23. Complete Stresses for a Triangular Truss, 

On Plate I are given the dimensions of a wrought iron roof 
truss together with the specified loads. The struts are normal 
to the rafters as shown on the skeleton outline of the truss. 
All the diagrams required to determine the stresses due to dead, 
snow, and wind loads are shown, and are constructed in the 
manner explained in the preceding articles of this Chapter. The 
stresses as measured by scale (2 tons to an inch on the original) 
are arranged in tabular form. 

The preliminary computations give the following results : 

Length of rafter, 41.15 feet. 

Weight of truss, 7.70 kips. 

Weight of roof covering, • • . 16.30 kips. 

Total dead load, 24.00 kips. 

Dead apex load, 3.00 kips. 

Dead load reaction, • . . 12.00 kips. 

Snow apex load, 2.28 kips. 

Ratio of snow load stresses to dead load stresses, . 0.76. 

Inclination of roof surface, 25^57'. 

Normal wind pressure per square foot of roof, 23.3 pounds. 

Total wind load, 15.84 kips. 

Wind apex load, 3.96 kips. 

Horizontal component of total wind load, . . • 6.94 kips. 

Vertical component of total wind load, . . . • 14.24 kips. 

Reaction at free end for wind on fixed side, . • 4.40 kips. 

Reaction at free end for wind on free side, . . 9.84 kips. 
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The reactions are obtained graphically as follows : Supposing 
both ends of the truss to be fixed, the reactions due to wind 
on the left side are au and ua in the stress diagram marked 
* wind on fixed side/ They are obtained by the method of 
Art. 8. The pole is at o and the equilibrium polygon is rst, the 
wind apex loads being concentrated at apex 2. But since the 
right end of the truss rests on rollers the reaction AK of the 
right support is vertical and is represented by the line ak or 
the vertical component of au. The closing side ka of the 
force polygon represents the reaction of the left support. Ap- 
plying the scale the value of ak is found to be 4.4 kips, which 
is also the value of the vertical component of the reaction of 
the left support when the wind blows on the right side. 

In order to design a member for the range of stress (Me- 
chanics of Materials, Art. 137), it is necessary to know the 
minimum stress as well as the maximum stress to which it is 
subjected by the combined loads. As the dead load always 
acts its effect must be included in finding both the minimum 
and the maximum stresses. Snow load always produces stresses 
of the same kind as the dead load when the rafters are straight, 
and hence is used only in obtaining the maximum. As the 
wind cannot blow on more than one side of the roof at the 
same time, only one of the wind stresses is to be combined with 
the dead, or with the dead and snow load stresses. In the 
present example, all the stresses in any member are either 
tensile or compressive, hence the minimum equals the dead 
load stress and the maximum equals the sum of the dead, 
snow, and larger wind load stresses. The stresses in the table 
on Plate I are given in net tons, and these may be transformed 
into kips, or thousands of pounds, by multiplying by 2; The 
student should make the table in kips for his given data. 

It is seen from the table that the maximum chord stresses • 
are greater on the fixed side than on the free side, while the 
maximum stresses in the bracing are the same on both sides. 



Art. 28. 



Plate I. 



:f Truss. 



Weigltt of wroufht iron tnm. see formufaL 
Roof covering^, la pound* per square foot of roof turfice. 
Snow load. 1 5 pounds per iiquare foot of horisontti projection. 
Wind load. 40 pounds per square foot of vertical projecdon. 



ScALt or Fncr 




UTMO. »Y CHAS. HA«T, M VESCY ST. N.Y. 
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Prob. 33. A wrought iron truss of the type shown in Fig. 28 
has a span of 76 feet, rise of peak 18 feet, and rise of tie 
MN % feet. The trusses are 16 feet 6 inches apart, their right 
ends resting on rollers. Find the maximum and minimum 
stresses in all the members. 



Art. 24. Complete Stresses for a Crescent Truss. 

In the crescent truss whose outline and general dimensions 
are given on Plate II the joints on both the upper and lower 
chords lie on arcs of circles, and the alternate braces are radials 
of the upper circular arc. 

The following dimensions and apex loads are obtained either 
graphically or by computation, and in some cases by both 
methods, one being a check on the other : 

Radius of circle containing the joints of the upper 

chord, 51*25 feet. 

Radius of circle containing the joints of the lower 

chord, 99.06 feet. 

Length of panels on the upper chord, . . • . 1 1.08 feet. 

Weight of truss, 8.24 kips. 

Weight of roof covering, 17-04 kips. 

Total dead load, 25.28 kips. 

Dead apex load, ....••.••.•• 3.16 kips. 

Dead load reaction, 12.64 kips. 

Horizontal projection of panels of upper chord, 

8.04, 9.44, 10.53, 10.99 f^^t* 

Snow apex. loads, . . . 0.96, 2.10, 2.40, 2.58, 2.64 "kips. 

Snow load reaction, 9.36 kips. 

Inclinations of roof surface, . 43° 20', 31** 05' 18^ 30', 6° 10'. 

Normal wind pressures per sq. ft., 35.2, 27.3, 17.2, 6.2 pounds. 

Total wind loads on the panels, . 6.24. 4.88, 3.04, 1.08 kips. 

The dead load stress diagram is constructed in the same way 
as in previous examples, and is symmetrical with respect to a 
horizontal axid through k. As the snow apex loads are not 
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uniform a separate diagram for stresses due to snow loads is re- 
quired, and this one is also symmetrical with respect to a hori- 
zontal axis through k. 

The wind apex loads are next obtained by combining half of 
the wind loads on the panels adjacent to each apex as illus- 
trated in Art. 19. On the truss diagram in Plate II the wind 
apex loads are drawn to double the scale of tons in order to 
determine their directions with greater precision. The reac- 
tions are then obtained by means of the equilibrium polygon 
(Arts. 6, 8, and 21). The ray ou\ parallel to the closing side of 
the polygon, intersects the resultant of the wind loads aua at 
the point u' giving au' and ti'a as the reactions of the right and 
left supports if both ends of the truss were fixed, but as the 
right end is free its reaction ak is vertical and equal to the 
vertical component of ati'. The load line for wind on the free 
side is obtained from that for wind on the fixed side by revolv- 
ing it about a vertical axis, which operation may be conveniently 
performed by means of a piece of tracing paper. The point «" 
in this diagram is the same as u' in the preceding one, hence 
only one equilibrium polygon is required. The reaction ka 
of the right support is the vertical component of u'^a. 

It is observed that when the wind blows on the free side of 
the truss, it causes compression in the lower chord from KH' 
to the left end. The stresses in the upper chord are also con- 
siderably less than for wind on the fixed side, and if the rise 
were a little greater it would cause tension in one or more 
panels near the left support. 

The truss diagram for this example should be twice as large 
as that on Plate II so that no line in any stress diagram would 
be longer than the truss member to which it is parallel. This 
relation was here disregarded as the limited size of the plate 
would have reduced the stress diagrams to indistinctness. 

Unless special care is exercised in drawing the wind stress 
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diagrams they will not close. In all cases the work should 
proceed from each support toward the center of the truss. 

Upon the completion of the stress diagrams their lines are 
measured by the scale of force, the stresses arranged in a table 
and the maximum and minimum stresses found by taking the 
algebraic sum of dead, snow and larger wind stress for each 
member. For instance, the maximum stress in KD is + 21.6 
+ 17.0 + 19.4 = + 58.0 kips, and its minimum stress is + 21.6 
— 7.2 = + 14.4 kips. The maximum stress in GH is — 0.2 
+ 4.6 = + 4.4 l^ips and the minimum stress in the same mem- 
ber is — 0.2 — 0.2 — 3.4 = — 3.8 kips. In the table of Plate II 
stresses are given in net tons, one ton being two kips, but the 
student should preferably use kips. 

Prob. 34. Find the maximum and minimum stresses in all 
the members of Fig. 30, the right end resting on rollers. 

Art. 25. Ambiguous Cases. 

When, in the determination of the stresses in the Fink 
truss shown in Fig. 43, the joint at the middle of the rafter is 
reached the load BC and the stresses in BG and GHarG known, 
leaving three stresses unknown, namely, those in CZ, LK, and 
KH. As the resultant of the load and the known stresses can- 
not be resolved into more than two given directions, another 
condition needs to be added. 

If the loads AB and CD be equal, as in this exanxple, the 
symmetrical relation of GH a.nd ZAT causes them to have equal 
stresses and therefore /^ and /m lie in the same straight line 
parallel to M. The polygon hgbclkh is then readily completed. 
If the loads AB and CD be unequal, the panels remaining equal 
on the upper chord, the polygon may be drawn by noting that 
the point k must lie midway between the parallels cl and dm. 
This follows from the fact that LM is normal to the upper 
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chord and that KL and MN are of equal length and make the 
same angle with LM as well as with the upper chord. The tri- 
angle Ihn is hence an isosceles triangle. 

If CL and DM be of unequal lengths then both of these 
methods fail. A general solution of this problem was given by 




WiLLETT in a paper read before the Chicago Chapter of the 
American Institute of Architects, March 22, 1888, which con- 
sists in temporarily changing the webbing of the truss. 

Let the braces KL and LM be removed and the diagonal 
K'M be substituted as shown in Fig. 44. The load BC and 
the stresses in BG and GH being known, those in HK' and 
K"C are found from the polygon hgbck'h in Fig. 45. For 
the next apex on the upper chord the polygon is k'^cdmk'y the 
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line mk' being the unknown stress thus determined Passing 
to the ]omt' HK'MNE where three stresses are now known, 
the polygon ehk'mne gives the unknown stresses mn and ne. 
As the line mn is now fixed, the original webbing is restored 
and the remaining parts of the stress diagram drawn ; hk!' is 
produced to meet mn at 

kj and kl and ml are rv-^""^ r' 

drawn parallel to KL and 
ML respectively to meet 
ck' produced at /. 

The remaining half of 
the diagram is not shown 
in Fig. 45. If each half of the truss and the loading upon it 
be equal to the other, the complete stress diagram will be 
symmetrical with respect to a horizontal axis through e. 

In the truss whose outline is given in 
Fig. 46 it is not possible to begin the 
stress diagram by considering the forces 
acting at the left support, since three 
unknown stresses hold in equilibrium ^ 
the known reaction and half apex load. 

At the peak the load CC is sup- 
ported by two members whose stresses 
are c^e and ec in Fi^. 47. The quad- 
rilateral bced gives the stresses in the members meeting at 
the joint BCEDy and dVde gives those for the corresponding 
joint in the right half of the truss. Passing to the joint below 
the peak the stress polygon is found to be ded!f. For the 
left support the reaction, half apex load, and the stresses bd 
and df are known, but one stress remains unknown* 
As equilibrium exists at this joint the polygon must be 
closed by the line fg^ which is also to be parallel to FG. 
This completes the diagram, and by following around the 
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polygons all the stresses are found to be compression except 
fg^ which is tension. 

Suppose the tie FG to be omitted. Each reaction must 
then be inclined in order to maintain equilibrium, its horizon- 
tal component being equal to fg. The reaction of the right 
support is therefore a'f (not drawn) and that of the left 
support fa, 

Prob. 35. Find the dead load stresses in the wooden truss 
of Fig. 48, the span being 36 feet, the rise 12 feet, and the dis- 
tance between trusses 12 feet. Then find the 
stresses for a truss like Fig. 46 of the same 
p. dimensions and compare the results. 

Prob. 36. A wooden truss like Fig. 49 has a span of 48 feet 

and a rise of 12 feet, both ends being 
fixed. Find the maximum and min- 
imum stresses, the trusses being 14 
Fig. 49. feet apart. 





Art. 26. Unsymmetrical Loads and Trusses. 

In mills and shops, loads are frequently suspended from the 
lower chords of the roof trusses, as for instance, lines of shaft- 

ing, etc. In such cases it 
is convenient to determine 
the stresses due tp the loads 
by means of a separate dia.- 
gram, as illustrated in Fig. 
50. The load AB produces 
no stress in DE or GH^ while 
it causes stresses in the other 
members of the same kind as 
those due to dead, snow, and 
p,p jj^ wind loads, ana hence their 

maximum stresses are increased. In special cases such suft» 




Art. 26. UNSYMMETRICAL LOADS AND TRUSSES. 



65 



pended loads may even change some maximum stresses due to 
the other loads from compression to tension or from tension 
to compression. 

When a ceiling is attached to the lower chord it becomes 
a part of the dead load and needs no separate diagram. It is 
combined at once with the other loads in the dead load 
diagram, all the loads and reactions being taken in regular 
order around the truss and 
laid off on the load line, 
some portions of which 
will be found to overlap. 

It was formerly the prac- 
tice in England to find the 
effect of the wind on roof 
trusses by taking vertical 
loads of 20 pounds or more 
per square foot of horizon- 
tal projection, acting upon 
one side of the roof. Fig. 
51 shows a truss under 
such loads and the resulting stress diagram. It is observed 
that the stress thus caused in BF is greater than that in CG^ 
while under normal wind loads they are equal. 

In Fig. 52 is given an unsymmetrical truss under the action 
of dead load. The stress diagram is hence unsymmetrical and 
has also fewer checks upon its construction. The main check 
however still remains, which requires that after working from 
each support toward the peak the closing line op shall be par- 
allel to the member OP. To determine the stresses in an un- 
symmetrical truss by the analytic method materially increases 
the labor of computation required for a symmetrical truss, but 
with the graphic method it makes no difference whatever lor 
any type of truss. 
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Prob. 37. Let the load AB in Fig. 50 be 5 000 pounds, and 
the dimensions of the truss the same as given in Art. 20. 
Find the stresses in all the members. 




Fig. 51. 



Prob. 38. Find the wind stresses for the same truss under a 
vertical wind pressure of 20 pounds per horizontal square foot, 
and compare the results with those obtained in Art. 20. 
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CHAPTER III. 

BRIDGE TRUSSES. 

Art. 27. Loads on Bridge Trusses. 

The weight of the floor, lateral bracing, trusses, and all the 
pieces that unite and stiffen them, compose the dead load of a 
bridge. This weight depends upon the span, width, and style 
of the bridge, and upon the live load and unit stresses adopted 
in its design, and varies considerably in individual cases ; it is 
usually lighter for a highway bridge than for a railroad bridge. 

The total weight or dead load of a highway bridge with two 
trusses may be expressed approximately by the following em- 
pirical formula : 

^w = 140 + 12^ + o'2W — 0.4/, 

in which tv is the weight in pounds per linear foot, i the width 
of the bridge in feet (including sidewalks, if any), and / the 
span in feet. The width of a highway bridge in the clear varies 
from 16 to 24 feet, which is only exceeded in large cities. 

The following formulas for estimating the weights of 
bridge^ are taken from Design of Steel Bridges by F. C. 
KUNZ, published in 191 5. For ordinary country highway 
bridges with riveted trusses, with spans not exceeding 200 feet, 
a width of roadway from 12 to 20 feet, and without sidewalks, 

w= (0.12/+ 12) (1.6 — 0.036)6, 

in which w is the weight in pounds per linear foot for the 
steel only. To this must be added the weight of the plank 
flooring. If sidewalks with steel joists are used, the weight 
of steel is to be increased by about 12 pounds per square foot 
of sidewalks. Through truss bridges with open-tie flooring, 
carrying exclusively electric cars weighing 30 tons each on a 
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single track, have an approximate weight per linear foot for 
steel only, oi w = 2i-\- 200. The following formulas give 
the weight of steel per linear foot for single track through 
railroad bridges with riveted or pin-connected trusses, and 
without end floorbeams, designed for Cooper's E50 loading 
(see Art. 39), in accordance with the standards of the American 
Bridge Co. for 1902 : 

w = 7/ + 640 for single track ; 
w= 14/ + 1200 for double track. 

To the weights thus obtained it is necessary to add from 350 
to 450 pounds per linear foot for the weight of the ordinary 
open deck for each track. The weight of a ballasted deck is 
somewhat larger. When end floor beams are used, the total 
weight of the span is to be increased by 5 000 pounds for a 
single-track, and by 16000 pounds for a double-track bridge. 
The corresponding formula for a single-track through truss 
bridge without end floor beams designed in accordance with 
the 1908 standards of the Pennsylvania Steel Co., with spans 
not exceeding 200 feet, is 7«; = 9/ + 410. 

In a volume on Steel Railway Bridges by Edward C 
DiLWORTH, published in 191 6, are given diagrams for the 
weights of simple-span truss bridges designed in accordance 
with the specifications of the American Railway Engineering 
Association, 191 2, with drawings showing details, and tables 
giving weights of the steel ; the weights are in accordance 
with the following formulas : 

7^ = (/ -}- 40)/a, for single-track deck bridges, 

w = (J + 45)/<x, for single-track through bridges, 

^ = (/-f- 8s)/a, for double-track deck and through bridges, 

in which w is the weight of steel in pounds per linear foot of 
span, including end floor beams and shoes, / the length of 
span in feet, and a a constant depending upon the type of 
truss bridge and loading. Values of a are given in the follow- 
ing table : 
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Live. Dbck Riveted Trusses. Through Riveted Trusses. Through Pin Trusses. 
Load S.T. D.T. S.T. D.T. S.T. D.T. 

E40 0.108 0.0701 o. 115 0.0730 0.1265 0.0805 
E50 0.094 0.0610 o. 100 0.0635 O.I 100 0.071 1 
E60 0.084 0-0545 0.089 0.0567 0.0981 0.0625 

Note.— S. T. ^Single Track, and D.T. -Double Track. 

If struts are used instead of end floor beams, the following 
deductions are to be made from the total weight of a through 
span: Single-track riveted, 6000 pounds; double-track riveted, 
1 5 000 pounds; single-track pin, 9000 pounds; double-track 
pin, 16000 pounds. 

An elaborate set of diagrams for the weights of steel per 
linear foot of span is given in Chap. LV of Bridge Engineer- 
ing by J. A. L. Waddell, published in 1916. These weights 
are for simple truss bridges with single or double track, under 
Waddell*S new standard live loads, with riveted or pin-con- 
nected trusses of the Pratt or Pennsylvania (Pettit) types. 
For each type of truss separate diagrams are given for the 
weights of steel in the floor system, the lateral systems, the 
trusses, and the metal on piers respectively, as well as for the 
total weight of metal per foot of span. 

Other formulas relating to the dead load or weight of 
bridges may be found in Roofs and Bridges, Part I, Art. 20. 

The live load is that which passes over the bridge, and 
consists of wagons, automobiles, motor trucks, and foot pas- 
sengers on highway bridges, and of trains on railroad bridges. 

The Massachusetts Public Service Commission in 191 5 
adopted the following live loads for highway bridge trusses 
which carry electric railways. For bridges intended for pas- 
senger cars the trusses shall be proportioned to carry on each 
track a train of two double-track cars coupled together. Each 
car shall be assumed to^weigh, when loaded, 50 tons, and to 
have a total wheel base of 25 feet, and a wheel base for each 
truck of 5 feet. The length of each car shall be taken as 40 
feet. For bridges over which it is intended to operate stand- 
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ard steam railroad freight cars, or express or other cars weigh- 
ing more than 50 tons when loaded, the weight of each car 
shall be taken as 75 tons when loaded. 

In addition to the electric cars the Commission specifies 
that the following moving loads are to be assumed upon the 
highway bridge floor: (a) For city bridges, subject to heavy 
loads: 100 pounds per square foot of floor surface for spans 
of 100 feet or less, and 80 pounds for spans of 200 feet or 
over, and proportionally for intermediate spans. This uniform 
load is to be taken as covering the floor up to within two feet 
of the rails, (b) For suburban or town bridges, or heavy 
country bridges: 80 pounds per square foot of floor surface for 
spans of 100 feet or less and 60 pounds per square foot for 
spans of 200 feet or over, (c) For light country highway 
bridges: 80 pounds per square foot of floor surface for spans 
75 feet or less and 50 pounds for spans of 200 feet or more. 

The live loads usually assumed for highway bridges which 
do not carry electric railways are as follows, in pounds per 
square foot of floor surface: 

Spans under 50 feet, 
Spans 50 to 125 feet, 
Spans 125 to 200 feet, 
Spans over 200 feet. 

This maximum load consists of a dense crowd of people cover* 
ing the roadway and sidewalks, and as there is less liability 
to crowds on long spans as compared with short spans, and 
for country bridges as compared with those in the city, the 
load is varied accordingly. Each truss supports one-half of 
the whole load. 

By multiplying the given weight per square foot by the clear 
width of roadway and sidewalks the live load per linear foot of 
bridge is obtained. This load is to be placed so as to produce 
the largest possible stress in any truss member considered. 
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The above loads for highway bridges apply to the deter- 
mination of stresses in the trusses only. For the floor beams 
and stringers concentrated loads due to road rollers, traction 
engines, or hea\y motor trucks should be used. 

The live load for a railroad bridge is that of the heaviest 
cars and locomotives which pass, or are to pass over it. When 
a bridge is to be designed these loads are generally specified 
by the railroad company. In a paper entitled Rolling Loads 
on Bridges, by J. E. Greiner, published in Proceedings of 
American Railway Engineering Association, 1914, vol. 15, 
part 2, page 233, the live loads specified by 39 American Rail- 
roads are tabulated. Of these all except the Pennsylvania 
Lines west of Pittsburgh use a system of locomotive axle load- 
ings like those described more fully in Art. 39. In 191 7, the 
Pennsylvannia Lines are using a uniform live load per track of 
5 500 pounds per linear foot, with one excess load (Art. 38) 
of 66 000 pounds; this load is 10 percent heavier than that 
specified by the Pennsylvania Lines in 1906. 

If the bridge have only one track each truss sustains but 
one-half the loads above given, but if it have two tracks each 
truss may sustain the loads as stated. 

Art. 28. Dead Load Stresses. 

The principle of the force polygon used in the last chapter 
for the determination of stresses in roof trusses may often be 
advantageously employed for the analysis of bridge trusses. 

As an illustration let a through Pratt truss for a highway 
bridge be taken, having 8 panels, a span of 176 feet, and a 
depth of 26 feet. Let the bridge have a roadway 21 feet wide 
and two sidewalks each 6 feet wide. By the formula in Art. 
27 the dead load per linear foot of bridge is found to be i 627 
pounds, and the dead panel load per truss is 8.95 short tons. 
It is required to determine the stresses due to this dead load, 
all being supposed to be on the lower chord. 



79 



BRIDGE TRUSSES. 



Chap. IIL 



In Fig. 54 let qy be laid off by scale equal to 8.95 X 7 = 62.65 
tons, let it be divided carefully into 7 equal parts, lettered in 
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Fig. 54. 



the manner indicat- 
ed and bisected at 
a. The effective 
reactions are ya 
and aqy the half 
panel loads at the 
supports being 
omitted for conven- 
ience. At the left 
support the reac- 
tion AQ is held in 
equilibrium by the 
stresses in QB and 
BAy and by Art. i 
these will form the 
closed force trian- 



gle aqd. As aq acts in the direction from a to q the other 
forces must act in the same direction around the triangle, that 
Ks, from q to 6 and from 6 to a. Transferring these directions 
•to the joint AQB the stress in QB acts away from the joint and 
is therefore tension, while the stress in BA acts toward the 
joint and is compression. The construction of the stress 
diagram is continued by passing to the joints alternately on 
the lower and upper chords until the middle of the truss is 
reached, then beginning at the right support and passing to the 
joints in the opposite direction until the diagram closes. If 



Art. 28. 



DEAD LOAD STRESSES. 



71 



accurately drawn the diagram will be symmetrical with 
respect to ah. The polygon qrcb being a rectangle shows 
the tension in CB to be equal to the load QR^ and the 
tension in RC to be equal to that in BQ. The rectan- 
gle esad shows the stresses in AD and ES to be equal in 
magnitude, the former being compression and the latter 
tension as previously determined. Again, af equals gt for 
a similar reason. It is seen therefore that the stresses in any 
two chord members whose adjacent spaces are separated only 
by a vertical have the same magnitude. 

The compression in the upper chord increases toward the 
middle of the truss, and the same is true of the tension in the 
lower chord. The diagonals are all in tension but AB, while 
the verticals are all in compression but BC. In the web mem- 
bers the stresses increase from the middle toward the ends of 
the truss, with the exception of BC, which only serves to trans- 
fer the load QR to the upper chord. 

The following results were obtained from a stress diagram 
drawn to a scale of 8 tons to an inch : 
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As a final check the stress in AH is computed thus : 

31.325 X88-8.95(66 + 44+22) + ^/rX26 = o, 
whence AH= -- 60.6 tons. 

If instead of concentrating all the dead load on the lower 
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chord, it be divided so that panel loads of 2.95 tons be applied 
on the upper chord and 6.0 tons on the lower, the stress dia- 
gram assumes the form shown in Fig. 56, the broken lines re- 
ferring to stresses in the right half of the truss. The loads and 

^ r^ r>f, ^^ reactions are 

C A D UfdcSi ';6.8 I 4S-4 i 

taken m regular 

order around 
the truss and 
laid off in suc- 
cession on the 
load line. The 
lower panel 
loads are taken 
from left to 
right, then the 
right reaction 
followed by the 
panel loads on 
the upper chord 
from right to 
left, and finally 

the left reaction which closes the polygon. This polygon is 
ifgJMg'f'e^a'b'c'd'dcbae. The stresses obtained are marked on 
the right half of the truss diagram, compression being indicated 
by the heavy lines and tension by the light lines. 

Comparing Fig. 56 with Fig. 54 it is observed that all the 
stresses are the same except those in the verticals whose com- 
pression is increased by 2.95 tons — the weight of the upper 
panel loads. The tension in KL is accordingly diminished by 
the same amount. 

A further examination of Fig. 56 shows that the vertical 
component of ak is ae^ the reaction ; the vertical component 
of Im is ae — ef—ba', mn=^ ae ~- ef--fg — ba\ and so on* 
Therefore the following principle is established : 
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For trusses with horizontal chords the vertical component 
of the stress in any web member equals the reaction 
minus all the loads on the left, that is, equals the verti- 
cal shear for that member. 

The only exception to this is the vertical KL for reasons 
already given in the first part of this article. The above prin- 
ciple may be derived from the relation existing between the 
stresses in any section of a truss and the external forces on 
either side of that section as demonstrated in Arts. 7 and 17. 

The diagram also shows that the difference between the 
magnitudes of the stresses in any two chord members equals 
the sum of the horizontal components of the stresses in the 
web members situated between them. For instance, the dif- 
ference between hp and gn is the horizontal component of nOy 
which also equals the difference between co and gn or between 
ph and bm. The horizontal component of any diagonal is 
called a chord increment and forms the base of a right triangle 
whose height is the vertical shear in that diagonal. (Roofs and 
Bridges, Part I, Art. 26.) 

Prob. 40. A through Pratt truss of a single track railroad 
bridge consists of 7 panels, each 23 feet 2 inches long and 25 
feet deep. One-third of the dead load being on the upper 
chord, find the stresses in all the members. 

Art. 29. Live Load Stresses in a Warren Truss. 

As every load placed upon a bridge truss produces com-i 
pression in the upper chord and tension in the lower chord, 
the greatest chord stresses produced by a live load occur when 
every panel point of the chord supporting the floor beams is 
loaded. The chord stresses due to a uniform live load are 
hence obtained from a diagram exactly similar to that for a 
dead load applied only upon one chord. Hence the stress in 
any chord member, due to a uniform live load, bears the same 
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ratio to the dead load stress as that of the corresponding apex 
loads, and accordingly either stress may be derived from the 
other by using this constant ratio. 

In order to investigate the effect of live load on the web 
members, let a deck Warren truss of 7 panels be taken, the 
span being 126 feet, the depth 12 feet, and the live load i 700 
pounds per linear foot per truss. The live panel load is then 
15.3 tons. 

Placing a panel load at apex i in Fig. 57, the stresses due 
to this single load are obtained by drawing Fig. 58 in the usual 

A i » ^ 4 /i 6 At 




K^ ■ ' ^ ^ IC 

Fig. 57. 

manner. The reaction a'k is one-seventh of the panel load. 

The stresses in the braces are found to be alternately compres- 
sion and tension each way from the 
load, and on either side the stresses 
are the same in magnitude from 
the load to the support, their ver- 
tical components being equal to 
the reaction on that side. 

For a panel load at apex 2 the 

reaction of the right support will 

be twice as great as for the load 

tf' at I, and hence the stresses in all 

« 

^y the braces on the right of apex 2 
will also be twice as large ; for a 
load at apex 3 the stresses on its right will be three times as 
great as for the load at i, and so on. Again, a panel load at 
apex 6 will produce the same stresses on its left as the load at I 
caused on its right, and a load at 3 will produce stresses in the 
braces on its left equal to four times those due to the load at 
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6. The stress in each web member due to a single live panel 
load at any apex may therefore be obtained by taking a simple 
multiple of the stress for that member as given by Fig. 58. 

In the following table the first and sixth lines are thus filled 
out directly with the results scaled off from the diagram (which 
was originally drawn to a scale of 5 tons to an inch), and the 
other lines by taking multiples of these as indicated above. 
The stresses in each column are then combined so as to give 
the greatest and least stresses and those due to a uniform live 
load throughout. 
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+57.33 


-57.33 


+38.22 


—38.22 


+19.II —19.11 






It is found that for any given diagonal all the loads on one 
side of it cause one kind of stress, while those on the other side 
cause the opposite stress. The maximum stre.ss is hence pro- 
duced in a web member when the live load covers the larger 
segment of the span, and the minimum stress when the smaller 
segment is loaded. 

In the construction of stress diagrams for a truss with hori- 
zontal chords and equal panels it is not necessary to draw the 
skeleton outline of the truss to a large scale. If in this exam- 
ple ax be laid off by the linear scale equal to some convenient 
multiple of the half panel length and ay equal to the same 
multiple of the depth of truss, xy will give the direction of half 
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the web members, and in transferring this direction the triangle 
will require very little shifting along a straight edge, thus pro- 
moting accuracy. The line ay should be longer than ak. Com- 
pleting the rectangle xayz^ the direction of the remaining braces 
will be given by az. 

The results in the line ' uniform live load * in the table should 
be the same as those derived from a stress diagram made for a 
live panel load at every panel point or apex, and may thus be 
checked. As such a diagram is required for the chord stresses 
it will also answer this purpose. 

As the live load cannot act alone, but always in conjunction 
with the dead load, the stresses due to the combined, loads are 
required. These are given in the following table. The dead 
apex load on the lower chord is 1.7 1 tons, and on the upper 
chord 3.42 tons. The dead load stresses were obtained from 
a diagram of 5 tons to an inch. 



Wbb Mbmbbrs. 


KB 


BC 


CD 


DE 


EF 


FG 


GH 


Live load, greatest, 


+ 57.33 


- 57.33 


+ 40.95 


-40.95 


+ 27.30 


- 27.30 


+ 16.35 


Live load, least, 








-2.73 


+ 2.73 


— 8.19 


+ 8.19 


-16.35 


Dead load. 


+ 20.35 


— 18.18 


+ 13.85 


— 11.68 


+ 7.44 


-5.34 


+ 1.07 


Maximum, 


+ 77.68 


-75.51 


+ 54.80 


- 52.63 


+ 34.74 


- 32.64 


+ 17.42 


Minimum, 


+ 20.35 


-1S.18 


+ 11. 12 


-8.95 


-0.75 


+ 2.85 


- 15.28 



The stresses due to the combined load are obtained by adding 
the dead load stresses to each of the corresponding live load 
stresses. 

By comparing these results with computations made by the 
analytic method given in Part I, Arts. 21 and 22, it is seen 
that they are correct to or within one- tenth of a ton, which 
is sufficiently accurate for all purposes of design. 

The same method of tabulation might be applied to the 
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chord stresses, but the diagram for a full live load can be made 
in less time. 

Prob. 41. Find the maximum and minimum chord stresses 
for the above example. 

Art. 30. Live Load Stresses in a Pratt Truss. 

If a Pratt truss were built having only those diagonals which 
are strained under dead load it would be necessary that some 
of them resist the compression produced by certain positions 
of the live load. As, however, the diagonals are only to be 
subjected to tension this is prevented by inserting other diago- 
nals inclined in the opposite direction. Panels having two 
diagonals are said to be counter-braced and the additional 
diagonals are called counter-ties or counter-braces. The main 
and counter brace in any panel cannot both be strained at the 
same time by any system of loading. 

When the counter-ties are called into action by the live load 
the stresses in the adjacent verticals are different from what 
they would be provided the main braces could withstand com- 
pression. This can readily be seen by changing any diagonal 
and making the corresponding alteration in the stress diagram. 

Let the Pratt truss whose dead load stresses were deter- 
mined in Art. 28 be again considered. It consists of 8 panels 
each 22 feet long and 26 feet deep. The total width of the 
bridge, including sidewalks, is 33 feet. Taking the live load at 
80 pounds per square foot of floor surface the panel load per 
truss is 

i X 22 X 33 X 80 = 29040 pounds = 14.52 tons. 

The truss diagram, Fig. 59, is drawn with the diagonals all 
inclined one way, the main ones being on the left of the center 
and the counters on the right. Placing one live panel load RR 
at apex i the stress diagram, Fig. 60, is constructed which gives 
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all the stresses due to this load. Fig. 6i gives the stresses due 
to a live panel load at apex 7. After rr is laid off equal to the 
panel load of 14.52 tons, ru is marked ofl^ by a suitable linear 
scale, equal to 26 feet and rt equal to 22 feet, then ut gives the 
inclination of the diagonals. Drawing rs parallel to ut it is found 





o 




m I J g € CM 



Fir 60. 



Fig. 61. 



to measure 19.02 tons. In both Fig. 60 and Fig. 61 the smaller 
vertical lines are one-eighth of the length of rr^ or 1.82 tons, 
and the smaller diagonals are one-eighth as long as rj, or 2.38 
tons. 'The only part of the stress diagrams actually required 
consists of the similar right triangles urt and rrSy and the line 
TS is to be carefully determined. Unless these triangles are 
very nearly of the same size, as in the above example, the lat« 
ter should be made larger than the former. 

The live load stresses are then tabulated as explained in 
Art. 29. The dead load stresses are obtained from Fig. 62, one- 
half of which is like the same part of Fig. 56, while the other 
half is changed so as to give the stresses when the counter- 
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braces alone are inserted in the right half of the truss as 

^hown in Fig. 59. Two lines in this diagram are marked 

iij^ the upper 

one measures * 

3.0 tons and 

represents the 

compression in 

HJ when the 

main ties act on 

each side of it 

^which occurs 

under a full live 

load), and the 

lower line meas- 

tires 1.5 tons being the tension in HJ when the main tie acts 

on the left and the counter-tie on the right, as indicated in the 

truss diagram. 

All of the tabulated results except those in the last two lines 
of each table were obtained as if the web members in Fig. 59 




Truss Mbmbbrs. 


End Posts. 


Main Tibs. 


Counter-Tibs. 


AB=~ PA 


CD 


EF 


GH 


y^ 


LM 


NO 


Live panel load at 


z 
a 

3 
4 
5 
6 

7 


- 16.7 ^ 

- 14-3 

- IX.9 

-9.5 
— 71 

-4.8 
-a.4 


-^a-4 
-f 14-3 
+ 11.9 
H-95 
+ 7.1 
+ 48 
+ a.4 


- a.4 1 - a 4 
-48, - 4-8 
-h XI 9 , - 7.1 
+ 9.5 . +9.5 
+ 7.t +71 
+ 1.8 +4.8 
+ 3.4 + a.4 


- 24 

-4.8 

- 7.1 

- 0.5 


-a.4 
-4.8 
- 7.1 
-9.5 


- 94 

-4.8 

- 7.1 
-9.5 


-t-7.1 

+ 4.8 

+ a.4 


— IT.Q 


- 11.9 


+ 4.8 

+ «.4 


- 143 


+ 2.4 


Uniform live /oad, 


-66.7 


1 
+ 47.6 ' + »8.5 


4- 9-5 


-9.5 


- 28.5 


-47.6 


4- Total, 
— Toul, 
Dead load, 



-66.7 
- 4«.« 


+ 50.0 
- a.4 

+ 29.3 


1 
+ 35-7 +238 
- 7.2 - «4-3 
+ X7.6 -h 5.9 


+ X4-3 
— 23.8 

- 5-9 


+ 7.a 1 + a.4 

- 35-7 - 50.0 

- X7.6 - 29.3 

1 


Maximum, 
Minimum, 


— X07.8 
- 4X.X 


-I-79-3 


+ 53-3 , + 29.7 
-4- 10.4 


+ 8.4 
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Tarss Mkmbbxs. 






Verticals. 






BC 


DE 


FG 


HJ 


KL 


MN 


OP 


Live panel load at 


6 
7 


+ '4.5 


+ ..8 

+ 3.6 


+ 1.8 

+ 3.6 
+ 5-5 


+ X.8 
+ 3.6 
+ 5.5 
+ 7.3 


+ X.8 
+ 3.6 
+ 5-5 
+ 7.3 
+ 9-1 


+ X.8 
+ 3.6 
+ 5.5 
+ 7.3 
+ 9.« 
■4-10.9 


+ 1.8 
+ 3,6 
+ 5.5 
+ 73 
+ 9.1 
+ X0.9 

+ ia.7 


o 
o 

o 
o 

o 
o 


-9.x 

- 7.3 

- 5.5 

-3.6 

- 1.8 


-73 

- 5-5 

-3.6 

- 1.8 


- 5.5 

-3.6 

- 1.8 


-3.6 
-1.8 


- X.8 


Uniform live load. 


+ 14.5 


— 2X.9 


-7.3 


+ 7.3 


+ 2X.9 


+ 36.4 


+ 509 


+ Total, 
- Toul, 

Dead load. 


+ M.5 



+ 6.0 


+ 5-4 
-a7.3 

-16.5 


+ 109 
- i8.a 

-7.5 


+ 18.9 
— 10.9 

[- 3.0I 
+ 1.5 


+ a7.3 
-5.4 

+ X0.5 


+ 38.8 
- 1.8 

+ »9.5 


+ 50.9 


+ a8.5 


Maximum, 
1 Minimum, 


+ ao.5 
+ 6.0 


-43.8 

— 11. X 


- 25.7 
- 30 


-9-4 
-3.0 


• B • • 

• • • • 


• ■ ■ « 

• • • • 


• • ■ • 

• ■ • • 



could take either tension or compression. It is now required 
to find the actual maximum and minimum stresses due to the 
combined loads under the limitation that the diagonals can take 
only tension. To avoid repetition only those members are re* 
ferred to in the following explanation whose treatment differs 
from that of the preceding article. 

The minimum stress in GH is zero as the compression due 
to the live panel loads at I, 2, and 3 is greater than its dead 
load tension. The maximum stress in the counter yAT is + I4«3 
— 5.9 = -j- 8.4 tons ; the minimum stress is zero since the dead 
load as well as the live panel loads at 1,2, 3, and 4 tend to 
compress this member. A counter is therefore required in the 
fourth and fifth panels of the truss. The counters LM and 
NO are not theoretically required because the greatest tensile 
stress produced by the live load in each one is not sufficient to 
overcome the tendency of the dead load to compress the same. 
This is seen also from the fact that the minimum stresses in 
CD and EF are + 26.9 and + 10.4 tons respectively, which 
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implies that their dead load tension is not reduced to zero un- 
der the most unfavorable position of the live load. 

In finding the maximum and minimum stresses in any ver- 
tical it is necessary to consider whether the adjacent diagonals 
shown in the truss diagram really act under the various con- 
ditions of loading. If it is found that they do not act, then the 
stresses given by the table for the vertical cannot occur. 

The live panel loads at 3, 4, 5, 6, and 7 together with the 
dead load produce in DE the maximum compressive stress 
equal to — 27.3 — 16.5 = — 43.8 tons, provided the adjacent 
diagonals are in tension. Under the influence of these loads 
CD and EF are both found to be in tension, and hence the 
value just obtained is the required stress. The live loads at 
I and 2 acting in addition to the dead load produce the mini- 
mum stress of + 5-4 -" 16.5 = — i i.i tons for the same reason. 

The minimum stress in FG is due to the live panel loads at 
I, 2, and 3, which with the dead load give a stress of + 10.9 
— 7.5 = + 3.4 tons, provided the adjacent diagonals EF and 
GH are in tension. These loads would cause a tension of 22.3 
tons in EF and 8.4 tons compression in GH^ but as GH cannot 
take compression the counter-tie in the same panel is brought 
into action. The stress of + 3.4 tons in FG therefore cannot 
occur. When the main tie acts on its left and the counter on 
its right, the vertical simply supports the dead panel load on 
the top chord, hence the minimum stress in FG is — 3.0 tons. 
In the same way the minimum stress in HJ is also found to 
be — 3.0 tons. Under the live panel loads at 5, 6, and 7 with 
the dead load the diagonals GH and JK are strained, hence 
the stress of — 10.9 tons ia HJ must be added to that pro- 
duced by the dead load, + 1.5 tons, to give the maximum 
of — 9.4 tons. 

Passing to the verticals on the right of the center it is seen 
that the combination of loads which would give eithef the 



82 BRIDGE TRUSSES. CHAP. IIL 

maximum or the minimum stress according to the table will 
not produce tension in both of the adjacent diagonals, and ac- 
cordingly no additional values can be inserted in the table. 
The maximum and minimum stresses for these verticals will 
be the same as for those on the left of the center. The tabu- 
lation for the verticals beyond HJ is also shown to be unneces- 
sary as KL in Fig. 59 has no diagonal on its right, the counters 
LM and NO not being required. 

The chord stresses are found in the same way as for dead 
load (Art. 28), only the main ties however being inserted in 
the truss diagram. The stresses in a Howe truss are deter- 
mined in a similar manner to that employed for the Pratt truss, 
the diagonals in that case taking only compression. 

The following important principles may now be stated, at- 
tention to which will materially reduce the work in solving other 
problems for either type of truss mentioned : 

The maximum stress in any vertical or main diagonal is 
produced when the live load covers the larger segment 
of the span. 

The maximum stress in any counter diagonal occurs when 
the live load covers the smaller segment of the span. 

The minimum stresses in both diagonals of a counter-braced 
panel are zero. 

The minimum stress in the diagonal of a panel not coun- 
ter-braced is given when the live load covers the smaller 
segment of the span. 

The minimum stress in any vertical adjacent to a counter 
diagonal equals the dead apex load on the upper chord 
of a Pratt truss or the lower chord of a Howe truss. 

The minimum stress in a vertical not adjacent to a counter 
diagonal is produced when the live load covers the 
smaller segment of the span. 

Prob. 42. A Howe truss of 12 panels for a through single 
track railroad bridge has a span of 123 feet and a depth of 15 
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feet. The dead load is 625 pounds per linear foot, one-third 
to be taken on the upper chord, and the uniform train load is 
I 700 pounds per linear foot per truss. Find the maximum and 
minimum stresses. 



Art. 31. Snow Load Stresses. 

In addition to the dead and live load stresses must be con- 
sidered those due to the snow and wind. The snow load for 
highway bridges is taken lower than for roofs since in the coun- 
try it is not probable that the full live load would come on the 
bridge while a heavy fall of snow rests upon it, while in towns 
the sidewalks are generally cleared of snow. The snow load 
may vary from 20 to o pounds per square foot of floor surface 
depending upon the climate where the bridge is situated. As 
the floor of railroad bridges is open so that but little is re- 
tained no snow load is regarded. 

As the snow load is uniform the stress diagram is exactly 
similar to that for dead load if the latter be taken only on the 
chord supporting the floor, or, like the diagram for a full live 
load. A separate diagram is hence not required as the stresses 
may be obtained from either of those mentioned by graphic 
multiplication, the same ratio existing between the stresses as 
that of the respective panel loads. 

For the example in the preceding article the snow panel 
load is 

i X 21 X 22 X 15 = 3465 pounds = 1.73 tons, 

for a load of 15 pounds per square foot of floor surface for 
the roadway only. The ratio of snow to uniform live load 

stresses is therefore —^ — = 0.119. This gives a snow load 

14.52 

stress of —8.0 tons in the end post AB, + 3.4 tons in £Ff — 
2.6 tons in DEy etc. 
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Prob. 43. A through Pratt truss for a highway bridge in 
a village has 12 panels each 11 feet long and 14 feet deep. 
The roadway is 18 feet 9 inches wide, and there are two side- 
walks each 5 feet wide. Find the stresses due to a snow load 
of 10 pounds per square foot. 



Art. 32. Wind Stresses. 

The greatest stresses due to wind are produced when it blows 
horizontally at right angles to the line of the bridge. The sur- 
face exposed to wind action is usually taken as double the area 
of the side elevation of one truss. If this area be not known 
an approximate value may be obtained by taking as many 
square feet as there are linear feet in the skeleton outline of 
the truss. For railroad bridges the surface of the side of a train, 
taken at 10 square feet per linear foot of train, is added to the 
above. No similar addition is made for highway bridges as it 
is not probable that the live loads would cover them when the 
wind is blowing at its maximum rate. 

The wind pressure is taken 
from 30 to 40 pounds per square 
foot and produces its maximum 
effect when acting like a live 
load. The wind load on the 
trusses is divided between the 
upper and lower lateral bracing 
while the wind load upon the 
train is all taken by the lateral 
bracing of those chords which 
support the floor. The lateral 

bracing is generally of the Pratt type, the floor beams acting 

as the normal struts in one of the systems. 

For an example let the through Pratt truss highway bridge 
whose dimensions are given in Art. 28 be again taken. The 
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side elevation of the outline of the left half of the truss is 

shown in Fig. 64, the plan of the upper lateral bracing in 

Fig. 63, and that of the lower lateral as 

bracing in Fig. 65, When the wind 

blows in the direction indicated 

by the arrows and moves from the 

right toward the left the diagonals 

drawn in full lines are strained and 

when it blows in the opposite direction the other set of 

diagonals is strained. 

The approximate area exposed to wind action is, 

176+ 132 + 7 X 26 + 12 X 34.1 = 889 square feet. 
Taking the wind pressure at 40 pounds per square foot the total 
wind load is 

889 X 40 = 35 560 pounds = 17.78 tons, 

and the wind panel load is 

17.78 -7- (6 + 8) = 1.27 tons. 
The chord stresses are determined for uniform wind load 
by means of Fig. 66 for the upper lateral bracing and from 
Fig. 67 for the lower ^ 

system. Only one- [/_ 
half of each diagram ^^ 
is shown, the other 
half being symmet- 
rical with it. When 
the wind blows in the 
opposite direction 
the chord stresses on each side of the bridge will exchange values. 

For the wind blowing in the direction of the arrows the dia- 
grams give the following stresses in tons ; for the upper chord. 




AD 


AF 


AH 


A'F' 


A'H' 


-3.3 


-5.3 


— 6.0 


+ 3.3 


+ 5.3 
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and for the lower chord. 



HB 


HC 


JiE 


RG 


JfC 


IPS' 


R'C 


-47 


-7.9 


-9.9 


— 10.6 


+ 4.7 


+ 7.9 


+ 9.9 



In accordance with the simplified construction given in Art. 
30 let a horizontal and a vertical line be drawn through s in 
Fig. 68. Let st be laid off equal to 21 feet and su equal to 22 

feet, then tus will be the angle which the 
diagonals make with the chords. With 
a suitable scale of force let sw be made 
equal to 1.27 tons and wx drawn parallel 
to tu. Applying the scale to wx it is 
found to measure 1.84 tons. Dividing 
this value by 6 and 8, the number of 
panels in the upper and lower chords 
respectively, the quotients 0.31 and 0.23 tons are obtained which 
form the basis of the tabulations for the stresses in the diago- 
nals. Dividing the panel load, 1.27 tons, by the same numbers 
the corresponding quotients 0.21 and 0.16 tons are found for 
the verticals. The following tables are now prepared : 

For the upper lateral bracing, 




Fiff. 68. 



1 


Diagonals. 


Struts. 


Djy 


FF' 


HH' 


DF' 


FH» 


»J' 


Wind panel load at i 

2 

3 
4 
5 


+ 1.55 
+ 1.24 
+ 0.93 
+ 0.62 

+ 0.31 


• a . • 
+ Ia24 
+ 0.93 
+ 0.62 
+ 0.31 


a • a • 

a a a a 

+ 0.93 
+ 0.62 

+ 0.31 


- 1.05 

- 0.84 

- 0.63 

- 0.42 

- 0.21 


a a a a 

- 0.84 

- 0.63 

— 0.42 

— 0.21 


. a • . 
. . a a 

— 0.63 

— Oa42 

— 0.21 


Maxitnam wind stresses 


+ 4.7 


+ 3.1 


+ Ia9 


- 3.2 


- 2.1 


- 1.3 



Art. 33. STRESSES due to initial tension. 

and for the lower lateral bracing, 
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Diagonals. 


Struts. 


BB' 


CC' 


BE' 


GG' 


BC 


CE* 


EG' 


GK' 


Wiod panel load at x 

a 
3 

4 

5 

6 

7 


+ 1.61 
+ 1.38 

+ 1.15 
+ 0.93 

+ 0.69 
4-0.46 
+ 0.23 


■ • • • 

+ 1.38 

+ 1.15 

+ 0.92 
4-0.69 
+ 0.46 
+ 0.23 


• • ■ • 

• • « • 

+ 1.1S 
+ 0.92 
4-0.69 
4-0.46 
+ 0.23 


• • ■ • 

■ • • • 

• ■ ■ • 

+ 0.92 
4-0,69 
4-0.46 
+ 0.23 


— 1.12 

— 0.96 

— 0.80 

— 0.64 

— 0.48 

— 0.32 

— 0.16 


• • ■ • 

— 0.96 

— 0.80 

— 0.64 

— 0.48 

— 0.32 

— 0.16 


• • ■ • 
■ ■ ■ • 

-0.80 

— 0.64 

— 0.48 

— 0.3a 

— 0.16 


• • • • 

• • ■ * 
« • « • 

— 0.64 

— 0.48 
-0.3a 

— 0.16 


Majumum wind stresses 


+ 6.4 


+ 4.8 


+ 3.5 


+ a.3 


- 4-5 


- 3-4 


- 9.4 


-1.6 



Both diagonals in the same panel have equal stresses due to 
wind. The minimum stresses in all the web members are 
zero. Since every panel is counter-braced only tensile stresses 
in the diagonals and compressive stresses in the struts need to 
be tabulated. 

• Prob. 44. A through single track railroad bridge has a span^ 
of 120 feet. Its trusses are of the Pratt type, have 6 panels, 
21 feet de^p, and are 16 feet apart between centers. Find the 
stresses due to a wind pressure of 40 pounds per square foot, 
provided only the wind pressure on the train be considered as 
a moving load. 



Art. 33. Stresses due to Initial Tension. 

In trusses whose diagonals take only tension the counter- 
ties are made adjustable in order to be drawn up to a certain 
degree of tension when the bridge is unloaded. The stress 
thus introduced in these truss members is called initial tension, 
and serves to prevent the vibration of the diagonals in the 
counter-braced panels under moving loads and to stiffen the 
truss as a whole. 

It is required to determine the stresses produced in other 
members of the truss when all the counters are subjected to a 
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given amount of initial tension. The number of counters in 
practice is larger than is theoretically required. As the stress 
in any counter is equivalent to two external forces, each equal 
to the initial tension, applied at the joints united by the 
counter-tie and acting toward each other, it may be replaced by 
them in this analysis. 

In the Pratt truss considered in Arts. 28, 30, and 32 let the 
counters in the third, fourth, fifth, and sixth panels be each 

subject to an initial 
tension of 4 tons. 
The truss diagram is 
shown in Fig. 69, each 
of the external forces 
being equal to 4 tons. 
In Fig. 70 let these external forces, taken in regular order 
around the truss, be laid off, thus forming the closed poly- 
gon cdrd' c g' h' hgc. Since each pair of forces 
is in equilibrium the entire system is in equi- 
librium and hence there are no reactions at 
the supports. No forces being applied at 
any of the joints of the first panel the mem- 
bers drawn in broken lines may be omitted. 
The stress diagram is now completed in the 
usual way, the characters of the stresses de- 
termined, and their magnitudes found by ap- 
plying the scale, the results, expressed in tons, 
being as follows : 





Fig. 70. 



Chords. 

CO and GN 
DQ and HP 



S-ntBSSBS. Verticals. Stresses. 

— 2.6 MN —3.1 

— 2.6 d?-Pand QQ —6.1 



Main Tibs. Stresses. 

NO +4.0 
PQ +4.0 



The stress diagram shows that the tension in any counter 
affects only the members of the panel to which it belongs. 
It produces compression in both chords equal to the horizontal 



Art. 34. FINAL MAXIMUM AND MINIMUM STRESSES. 89 

component of the initial tension, compression in the verticals 
equal to its vertical component, and tension in the main tie 
equal to that in the counter. The general effect is therefore to 
increase the stresses due to other loads in all the members of 
the counter-braced panels except the lower chord, whose 
stresses are diminished. In the upper and lower lateral brac- 
ing both diagonals in each panel are made adjustable. 

It is not necessary to make stress diagrams for these lateral 
systems, but simply to draw a right triangle whose base is 
parallel to the chords and whose hypothenuse, measuring 4.0 
tons, is parallel to one of the diagonals. Applying the scale 
the base is found to measure 2.9 tons and the perpendicular 
2.8 tons. The stress in the chords is therefore —2.9 tons 
throughout ; in the end struts — 2.8 tons ; in the remaining 
struts 2(— 2.8) = — 5.6 tons ; and in the diagonals -|- 4.0 tons. 
When the struts are not normal to the chords it is best to con- 
struct the complete stress diagrams. 

It has not been customary, however, to consider the 
stresses caused by initial tension in the counters except those 
in the main ties. An examination of the tables in the next 
article will show the relation which these stresses bear to the 
others and to the final maximum and minimum stresses. 

Prob. 45. A through double-track railroad bridge 140 feet 
in span has Pratt trusses of 7 panels and 32 feet deep. The 
bridge is 28 feet wide between centers of chords. Find the 
stresses due to an initial tension of 5 tons in every counter of 
the trusses and lateral systems. 

Art. 34. Final Maximum and Minimum Stresses. 

The final maximum and minimum stresses in any truss 
member are the extreme limits of stress to which it is subjected 
by all possible combinations of the dead, live, snow, and wind 
loads, and initial tension. The larger limit is called the maxi- 
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mum and the smaller the minimum stress, and they may have 
the same or opposite signs. In finding the maximum and 
minimum stresses in the following tables, it is assumed that 
the initial tension as well as the dead load is always acting. In 
practice the wind stresses in the chords are more frequently 
disregarded than taken into account. 

In Art. 30 the maximum and minimum stresses due only 
to dead and live loads were found for the through Pratt truss 
whose stresses due to snow load were found in Art. 31, those 
due to wind load in Art. 32, and to initial tension in Art. 33. 
The various results are now brought together in the following 
table and the final maximum and minimum stresses obtained 
by addition. The members are designated as in Figs. 63, 64^ 
and 65. 





Upper Chord. 


LowBR Chord. 


AD 


AF 


AH 


RB 


RC 


RE 


RG 


Dead load, 


-45.4 


-56.8 


-60.6 


+ 26.5 


+ 26.5 


+ 45 4 


+ S6.8 


Live load, 


-73-7 


— 92.2 


-983 


+ 43-0 


+ 430 


+ 73-7 


+ 92a 


Saow load, 


-8.8 


— II.O 


- 11.7 


+ 5.1 


+ 5.1 


4-8.8 


4- ix-o 


North wind, 


-3-3 


-5.3 


-6.0 


- 4.7 


~ 7 9 


- 9 9 


— 10.6 


South wind, 





+ 3.3 


+ 53 





+ 4.7 


+ 7-9 


+ 9-9 


Initial tension— Truss, 





-2.6 


-2.6 








-2.6 


- 2.6 


*' —Lateral system, 


-2.9 


-2.9 


-2.9 


• — 9.9 


- 9.9 


-2.9 


-9.9 


Maximum stress, 


- 134. 1 


— X70.8 


— 182. I 


+ 71.7 


+ 7<5.4 


+ 1303 


+ 164.4 


Minimum stress, 


-48.3 


-590 


-60.8 


4-18.9 


+ 157 


+ 300 


+ 40-7 



-» 


End 

Post. 


Main Ties. 


Countkr- 

TIK. 


Verticals. 


AB 


CD 


EF 


GH 


GH 


BC 


DE 


FG 


»J 


Dead and live load max., 
Dead and live load min.. 
Snow load, 
Initial tension. 


— 107.8 
-41.1 
-8.0 



+ 79-3 
4-26.9 

+ 5.7 



+ 53-3 
+ 10.4 

+ 3.4 

+5.0 


4-99.7 


+ I.I 
+ 5.0 


+ 8.4 



+ 5.0 


+ 90.5 

+6.0 

+ 1.7 




-43-8 

— XI. 1 

- 9.6 

- 3.1 


-25.7 
- 3.0 
-0.9 
-6.x 


-9-4 

- 3-0 


- 6.x 


Maximum stress, 
Minimum stress, 


— XX5.8 
-41.1 


4-85.0 
+ 26.9 


+ 61.7 
4-X5.4 


+ 35.8 
+5.0 


+ I3-4 
+ 5.0 


4 99.9 — 49.5 
4- 6.0'- 14,9 


-32-7 
- 9.x 


-xS-5 
- 9.1 
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Uppbr Latbral Bracing. 


Diagonals. 


Struts. 


Diy 


FF' 


HH' 


DF' 


FH' 


HJ' 


Wind, 

Initial tension, 


+ 4.7 

+ 4.0 


+ 3.1 
+ 4.0 


-f x.9 
+ 4.0 


- 3.a 

-5.6 


— a.i 
-5.6 


- 1.3 
-5.6 


Maximum stress. 
Minimum stress. 


+ 8.7 

+ 4.0 


+ 7.X 
+ 4.0 


+ 5-9 
+ 4.0 


-8.8 
-5.6 


-7.8 
-5.6 


-6.9 
-5.6 





LowBR Lateral Bracing. 


Diagonals. 


Struts. 


BB' 


ca 


EE' 


GG' 


BO 


CE' 


EG' 


GiC 


Wind, 

Initial tension. 


+ 6.4 
+ 4.0 


+ 4.8 
4-4.0 


+ 3.5 
+ 4-0 


+ «.3 
+ 4.0 


- 45 
-5.6 


- 3-4 
-5.6 


-2.4 

-5.6 


- 1.6 
-5.6 


Maximum stress, 
Minimum stress, 


+ X0.4 
+ 4.0 


+ 8.8 
+ 4.0 


+ 7.5 
4-4.0 


+ 6.3 
-1-4.0 


— X0.1 

-5.6 


-9.0 
-5.6 


-8.0 
-5-6 


- 7.2 
-5.6 



Prob. 46. Find the maximum and minimum stresses in the 
chords of the above example, provided the effect of the wind 
be disregarded. Also, compute the greatest percentage of re- 
duction in the maximum stress of any chord member on this 
account. 



Art. 35. The Bowstring Truss. 

This form of truss is shown in Figs. 71, 72, and 73, and is 
frequently used for highway bridges. The apex points of the 
upper chord lie upon the arc of a circle. When the bracing is 
arranged like that in Fig. 71, the diagonals take only tension, 
while the verticals take either tension or compression. In the 
truss in Fig. 73, all the web members are made to sustain 
either kind of stress. The same is true of the form given in 
Fig. 72, with the exception of the middle and end verticals, 
which are subject to tension only. 
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For example, let a truss like Fig. 71 be taken whose upper 
panel points lie in the arc of a circle. Let it have 8 paneb, 

each 14 feet long 
on the lower 
chord, with a 
depth at the cen- 
ter of 16 feet. 
The bridge has a 
roadway 22 feet 
wide and two side- 
walks each 5 feet 
wide. 

The dead panel load is found to be 4.19 tons, of which 1.40 
tons is to be taken on the upper chord and 2.79 tons on the 

K 





Fiff. 75. 



lower. The snow panel load is 1.68 tons. At go pounds per 
square foot of floor surface the live panel load is 10.08 tons, or 
6 times the snow load. 



Art. 35. 



THE BOWSTRING TRUSS. 



93 



Let a truss diagram be drawn as in Fig. 74, containing only 
the main diagonals in the left half and the counters in the 
right. The depths of the truss at the first, second, and third 
panel points are 7.32, 12.23, and 15.07 feet respectively. The 
stress diagram 
obtained for 
dead load is 
shown in Fig. 
75, that for a 
live panel load 
at apex i in 
Fig. 76, that 
for a live panel 
load at apex 7 
in Fig. TJ, and 
that for a uni- 
form live load 
in Fig. 78. As 
a check upon 
the construc- 
tion of these 
diagrams it is 
observed that 
in Figs. 75 and 
78 be and op 
are in the same Fig. 77. 

vertical line. The same is true of de and mn and of fg 
and kl. In general the lines representing stresses in verticals 
equally distant from the center of the truss lie in the same 
vertical line, or are equally distant from the load line. In Fig. 
76 the line de is at the same distance from the load line as 
nm in Fig. 77^ also nnt in Fig. 76 and ed in Fig. JJ are simi- 
larly situated. The same relation exists between the lines 
representing stresses in any two verticals occupying symmetri- 
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cal positions in the truss. Again, if in Fig. y7 Ik be produced 
to meet am and the intersection be called k\ then Ik will be 

equal to fg in Fig. 76 and 
nk' will be equal to fe \xt 
Fig. 76. 

In Figs. 75 and 78 hj' 
represents the stress in Hf 
when the main diagonal is 
inserted on its right instead 
of the counter shown in 
Fig. 74, the point j' being 
at the intersection of the 
lines ak and hj. Only the 
Pig. 7«. stresses in web members 

are scaled off from Figs. 76 and TJ, The snow load stresses are 
obtained by dividing those due to uniform live load by six. 

The stress diagrams from which the following results were 
obtained were drawn to the following scales : The dead load 
diagram, 4 tons to an inch ; the diagrams for single live panel 
loads, 2 tons to an inch ; and the uniform live load diagram, la 
tons to an inch. 

The results expressed in tons are now tabulated as in Art* 
30 and the maximum and minimum stresses obtained, the 
effect of wind and initial tension being omitted. 






Uppbr Chord. 


LowBR Chord. | 


AB 


AD 


AF 


AH 


RB = RC 


RE 


RG 


Dead Load, 
Live Load, 
Snow Load, 


— 31.6 

— 76.1 

— ia.7 


- 30.5 

- 73a 

- I9.a 


- 39.8 

- 71-5 

- 11.9 


— 29.4 

— 70.6 

— XX.8 


+ 28.0 

+ 67.4 
+ ix.a 


+ 38.8 
+ 69.1 

4-X1.5 


+ 29.8 

+ 70.I 
4-XI.7 


Maximum, 
Minimum, 


— iao.4 

- 31.6 


- "5-9 
- 30.5 


— 1x3.2 
— 29.8 


- XXI.8 
- 294 


+ 106.6 
+ 28.0 


4-109.4 
+ 38.8 


+ XII.0 
+ 99.2} 
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Main Diagonals. 


COUNTBRS. 


CD 


EF 


GH 


JK 


LM 


NO 


Live panel load at apex x 

a 

3 

4 

5 
6 

7 


- 9-3 


-3.8 
- 7.5 


— a.x 

- 4.9 

-6.4 


- 1.4 

-a.7 

- 4.1 

- 5-4 


-0.9 

- X.8 
-a.8 

- 37 
-4.6 


-0.6 
-1.3 

- 1.9 

- a.5 

- 3-a 


+ 3.2 
+ ».7 

+ 3.1 

+ 1.6 

+ X.X 

+ 0.5 


-f-4.a 
4-3.3 
+ a.5 

4-1.7 
+ 0.8 


+ 5.a 
4-3.9 
+ a.6 

+ 1.3 


+ 6.6 

+ 4.4 
+ 2.3 


+ 8.3 
+ 4.1 


-3.8 


+ 10.9 


+ Toul, 

- Toul, 
Uniform live load, 
Dead load, 
Snow load. 


+ ix.a 
- 9.3 

-hi.9 
+ 0.8 

+ 0.3 


+ 13.5 

- IX.3 

+ x.a 

+ 0.6 

+ o.a 


+ X3.0 
— xa.7 

+ 0.3 
+ 0.3 

+ 0.1 


+ X3« 
-13.6 

-04 

— o.a 

— 0.1 


+ 13.4 

-13.8 

- X.4 
-0.6 

— o.a 


+ X0.9 

- '33 

— a.4 

— 1.0 
-0.4 


Maximum, 
Minimum, 


+ ".3 



+ X3.3 



-f X3.3 



+ X30 



+ TI.8 




-f 9-9 






Verticals. 


BC 


DE 


FG 


HJ 


KL 


MN 


OP 


Live panel load at apex 


X 


+ XO.X 


4-4.3 
+ 8.6 


+ a.5 
+ 4-9 
-f 7.3 


+ 1.6 
4-3.X 

+ 4.6 

+ 6.2 


+ I.O 

+ a.o 

+ 3.X 
+ 4.X 
+ S.X 


+ 0.7 

+ X.3 
+ 3.0 
+ 3.7 

+ 3.4 
+ 4.0 


+ 0.4 
+ 0.8 

+ X.3 

+ X.6 
+ a.x 

4-a.S 
+ a.9 


a 





3 
4 
5 
6 

7 










— x.a 

— x.o 
-0.7 
-O.S 

— o.a 


— a.a 

— X.6 

— I.I 
-0.5 


- 2.9 

- X.9 

- x.o 


" 3-3 
- 1.6 


- 3.0 


+ Total, 
-Total, 

Uniform live load. 

Dead load, 

Snow load. 


+ XO.X 



+ 10.X 

+ a.8 
+ X.7 


+ xa.9 
-3.6 

4-9.3 

+ a.4 

4-1.5 


4-X4.7 
-54 

-f9-3 

4- a.4 

+ 1.5 


+ X5.5 

-5-8 
[+9.3] 

-f-9-7 
[+ a.5] 

+ 3.6 

[+ i.sl 

+ 1.6 


4- X5 3 
- 4.9 

+ X0.4 
+ 3.0 
-fx.7 


+ 14.1 
-3.0 

+ IX.X 

4-3.3 

+ X.9 


+ XX.S 



+ IX.S 

4-3.4 

4- X.9 


Maximum, 
Minimum, 


+ 14.6 

+ 3.8 


+ X3-4 
— x.a 


+ x3-a 
-3.0 


+ X3.3 
- 3.a 


+ 13. X 

- X.9 


+ X3.3 

+0.3 


+ X4.4 

-r-34 



The student will have no difficulty in finding the maximum 
and minimum stresses in the chords and diagonals. It will be 
noticed that counters are required in every panel of this truss. 

The application of the principles employed in Art. 30, for 
determining the maximum and minimum stresses in the 
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verticals of trusses with counterbraced panels may be further 
illustrated by finding those in DE, The greatest compression 
in this vertical is' shown by the table to be due to the live 
panel loads 3 to 7 inclusive, combined with the dead load, 
giving a stress of — 3.6 + 2.4 = — 1.2 tons. This stress is 
a real one because the adjacent diagonals CD and EF shown 
in Fig. 74 are then acting, both of them receiving almost 
vtheir maximum stress. 

The tension of 12.9 tons given in the line marked * + total * 
when combined with that due to the dead and snow loads 
cannot actually occur because the adjacent diagonals are not 
brought into action by the corresponding loads. The greatest 
tension in DE will therefore occur under the full live, dead, 
and snow loads, unless one or more of the live panel loads on 
the right may be removed without causing either CD or EF 
to cease acting. If the live load be continuous, as it is cus- 
tomary to regard it, the live panel load 7 may be removed 
under the above conditions, and the corresponding stress will 
be + 9-3 + 2.4+ 1.5 — (— 0.2) = + 13.4 tons. If the live 
panel loads 6 and 7 be removed, the diagonal EF ceases to 
act since its stress would become + 1.2 -|- 0-6 + 0.2 — 
(+ 1.7 + 0.8) = — 0.5 tons. Were it allowable to consider 
the live load as discontinuous, CD and EF would still be 
in tension after removing the live panel load 6 only, thus 
giving a stress in DE of + 9.3 + 2.4 +1.5 — ( — 0.5) = 
-{-13.7 tons. 

In a similar manner the values of + 12.3 and +0.3 tons 
are obtained iox MN, and these are its maximum and minimum 
stresses under the condition that the adjacent counter ties LM 
and NO are both acting. On account of the symmetry of the 
truss the maximum and minimum stresses in DE have the 
same values provided the counter ties are acting in each 
adjacent panel. 

Two more conditions for DE require attention. The first 
is that when the main diagonal acts on its right and the 
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counter on its left. The table indicates that this condition 
cannot exist under any combination of the given loads. The 
second condition occurs when the main tie acts on the left of 
DE and the counter on its right. This one is possible, and 
requires an additional tabulation. 

The live panel load at apex i produces a tension in DE of 
1.28 tons, and that at apex 7 of 0.43 ton. The former value 
is obtained from Fig. 76 by measuring the distance from d to 
the point where the vertical de meets a/" produced, while the 
latter is obtained from Fig. ^^ by measuring the distance 
from d to the intersection of dr/ with the vertical de produced 
In the same way, Fig. 75 gives the corresponding dead load 
stress of + 2.8, and Fig. 78 (after dividing by six) the snow 
load stress of + 1.7 tons. From the stresses due to the live 
panel loads at i and 7 those produced by the loads at apexes 
2 to 6 inclusive are found by the method used in the above 
tabulation to be + 2.6, +2.1, +1.7, +1.3, and + 0.9, 
when expressed to the nearest tenth of a ton. Since all of 
these stresses are tension, it is clear that the maximum will 
be caused by the dead and snow loads combined with as 
many of the live panel loads as possible without bringing the 
main tie on the right of DE into action. The table for the 
diagonals indicates that this occurs when the live panel loads 
are placed at apexes i to 5 inclusive, and the resulting stress 
in DE is + 1.3 + 2.6 + 2.1 + 1.7 + 1.3 + 2.8 -}- 1.7 = 4- 
13.5 tons. If a similar tabulation were made lot MN when 
the counter tie acts on its left and the main tie on its right, 
the same result of + I3«5 tons would be obtained. 

On comparing the maximum stresses in DE under the three 
conditions above described and investigated, the last value 
obtained is seen to be the greatest in magnitude, and hence 
the true maximum to be used for both DE and the corre- 
sponding vertical MN in the other half of the truss. As the 
range of stress from this maximum of -[" I3«5 to — 1.2, the 
minimum in DE^ is greater than to the minimum of 4~ 0.3 in 
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MN^ the true minimum stress to be used for both DE and 
MN\s — 1.2 tons. 

The stresses in FG when the main tie acts on the left and 
the counter on the right are found to be -j- 0.8, -[-1.6, -|- 2.4, 
+ i-9» + i«4» + '-O* ^^^ +0.5 for the live panel loads i 
to 7 inclusive, -f- 2.6 for the dead load, and -^ x.d tons for the 
snow load. The maximum occurs when the live load is at 
the apexes i to 6 inclusive, combined with the dead and snow 
loads, its value being H~ ^3«3 tons. On comparing this stress 
with the values given in the table for FG and AX, the true 
maximum for both of these verticals is seen to be + 13.3 
tons, and the greatest range of stress to the values of their 
minimum stresses shows that the true minimum for both 
verticals is — 3.0 tons. 

A similar tabulation might be made for HJ^ but this is 
unnecessary since the main ties act on each side of it under 
the full load. The required stresses were obtained directly 
from Figs. 75 and 78 as previously explained, and are inserted 
in the table in brackets. The maximum and minimum 
stresses are caused by the full load. The largest tension 
which can occur in HJ when the main diagonal acts on the 
left and the counter on the right is 12.3 tons. The true 
maximum and minimum stresses of OP are equal to those of 
the vertical BC. 

The form of truss shown in Fig. 79 is known as the lenticular 
truss and is also used for highway bridges. The panel points 

of the chords may lie on arcs 
of circles, but generally are 
placed on parabolas. The 
broken lines show the road- 
way and its connection to the 
trusses, the vertical end pieces being heavy posts and the others 
tension rods. In determining the stresses the same method is 
pursued as for the bowstring truss. 
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Prob. 47. A through bowstring truss has six panels each 15 
feet long, the depth at the first and fifth panel points being 
7.5 feet, at the second and fourth panel points 11.7 feet, and at 
the center 13 feet. The dead panel load is 2.5 tons and the 
live panel load 7.5 tons. Find the maximum and minimum 
stresses due to these loads only. 



Art. 36. The Parabolic Bowstring Truss. 

When the panel points of the broken chord of a bowstring 
truss lie upon a parabola whose vertex is midway between the 
supports, the stress diagrams become simpler. Let a parabolic 
bowstring truss be taken with the same general dimensions 
and loads as given in the preceding article. In the diagrams 
like Figs. 75 and 78 the broken lines bed . . . nop become 
straight lines, and the points c and //, e and f^.^.n and o, co- 
incide. This shows that under a uniform load the stress in the 
horizontal chord is the same throughout, the diagonals are not 
strained at all, and each vertical carries only the panel load on 
the horizontal chord. In the diagrams similar to Figs. 76 and 
77 f the points b, d,f^ A, ^, ;«, and lie upon a straight line which 
intersects the load line produced at the shorter distance at 
from r, thus checking the construction. 

In the tabulated stresses for the webbing the sum of the 
* + total' and the ' — total' will give zero for the diagonals 
and + 10.08 for the verticals provided the work be done with 
the utmost precision. With diagrams like Figs. 76 and TJ made 
to a scale of 3 tons to an inch, the stresses obtained by tabula- 
tion for uniform live load averaged 0.05 tons in magnitude for 
the diagonals, three being tension and three compression, 
and those in the verticals varied on an average o.oi tons 
from the true result, some being too large and others too 
small. 
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The final results in tons 


are given 


in the following table : 


Chords. 


Maximum 
Stsbssbs. 


Minimum 
Strbssbs. 


DlAGOKALS. 


Maximum 

Stsbssbs. 


< Vbkticals. 


Minimum 
Stkbssbs. 


AB 
AD 
AF 

AH 

RB ' 
RC 
RE 
RG 


- 124-9 

- II8.6 

— II4.I 

— III.9 

+ III.7 


— 32.8 

— 31.2 

— 30.0 

-29.4 

+ 29.3 


CD 

EF 
GH 

JK. 

LM 
NO 


+ 9-9 
+ II.6 

+ 12.9 
+ 13.4 

+ 12.9 
+ 11.6 


BC 
DE 
FG 

«J 
KL 

MN 

OP 


+ 2.8 
-0.4 
- 2.3 
-2.9 
-2.3 

-0.4 
-2.8 



The minimum stresses in the diagonals are zero, and the 
maximum stress in each vertical equals 

2.79+ 10.08+ 1.68 = 14.55 tons, 

or the sum of the dead, live, and snow panel loads. 

If this truss were used as a deck bridge the maximum 
stresses in the verticals would be those given in the accompany- 
ing table, while the minimum stresses would 
equal the dead panel load on the horizon- 
tal chord, or — 2.79 tons. It will be ob- 
served that the differences between the 
minimum stresses in the verticals of the 
through truss and the maximum stresses in 
the same members of the deck truss equal 
twice the dead panel load plus the live 
and snow panel loads. The stresses in the remaining mem- 
bers are the same for a deck as for a through bridge except 
that the chord stresses change in character. 

The properties of the parabola are such as to provide a very 
simple and abridged construction for obtaining directly the 
maximum and minimum stresses due to dead, live, and snow 
loads. 



Vbrticals. 


Maximum 

Strbssbs. 

1 


BC and OP 
DE and MN 
FG and KL 


- 14.5 

-17-7 

— 19.6 

— 20.2 
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Let 5 be the stress in the horizontal chord due to the total 
uniform load W (including the half panel loads at the sup- 
ports), / the span and d the depth of the truss at the center, 
then (Roofs and Bridges, Part I, Art. 39), 



5 = 



8^/' 



Substituting for these terms their values for the truss consid- 
ered above, the stress due to live load is 

8 X 10.08 X 112 



5 = -. 



8X16 



= 70.56 tons. 



Similarly the stress due to dead load is 29.33 tons and that due 
to snow load is 11.76 tons. 

Now in Fig. 80 on the horizontal line ad with a scale of 4 or 5 
tons to an inch, let ai be laid off equal to 29.33 tons, 6c equal to 




70.56 tons, cd equal to 1 1.76 tons, and verticals erected at each 
point of division. As the depth of the truss is one-seventh of 
its span let W and cc' be made equal to one-seventh of 70.56 
or 10.08 tons, and on the span dV let an outline diagram be 
drawn similar to the truss diagram. In the figure. one-half is 
drawn as a through and the other half as a deck truss. By 
measuring the diagonals with the scale of force their maxi- 
mum stresses are obtained. Their minimum stresses are zero. 
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Let the chord members be prolonged until they meet the 
verticals through a and d. Each of these lines is divided into 
three parts by the four verticals, these parts giving the stresses 
due to dead, live, and snow load respectively. For example, 
the dead load stress in the horizontal chord is represented by 
the part ab, the live load stress by be, and the snow load stress 
by cd. The maximum stress in the same member is hence ad, 
or 1 1 1.7 tons, and the minimum stress is ab, or 29.3 tons. 

On the through truss draw the horizontal broken and dotted 
base line 2.79 tons (the value of the dead panel load) above the 
first panel point on the upper chord. By measuring the ver- 
ticals extending from this base line to each panel point on the 
upper chord, upward being compression and downward ten- 
sion, the minimum stresses in the verticals are found. Their 
maximum stresses are each equal to the sum of the dead, live, 
and snow panel loads, or 14.55 tons. 

On the deck truss let a similar base line be drawn 14.55 tons 
above the first panel point from the support on the lower 
chord, and the verticals measured from the panel points to the 
base line ; thus are found the maximum stresses in the verticals, 
all of them being compression. Their minimum stresses are 
each equal to — 2.79 tons. The measured stresses are marked 
on the different lines of the diagram. 

Prob. 48. A deck parabolic bowstring truss of 10 panels 
has a span of 120 feet and a depth of 1 5 feet at the center. Find 
the maximum and minimum stresses for a dead panel load of 3 
tons and a live panel load of 7 tons. 



Art. 37. Application of the Equilibrium Polygon. 

In the preceding articles of this chapter the method of the 
force polygon has been employed exclusively. To illustrate 
the application of the equilibrium polygon in the determination 
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of Stresses let the same example used in Art. 28 be taken, it 
being required to find the chord stresses, and afterward the 
web stresses due to the dead load. The span is 176 feet, the 
depth 26 feet, and the dead panel load 8.95 tons. 

Let the truss diagram be drawn to a scale of 10 feet to an 
inch and the panel loads laid off successively on the load line 
gy in Fig. 81 to a scale of 10 tons to an inch (considerably re* 

A 




Pig. 81. 



duced as here printed). The effective reactions are ya and aq^ 
the load line being bisected at a. Let the pole be taken on 
a horizontal through a^ the pole distance H be made equal to 
26 tons, and the equilibrium polygon constructed (Art. 6), 
The ordinates at the vertices of this polygon when measured by 
the linear scale and multiplied by H give the bending mo- 
ments in tons-feet at the corresponding sections of the truss 
(Art. 7). The chord stresses are obtained by dividing these 
moments by 26 feet, the depth of the truss. For instance, the 
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ordinate nti! measures 454 feet, whence the stress in AD or ES is 

454 X 26 

^ = 45^ tons. 

The stresses may therefore be directly obtained by measur- 
ing the ordinates with a scale of 10 tons to an inch, the results 
being marked on the diagram. Even with a smaller scale than 
that indicated above the same stresses, measured to tenths of 
a ton, are obtained as in Art. 28. 

If the linear scale be 20 feet to an inch, and H be taken as 
52 tons, the scale of tons remaining the same, the ordinates 

52 
should be measured by a scale of 20 X -^ = 40 tons to an 

20 

inch to obtain the chord stresses. Again, if H be laid off by 
the linear scale equal to double the depth of the truss, then the 
ordinates are to be measured by double the scale of force or 
20 tons to an inch. 

As the vertices of the equilibrium polygon lie upon a parab- 
ola whose vertex is at ky the ordinates may be obtained with- 
out drawing the equilibrium polygon. The chord stress at the 
center of a truss uniformly loaded is 

in which W includes the half panel load at each support. Let 
the middle ordinate ik be made equal to 

e 8 X 8.95 X 176 ^^^ 

S = n ^: — — = 60.6 tons, 

8 X 26 

let /m be made equal to ik and divided into the same number 
of parts as mk, in this case four. Drawing radial lines from i 
to these points of division their intersections with the corre- 
sponding verticals give the required points. 

« 

For an odd number of panels in a truss /m should be divided 
into as many parts as there are panels in the entire truss, only 
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the alternate points of division from I to m being used. For 
a uniform live load the same method may be employed as 
that here given, or the dead and live loads may be combined 
in one diagram. 

The shear diagram for dead load is shown below the moment 
diagram in Fig. 81, the ordinates representing the vertical shear 
being limited by the line forming a series of steps from ^ to y. 
If the load were not concentrated at the panel points but uni- 
form throughout the ordinates for shear would be measured to 
the straight line /V, which intersects the former at the center 
of each panel. The inclined line is the most convenient to 
use, but usually it is not employed, as the analytic method, 
consisting only of a few subtractions or additions, is more 
rapidly applied. The lines ad, cd, ef, and gh are the stresses in 
the diagonals, and de and fg in two of the verticals. To avoid 
confusing the diagram cd, ef dLXiAfg^LVG turned toward the left, 
but have the same inclination as the diagonals of the truss. 
The stress in BC is one panel load, and that in HJ is zero. If 
2.95 tons of the dead panel load be taken on the upper chord, 
a compression of that amount is to be added to each of the 
above stresses in the verticals. 

In order to determine the maximum live load shear in any 
panel another shear diagram is necessary. On the horizontal 
axis AG in Fig. 82 let the positions of the panel loads be 
marked, and their magnitudes laid off on the load line ag. Let 
the pole be placed in a horizontal line through the beginning 
of the load line, the pole distance made equal to the span of 
the truss by the linear scale and the equilibrium polygon A'B'C 
. , H constructed. Now let the span be so placed that its 
tight support shall come at F, then every panel point from 3 
to 7 inclusive is loaded. By Art. 29 this position of the load 
gives the maximum live load shear in EF or DE of Fig. 59. 
The ordinate F'F" is equal to the reaction of the left support 
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and hence equals the vertical shear in the members named ; for, 
the ordinate being contained between the sixth side of the 
equilibrium polygon and the first side produced measures the 
sum of the moments of all the loads between them with 
reference to the section through F' (Art. 7). Calling the value 




of the ordinate y, the sum of these moments equals y X H. 
But the section at F' is at the right support of the truss, and 
hence the sum of the moments also equals the moment of the 
left reaction with reference to this support. Therefore 

yXH = Rxl, 
and since H was made equal to /, 

y = R. 

This may also be proved by drawing through the pole a 
parallel to the closing line F'l of the equilibrium polygon 
forming a triangle which is equal to IF'F" since one side is 
equal to its parallel IF" and all the sides of both triangles are 
mutually parallel. F'F" is hence equal to its parallel R. 

The ordinates taken in succession from ^' to A' measured 
by the scale of force give the maximum live load shears in 
each panel of the truss from left to right. The stresses in the 
diagonals are obtained from these shears in the manner indi* 
cated in Fig. 8i« The results by this method are found to be 
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the same as those given in Art. 30 in the line * -|" ^^tal * for 
the diagonals and in the line * — total ' for the verticals. 

For trusses with inclined chords the moment diagram gives 
only the horizontal component of any chord stress, the ordinate 
being measured in a section passing through the center of 
moments of the chord member. The shear diagram is not. 
applicable in such cases except for the purpose of finding the 
reaction from which the stress in the required web member 
may be found by the method of the force polygon. 

It will be observed by the student that the method of the 
equilibrium polygon does not indicate the character of the 
stresses as in the method of the force polygon. Whether a 
web member be in tension or compression is to be determined 
by cutting it by a plane, noting its direction and the sign of 
the shear, as was done in the analytic method in Part I, Art. 26. 

Prob. 49. Find the maximum and minimum stresses due to 
dead and live loads for the truss in Prob. 42. 

Art. 38. Excess Loads. 

It may be specified that a truss shall be designed to carry a 
given load extending over a certain distance in excess of the 
uniform live load. In a railroad bridge the excess load would 
represent the difference between the locomotive panel load and 
the uniform train panel load. 

The chord stress due to a single load P distant x from the 

left support is a maximum at the load, and for any position of 

the load 

^_M _ P{1- x)x ^ 

d Id ' 

^ being the bending moment at the load. If 5 be an ordinate 
corresponding to an abscissa x this is the equation of a parab- 
ola whose vertex is at the center of the truss. The middle 
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PI 

ordinate has a value of — r and the ordinates are zero at each 

end. The ordinate at each panel point is the maximum stress 
in the chord member whose center of moments is at that point. 

Although excess loads are not used in determining the 
stresses in highway bridge trusses, except for the floor system, 

yet as an illus- 
tration of the 
method let the 
Pratt truss in 
Art. 30 be 
taken and 
the maximum 
chord stresses 
be found for 
one excess 
panel load of 

5 tons. The ordinates in Fig. 84 are obtained as in the 
preceding article, the middle ordinate fk being 

^ PI 5 X 176 o /:.. 

5 = — 7 = ^ h- = 8.46 tons. 

4^ 4 X 26 

The other ordinates on either side are 3.7, 6.4, and 7.9 tons. 

Let it now be supposed that two excess loads of $ tons each 
and 50 feet apart are specified. Let their distance apart be 
taken as 44 feet or two panel lengths. For two equal loads the 
maximum stress in a chord member in the left half of the truss 
occurs when one load is at the section passing through its 
center of moments and the other load is toward the right. For 
the member AF one load is to be placed at apex 3 and the 
other at 5. The stress in AF due to the load at 3 is el which 
measures 7.9 tons. The stresses for the load at 5 are given by 
the ordinates of the triangle cng, and since en intersects el at 
m^ the stress in AF due to this load is em^ or 4.8 tons, and that 
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due to both loads is 7.9 + 4.8 = 12.7 tons. In a similar manner 
the other chord stresses are found. The stress in AH may 
however be larger when the loads are at 3 and 5, than when at 
4 and 6, being in this example 6.4 -j- 6.4 = 12.8 tons for the 
former and 8.5 + 4.2 = 12.7 tons for the latter position, fs being 
6.4 tons and fr 4.2 tons. 

By inspecting the table in Art. 30 it is seen that the maxi- 
mum shear in any web member in the left half of the truss due 
to a single live panel load occurs when the load is placed at 
the nearest panel point on its right, the shear being equal to 
the left reaction. For a single excess load P the vertical shear is 

t 

if V be an ordinate corresponding to an abscissa x this is the 
equation of a straight line. Thus, when ;r = o, V=^P and 
when ;ir = /, F= o. From these data the diagram for maxi- 
mum shear due to a rolling load may be readily drawn. 

For the above example let the span ab be laid off in Fig. 85, 
marking the panel points as indicated and erecting verticals at 
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all of these points. Let ca be made equal to 5 tons by scale 
and cb joined, then the ordinates to this line give the maximum 
shear for each panel. The ordinate at 3 which measures 3.1 
tons is the maximum shear in EF and DE and also the stress 
in DE. The stress in EF is given by a line drawn through the 
upper extremity of this ordinate with the same slope as EF 
and is found to be 4.1 tons. The stresses in all the diagonals 
may be obtained from cd = 6.56 tons by the use of a simple 
ratio which for EF is f and for HG is f . These stresses may 
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also be obtained directly from the tabulation in Art. 30, by 
multiplying the greatest live load stress in any member due to 
a single panel load by the ratio of the excess load to the live 

panel load. For example, the stress in EF is + i i.g X — — = 

14.52 

4-4-1 tons and that in DE is — 0.1 X — — = — 3-i tons, 

14.52 

The same method might be applied to the chords, but would 
require more work than that used in this article. 

For the two excess loads mentioned above the maximum 
stress in EF or DE is produced by placing one load at 3 and 
the other at 5. Let ce be drawn equal to f X 5 tons and e 
joined withy which is on the line be at a distance of two panels 
from b. The ordinates to the line efb give the maximum shears 
in each panel due to the two excess loads. The stress in DE 
is found to be 5.0 tons and in EF 6.6 tons. 

The chord stresses are as follows, 





RB and RC 


AD and RE 


AFtxARG 


AH 


First excess Ioad« 
Addition for second load, 


3 7 
3.6 


6.4 
4.2 


7.9 

4.8 


8.5 


Two excess loads. 


6.3 


10.6 


12.7 


2 X 6.4 = T2.8 



The stresses in the verticals are, 





BC 


DE 


FG 


HJ 


KL 


MN 


OP 


First excess load. 
Addition for second load, 


+ 5.0 



— 31 

- 1.9 


- 2.5 

- 1.3 


-1.9 
— 0.6 


-1.3 



-0.6 







Two excess loads, 


+ 5.0 


- 5.0 


-3.8 


- 2.5 


- 1.3 


-0.6 






and those in the diagonals are, 





AB 


CD 


EF 


GH 


JK 


LM 


NO 


First excess load, 
Addition for second load. 


- 5-7 
-4.1 


+ 4.9 
+ 33 


+ 4.1 
+ 2.5 


+ 3.3 
+ 1.6 


+ 2.5 
--a8 


+ 1.6 



+ a8 



Two excess loads, 


-9.S 


+ 8.2 +6.6 


+ 4.9 


+ 3.3 


+ 1.6 


+ a8 
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These results when combined with the stress given in Art. 34 
will increase the maximum stresses in all the members and 
reduce some of the minimum stresses in the web members. 
The addition of the stresses in the web members due to excess 
loads should properly be made in the tables in Art. 30 by 
inserting a line above the dead load stresses and then obtain- 
ing the maximum and minimum stresses anew. 

If one or more locomotive panel loads be required to precede 
the train on a railroad bridge, the maximum chord stresses in 
the left half of the truss will be obtained by placing the excess 
loads as near as possible to the left support. 

Prob. 50. A Pratt truss for a deck single track railroad bridge 
"has 6 panels each 13 feet 4 inches long and 13 feet 4 inches 
deep. Find the stresses due to one excess load of 6.5 tons 
per truss. 
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CHAPTER IV. 

LOCOMOTIVE AXLE LOADS. 

Art. 39. Standard Typical Loads. 

A uniform live load which is carried by the stringers and 
floor beams to the panel points of the trusses, giving uniform 
live panel loads throughout, is confined mainly to highway 
bridges. For railroad bridges it is generally specified that the 
live load shall consist of two typical consolidation locomotives, 
followed by a uniform train load of a given weight per linear 
foot of track. The given axle loads constitute a system of 
concentrated loads whose relations remain unchanged to each 
other and to the uniform load following them while passing 
over the bridge. 

Fig. 85a represents two typical locomotives followed by a 
uniform train load according to Cooper's standard loading, 

^. S3. ._. ._ ^ ^ -. ^ cy,. *o: vv. lo- ^ ^^ J^i K^i .^1 perhnft 
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Fig. 850. 

Class E 50. The numbers above the wheels show the axle 
loads in pounds and the numbers between them show their 
distances apart in feet. Other classes of Cooper's series have 
the same spacing of axles, while the loads on the correspond- 
ing axles are directly proportional to their class numbers. 
Alternate loads on two axles, 7 feet apart, are also specified 
for each class, the load on each of the two axles being 62 500 
pounds for E 50 loading. See also Art. 40 in Roofs and 
Bridges, Part I. 
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In his treatise entitled "Bridge Engineering," J. A. L. 
Waddell proposes a new series of locomotive loads which 
differs from Cooper's standard only by making the axle loads 
on the tenders equal to 70 per cent of those of the drivers, and 
by increasing the spacing between the last driver axle and the 
first tender axle to 10 feet, and by having the uniform load 
preceding as well as following the concentrated loads. The 
alternate axle loads are 20 per cent larger than the correspond- 
ing driver axle loads. 

In a paper entitled " Rolling Loads on Bridges," by J. E. 
Greiner, published in Proceedings of the American Railway 
Engineering Association, 1914, Vol. 15, Part 2, page 233, there 
are tabulated the live loads used by 39 railroads in the United 
States. Of these 39 roads all except the Pennsylvania Lines 
west of Pittsburgh employ a system of concentrated locomotive 
loads. See also the references on live loads for railroad bridges 
in Chap. IX. 

The following systems of loadings were in the third edition 
of this volume and are retained because they are used in some 
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Fig. 86. 



of the examples and problems. Fig. 86 represents two con- 
solidation locomotives and passenger locomotives, followed 
respec ively by a uniform train load as specified in 1886 by 
the Pennsylvania Railroad. Fig, 87 shows two consolidation 
locomotives specified by the Lehigh Valley Railroad in 1889. 
Fig. 88 gives the locomotive and train loads for Class T of 
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Waddell*S compromise standard system* which was first 
published in 1893. The other classes are designated as U, V, 

I fill If II I 







W, X, Y, and Z, all having the same spacing. The axle loads 
for each class are derived from those of the preceding class by 

li li I: ll I: li li ii li I! liiR: li §i §i li §i it^^t 

^ OOOQ 6 000 /(j) 0000 (!)0(!)(!)F^ 

Fic.88. 

subtracting the constant difference of i OOO pounds for the pilot 
axle and each tender axle, 3 000 pounds for each driver axle, 
and 200 pounds for the uniform train load per linear foot. 

A typical locomotive does not really exist, but is used so 
that the stresses due to it will be greater than those due to any 
locomotives that are likely to be built for some years in the 
future. See Manual of American Railway Engineering Asso- 
ciation for the latest general specifications for steel railroad 
bridges adopted by that Association. These specifications are 
used by a large percentage of the railroads in the United States. 

Prob. 51. Find the maximum shear in an I beam 15 feet 
in span under the load represented in Fig. 87. 

Art. 40. Analysis of a Plate Girder. 

To illustrate the method of determining the stresses when 
the live load consists of concentrated wheel loads, let a deck 
plate girder bridge for a single track railroad be taken, the 
span being 5 5 feet, measured between centers of bed plates, 
and the effective depth 5.5 feet. The total weight of both 
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girders and of the lateral bracing is 16.45 tons, and the floor 
system is estimated at 420 pounds per linear foot. The live 
load is to consist of one Lehigh Valley consolidation locomo- 
tive and tender followed by a uniform train load of 4000 
pounds per linear foot. It is required to find the maximum 
flange stresses and the maximum shears throughout the girder 
due to the above loads. 

The total dead load for each girder is first found to be, 
i (4^° X 55 + i6.4s) = 14.0 tons, 

2 \ 2000 ' -tjy T- 

which is regarded as uniformly distributed. As this is a single 
track bridge the live load is divided by two, and for conven- 
ience the weights are reduced to tons. 

On the axis AN^ Plate III, and to a scale of 8 feet to an 
inch, are marked the positions of the wheel loads and the 
beginning, middle and end of a portion of the train 20 feet in 
length. Through these points indefinite verticals are drawn. 
On the load line hk, at the left of the plate, the wheel loads 
are laid off successively to a scale of 10 tons to an inch fol- 
lowed by 20 tons — the weight of the 20 linear feet of train. 
The pole is chosen at a point above the middle of the load 
line, the pole distance being five times the depth of the girder, 
or 27.5 feet. It is not necessary to draw the rays from the 
pole, as the direction of each ray is determined by the pole and 
a point on the load line through which points the edge of the 
triangle is passed in the construction of the equilibrium poly- 
gon A'B'FL'M'N". As the train load is not concentrated at 
its center but is uniformly distributed the required part ZViV 
of the equilibrium polygon i^ a parabola tangent to LM' at U 
and to MM at N' (Art. 10). The construction is indicated on 
the diagram. The; portion A'B^ of the polygon is a straight 
line parallel to ho and is produced as far as needed. 

The left half of -the girder is divided into five equal p^rts 
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each 5.5 feet in length, and the sections numbered as shown. 
After erasing the lines of action of the wheel loads above the 
equilibrium polygon, a series of verticals are drawn 5.5 feet 
apart. The two verticals each marked cc' are 55 feet apart 
and c'c' is the closing side of the equilibrium polygon for the 
position cc of the girder. For this position the first driver 
stands at section 3 of the girder. The ordinate Pd! represents 
the flange stress at section i for this position of the load, the 
ordinate Qe^ for section 2, and so on. The closing lines a' a' 
^^g'&' are drawn, and all points on these lines distant one 
space from the left end are united by the curve PP^ those dis- 
tant two spaces from the left end by the curve QQ^ those dis- 
tant three spaces by RR, those distant four spaces by 55, and 
those distant five spaces by the curve TT, The ordinates 
between the polygon and the curve PP indicate the successive 
values of the flange stress at section i as the girder is moved 
from left to right with respect to the load, or, in other words, 
as the live load passes over the girder from right to left. The 
maximum ordinate between these lines is directly over the 
first driver, indicating that when the load is placed so that the 
first driver stands at section i it will give the maximum flange 
stress at that section. The maximum is always located at a 
vertex of the polygon, that is, at one of the loads. When the 
ordinate is not at an intersection through which the upper 
curve was drawn its length should be tested by drawing the 
closing line for the required position of the load. The pole 
distance H being five times the depth of the girder this ordi- 
nate must be measured with a scale five times that used on the 
load line or 50 tons to an inch. Applying the scale it is found 
to be 38.0 tons. The maximum ordinates to QQ and RR are 
66.2 and 85.9 tons respectively, both being at the second driver ; 
and the maximum ordinates to 55 and TT are 97.0 and 99.6 
tons, both being at the third driver. 

The center of gravity of the locomotive and tender is 3 
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feet behind the third driver. When the load is so placed that 
the center of the girder is midway between these two points, 
only these loads being on the girder, the absolute maximum 
flange stress will occur in the section at the third driver. The 
section is therefore 1.5 feet from the center of the girder and 
the flange stress is 100.3 tons. The closing line for this posi- 
tion is shown near dd. 

On an axis equal to the span in length and divided like the 
girder into ten parts the flange stresses just found are laid off 
as ordinates and a curve drawn through their upper extremi- 
ties. Only one half is shown in the lower left side of the plate, 
the other half being symmetrical with it. 

The diagram for flango stresses due to the dead load is now 
constructed below this axis by the method of Art. 35, and by 
measuring the ordinates the flange stress for the different sec- 
tions of one-half of the girder are found to be 6.3, 11.2, 14.7, 
16.8, and 17.5 tons respectively. These are to be added to the 
live load stresses in order to obtain the maximum stresses in 
the flanges. 

To determine the maximum live load shears another equi- 
librium polygon A"B"D"L"N" is drawn by taking a new pole 
distance equal to the span, and as it is convenient to have the 
fii-st side A^'B'' horizontal the pole^' is placed directly opposite 
A, the beginning of the load line. From the first driver at C 
the span is laid off toward the right extending to /and then 
successive positions ee^ dd^ etc., of the girder are marked when 
it is moved toward the left 5.5 feet at a time. The ordinates 
f"z.. (F^d . . a!' a are the corresponding reactions of the left 
support (Art. 37) and those portions of the ordinates above 
the line uws are the maximum shears at the sections. The 
line uw is parallel to ae^ ua equals 4 tons — ^the load on the pilot 
wheel — ^and wg is a part of B"C" produced, w being 55 feet 
distant from ff\ It is found that the maximum shear is caused* 
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in each section when the leading driver stands at that section 
and the load covers the right segment of the girder. For 
instance, when the first driver is at section 5 the shear is ci'u 
or 13.6 tons, when the pilot is placed at 5 the shear, measured 
on the ordinate at the left of a!'u^ is 10.6 tons, and for the sec- 
ond driver at 5 the corresponding ordinate (not shown on the 
plate) is still smaller. When the first driver is at the left sup- 
port the reaction and also the shear at the support are equal to 
f"z or 45.0 tons,/"^ lying between the polygon and the second 
side B"C** produced, since the pilot is beyond the girder (Arts. 
7 and 35). The shears for the sections from o to 5 are 45.0^ 
38.0, 31.3, 24.9, 18.9, and 13.6 tons respectively. If shears are 
desired for intermediate sections they may be measured di- 
rectly on the diagram. 

The above shears may also be obtained from the moment 
diagram used for finding the flange stresses. When the first 
driver is at section 5 the closing line of the polygon is a' a! and, 
drawing parallel to this a ray through ^, it is found to cut off 
on the load line a reaction of 17.6 tons or a shear of 13.6 tons. 
The other rays shown are parallel to the closing lines W to 
f'f. If one of the series of equidistant verticals did not coin- 
cide with the first driver another series of closing lines would 
have to be drawn to find the shears in this manner. The pre- 
ceding method is usually the most economical in labor, but in 
this example the method just given has the advantage. 

The shears due to dead load for the left half of the girder 
iare given by the triangular shear diagram on the right of the 
lower end of the load line, and are to be added to the live load 
shears. Their values for the sections o to 5 are 7.0, 5.6,4.2, 
2.8, 14, and 0.0 tons. 

Sometimes an approximate method is employed in which 
the pilot wheel is omitted from the system of loads. The dif- 
ferences between the true and the approximate shears ih this 
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e3cample are indicated on the diagram by the ordinates between 
the lines uw and C "w. 

In practice the equidistant verticals corresponding to the 
divisions of the girder are drawn upon a separate sheet of trac- 
ing paper that may be shifted horizontally over the one on 
which the equilibrium polygons are constructed. This facili- 
tates some parts of the process very materially. 

If two coupled locomotives be specified instead of one the 
maximum flange stresses will be somewhat greater, as in that 
case the drivers of the second locomotive when placed at the 
various sections give the positions for maximum moment. 
This may be seen from the fact that the straight line B'A' will 
be replaced by a broken line starting from B' and bending up- 
ward, thus raising the left ends of a number of closing lines and 
consequently increasing the ordinates between them and the 
polygon. 

Prob 52. A plate girder for a single track bridge has a span 
of 31 teet 6 inches and a depth of four feet. Find the flange 
stresses and shears due to two coupled Pennsylvania consoli- 
dation locomotives. 

Art. 41. Analysis of a Pratt Truss. 

Let the example whose computations were made in Part I, 
Art. 63, be taken in order to compare the accuracy of the 
graphic method with the analytic method. The truss is a 
through Pratt for a double track railroad, of 140 feet span, hav-: 
ing 7 panels, each 20 feet long and 24 feet deep. The dead' 
load per linear foot is i 400 pounds or 0.7 tons, and the live load 
a Pennsylvania typical passenger locomotive and tender fol- 
lowed by a uniform train load of 3 000 pounds or 1.5 tons per 
linear foot. Of the dead load 400 pounds per linear foot is to 
be taken on the upper chord. 

As the construction required by this example (see Plate IV) 
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is in many respects similar to that in the preceding article, only 
those features which are different need explanation. The linear 
scale used on the original drawing was lo feet to an inch, and 
the scale of force 20 tons to an inch. The pole distance is 
taken as twice the depth of the truss or 48 feet. The verticals 
above the equilibrium polygon are 10 feet or half a panel length 
apart, and the maximum ordinates for the sections through the 
panel points are drawn in heavy lines. The ordinates are 
measured by double the scale used in laying off the load line 
or 40 tons to an inch, and their values marked on the diagram. 
The maximum ordinate below the curve SS^ drawn for the sec- 
tion through the fourth panel point, is smaller than that for 
the third, and is the last one required for the chord stresses. 

If the Pennsylvania consolidated locomotive be used instead 
of the pa^enger locomotive, the maximum ordinates for the 
sections at 3 and 4 will be found at such positions as to place 
the engine beyond the bridge, and toward the right of these 
ordinates the stress curves will be parallel to the equilibrium 
polygon. 

In the shear diagram on Plate IV the ordinates at d'\ V\ 
etc., represent the reactions of the left support for various 
positions of the load since the pole distance o'h is 140 feet, the 
length of the span. For instance, the left reaction when the 
first driver is at 2 is the ordinate below V which measures (by 
the scale of 20 tons to an inch) 79.2 tons. The shear in the 
second panel is this reaction minus that portion of the load on 
both pilot wheels carried by the stringers to the floor beam at 
I, or 9.4 tons. Laying this off from ^" downward and drawing 
a line parallel to the diagonal CD the stress for that member 
is found to be 90.8 tons. If any other load be placed at 2 a 
smaller stress is found. 

In the fifth panel the positive live load shear is a maximum 
when the second pilot wheel is at the panel point on the 
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right. The difference between the reaction and the shear is 
then 2.2 tons. The construction for two positions of the load 
is given for the fourth and fifth panels. The positive live 
load shear is a maximum in the sixth panel when the first 
pilot wheel is at panel point 6. The shear is then equal to 
the reaction, its value being 2.7 tons. The construction is 
omitted on the plate. The one shown is that due to th^ 
second pilot wheel at panel point 6. 

The tension in the suspender BC is equal to that portion of 
the loads between o and 2 that is carried by the stringers to 
the floor beam at i, such loads being brought on as to make it 
a maximum. This condition requires the drivers to be near i. 
To determine this the small equilibrium polygon is drawn 
directly below the locomotive wheels using a pole distance 
equal to the panel length. The pole is o''. When the first 
six wheels are so placed between o and 2 that their center of 
gravity is at I, the reactions at o and 2 are each 16.7 tons, as 
given by the ordinate above the intersection of the outer sides 
produced (Arts. 7 and 37). The reaction at i is therefore 
(8 + 8 + 20 — 16.7)2 = 38.6 tons. The first driver is next 
placed at I, thus moving the second tender wheel beyond 2, 
and the sides of the polygon are produced to meet the vertical 
under this load. The reaction at i is then 64 — (9.4+ 15.0) 
= 39.6 tons. When the second driver is placed at i the reac- 
tion at I is 64 — (9.6 + 14.8) = 39.6 tons. The greatest live- 
load tension in BC is therefore 39.6 tons. 

It will be observed by the student that the ordinate of 9.4 
tons under the first driver gives the amount that is laid off on 
five of the ordinates on the large shear diagram, while the small 
ordinate of 2.2 tons under the second pilot is deducted from 
three of them. 

Another method of finding the stress in BC when the first 
driver is at i is shown on the diagram including the load line. 
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in which ot is parallel to the closing line/V and ou is parallel 
to the closing line /'A'. 

The stress diagram for dead load when the diagonals all 
incline one way is shown on the left of the shear diagram. 

The stresses thus obtained are for the chords, 
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for the diagonals, 
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The live load stress in AH is — 154.5, and that in RG is 
-f- 153.5 tons, because under the loads which cause both 
chord stresses of these magnitudes combined with the dead 
load the shear in the middle panel is negative, thus bringing 
into action the diagonal which slopes downward toward the 
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left. As, however, the dead load shear is zero, its sign 
depends only on the live load and may therefore be most 
readily determined by drawing the corresponding closing lines 
on the moment diagram on Plate IV and observing the 
relative lengths of the ordinates at panel points 3 and 4, as 
explained in Art. 9. In both cases the ordinate at panel 
point 3 was found to be the greater. In practice the larger 
of the two values is often used for both chords of the middle 
panel. 

The maximum and minimum stresses are found in the 
manner explained in Art. 30. The table shows that theoreti- 
cally only the middle panel needs to be counterbraced, but 
practically counters would be inserted in the third and fifth 
panels to provide for some loads which might be allowed to 
cross the bridge before it would become necessary to replace 
the structure on account of the permanent increase in the 
weight of locomotives and trains demanded by the regular 
traffic. 

As no counter tie is called into action in the third panel by 
the specified loads, the minimum stress in the vertical DE is 
shown to be — 18.0+ 11.7 = — 6.3 tons, because the live 
load stress in DE when the load comes from the left is equal 
in magnitude and opposite in sign to that in HJ (which 
equals the shear in JK^ for the live load coming on the bridge 
from the right. Had the counter yAT been required, then the 
minimum stress in DE would have been the dead panel load 
on the upper chord, or — 4.0 tons. The stresses in HJ and* 
KL given in the table are not real, as the adjacent counters, 
JK and LM never act under the given loads. 

On comparing these results with those obtained by the 
analytic method it is seen that the average difference between 
them is about O.i ton, the only difference exceeding this 
amount being 0.3 ton for the chord members >1Z) and ^£, 
the value obtained by computation being 131.1 tons. The 
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analytic method, however, gives another position of the live 
load which also satisfies the condition for the greatest stress 
in these chord members, namely, when the second driver 
stands at 2. The computed stress for the position is 130.3 
tons. Two computations are also required for the stresses in 
RB = RC and in GH. 

Prob. 53. A through Pratt truss for a single track railroad 
bridge has 7 panels each 2 1 feet 6 inches long and 26 feet 
deep. The trusses are 14 feet 8 inches apart center to center 
of chords. The.dead panel load is 1.93 tons on the upper 
and 6.33 tons on the lower chord. Tlie live load is to con- 
sist of two coupled Lehigh Valley consolidation locomotives 
followed by a uniform load of 4 000 pounds per linear foot. 
Find the maximum and minimum stresses. 



Art. 42. Moments in Plate Girders. 

In Art. 40 the equilibrium polygon was drawn with a pole 
distance equal to a multiple of the depth of the girder, mak- 
ing it possible to read the values of the flange stresses directly 
from the diagram with the scale. This is convenient for a 
single example, but if a number of girders are to be analyzed 
for the same live load it will economize labor to plat the 
equilibrium polygon on a sheet of profile paper by laying ofiF 
the moment ordinates under each wheel as taken from a 
tabulation diagram similar to the one shown in Part I, Art. 41. 
Such an equilibrium polygon, or wheel load moment diagram, 
is shown in the line ABC'jy in Fig. 89. The first side AB 
is horizontal, and coincides with the axis AX. The total 
ordinate at any point represents the sum of the moments of 
all the wheels on the left of the point with reference to the 
point as a center of moments. If the side lying directly 
under the pilot (indicated by two sides of a triangle) of the 
second locomotive be produced to meet the ordinate at C\ 
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the portion of the ordinate above this line represents the 
moment of the entire second locomotive about the head of 
the train, while the portion below the side produced repre- 
sents the moment of the first locomotive about the same 
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Fig. 89. 

pointt the values of these moments being read off directly 
from the sheet with its engraved scale (see Art. 7). As large 
a scale of moments should be adopted as possible without 
making the sheet too unwieldy to handle conveniently. 

In the same article the maximum flange stress for any given 
section was obtained by practically finding the stresses for 
many different positions of the live load and selecting the 
largest one. If the position of the load which produces the 
maximum moment, and therefore the maximum flange stress, 
could first be determined, it would be necessary to find the 
value of only one moment for each section. This will now 
be done. 

The criterion for the position of the wheel loads which 



126 LOCOMOTIVE AXLE LOADS. CHAP. IV* 

produces the maximum moment at any section of a girdet 
which supports the load directly, is 

in which W is the whole load on the girder, P' the part of the 
load on the left of the section, /' the distance from the section 
to the left support, and / the span. This formula may be 
deduced in a similar manner to those in Part I, Art. 45. It 
is really the same formula as that which applies to vertical 
sections through the panel points of trusses with vertical 
posts, and to the panel points of the loaded chord of those 
with inclined web members. In plate girders with stringers 
and floor beams the criterion applies only to the sections at 
the floor beams. If the cross ties rest directly on the girder, 
or if a solid metal floor is adopted which is supported at 
points very close together like the cross ties, the load is 
regarded as supported directly, and the above formula may 
be applied at any vertical section whatever. 

To use this criterion let a load line ABCD^ composed of a 
series of steps, be constructed on the same sheet as the wheel 
load moment diagram, as shown in Fig. 89. The rise in any 
step indicates the weight and the position of the correspond* 
ing wheel. Any ordinate to this load line gives the sum 
of all the loads on its left, and its value can be read off di- 
rectly. 

On a sheet of tracing paper let the span ab of the girder be 
laid off to exactly the same linear scale as that of the profile 
paper containing the load line and moment diagram, and let 
the half span be divided into the required number of equal 
parts and indefinite ordinates erected at these points. Fig. 
90 shows the completed diagram for a span of 80 feet placed 
in position on the load line. The live load used in this 
example is given in Fig. 87. 

It is very important that when the base lines of the two 
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diagrams coincide, their ordinates shall be truly parallel. The 
sections are five feet apart and the 20-foot section is made to 
coincide with wheel 4. If this be the proper position for 




o* 



Fig. 90. 



the maximum moment in' the 20-foot section, the equation 
P' ^z -tW must be satisfied. Remembering that the hori- 
zontal axis on the left of a is to be considered as a part of 
the load line, connect by a straight line the points a and d 
where the ordinates at the supports intersect the load line. 
Now the ordinate bd equals Wy ab equals /, ae equals /', and 

hence W-j is represented by the ordinate ei. If the wheel 4 

is just on the right of the section the ordinate eh represents 
P\ if just on the left the ordinate ek is the load P' \ and 
when it is at the section the load P' may be regarded as 
having any value between these limits. The condition is 
therefore satisfied, and this position will give the maximum 
moment at section 20^ All the possible positions for all the 
sections can be determined in a few miniitesr by using a small 
silk thready shifting the tracing paper in each case so' as to 
ll^Hng a wheel oyer thi; section* stretching the thread as. indi* 
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cated above and noting whether it intersects that wheel on 
the load line. The graphical method of determining position 
by means of a load line was first published by Ward Bald* 
WIN in Engineering News, Vol. XXII, pages 295 and 345, 
See also letter of Dec. 11, 1889, on page 615. 

By remembering the condition of loading required for uni- 
form and excess loads, it is clear that the wheel loads should 
at first be approximately placed so as to cover the entire 
girder, and then if most of the drivers are on the left of the 
section the load should be moved somewhat toward the right. 
If by running off some light wheels on one end heavier ones 
may be brought on the girder at the other en4 without 
removing the drivers much farther from the section, the 
moment may probably be increased. By such considerations 
the labor of determining position may be reduced. 

The value of the maximum bending moment at section 20^ 
may now be obtained by drawing the closing line and measur* 
ing the ordinate fg. A scale consisting of a separate strip of 
profile paper cut from the same sheet is convenient for this 
purpose. If the left end a of the closing line were always on 
the axis aby greater precision would be attained by reading the 
moment bc^ multiplying it by the ratio /' -f- /, which in this 
example is one-fourth, and subtracting the moment ef^ which 
is known and usually marked on the diagram. In plate 
girders, however, a is frequently not on the axis. In the 
above girder the positions satisfying the criterion for the 
various sections were found to be as follows: 

Wheel at Section. 
4t 12, 13 
12, 13 
12, 13 

4» 5. 8. 9» iOi "» 13 

It is therefore better to make the scale large enough to insure 
the requisite precision when the ordinates are read off directly 



Section. 


Wheel at Section. 


Section. 


5' 


2, 3 


25' 


10' 


2> 3.4 


30' 


15' 


3.4 


35' 


20' 


4. 13 


40' 
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by a separate scale so that only one value needs to be 
recorded. Where more than one position satisfies the con- 
dition^ the use of the dividers will show which is the largest, 
and its value alone needs to be carefully read and recorded. 
In order to enable a large vertical scale to be used on the 
width of an ordinary sheet of profile paper, the equilibrium 
polygon, or moment diagram, was consolidated as shown in 
Fig. 91. In this way the vertical divisions on pro- 
file paper, plate B, which measure a little more 
than 0.8 inch, could be taken as 500 thousand 
pound-feet instead of 1000 thousand pound-feet 




Fig. gt. 

as before. The linear scale used was 4 feet to an inch, the 
actual working diagrams being therefore about ten times as 
large as those here given. 

By reference to the above table of positions it is seen that 
the ordinates to be measured lie in the left half of the diagram 
so that acute intersections of the ordinates with the polygon 
are avoided. If this diagram were not also to be used for 
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obtaining shears, a further improvement would be made by 
inclining the axis downward towards the right, thus bringing 
the closing lines more nearly horizontal. 

Referring again to Fig. 90 in order to call attention to the 
relation between the analytic, and graphic methods, it should 
be observed that if no load is off the girder at the left, the 
ordinate eg is the moment of the reaction while ef is the 
moment of the loads on the left of the section, the center of 
moments being at some point in the section. If, however, 
some loads have passed beyond the left support, then the 
corresponding point e will lie on that side of the equilibrium 
polygon produced which is intersected by the vertical at the 
left support. 

In plotting the load line and the equilibrium polygon the 
values generally used in practice correspond to the weights on 
one rail only, since single track bridges are so much more 
numerous than those with a double track. As it is customary 
to mark the stresses in pounds on stress sheets, it is preferable 
to plat the weights in units of 1000 pounds and the moments 
in units of 1000 pound-feet. 

If a plate girder has floor beams and stringers, its bending 
moment diagram for the live load, corresponding to that 
shown above the axis in the lower left corner of Plate III, 
will be bounded by irregular curves between the moment 
ordinates at the floor beams, or panel points. These curves 
may be concave as well as convex, and may be replaced by 
right lines for all practical purposes. The more precise 
determination of intermediate moments will be treated in 
Art. 56. 

An accurate representation of the dead load bending 
moment diagram consists of two parts, one due to the weight 
of the floor system, which is concentrated at the panel points 
and which may be plotted above the axis ; the other due to 
the uniformly distributed weight of the girder itself. Fig. 
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92 shows the moment diagrams of a through plate girder 
whose span is 80 feet^ and whose floor system has five panels. 




Fi£. 9a. 

The upper diagram gives the moments due to live load, and 
the lower one those due to the dead load. 

Prob. 54. Construct the diagrams described in this article, 
check the positions given in the table, find which position 
gives the maximum moment at each section and the values of 
these moments. 

Art. 43. Shears in Plate Girders. 

In Art. 40 it was shown that the maximum shear in any 
section occurs when one of the wheels at the head of the loco- 
motive is at the section. If M' be the moment of all the 
loads on the girder about the right support when wheel i 
is at the section and M'' when wheel 2 is at the section, the 
corresponding values of the vertical shear are 



V — -— 



M" 
and F; = -7--/>, 



P^ being the weight of wheel I. If the load is directly 
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supported by the girder there will be some section where the 
shear due to both positions is equal. Equating these values 
and transposing, 

J/" - J/' = P,l. 

In Fig. 93 let cd be the moment M'* and ab the moment 
M\ The distance ac between these moment ordinates is 
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equal to the distance between wheels i and 2. If F", = F,, 
de -=• cd — ab '=' M'^ — J/' = -P,/. The position of the sec- 
tion where F, = V^ may then be found as follows: Place the 
girder diagram (constructed on the tracing paper as described 
in the preceding Article) on the locomotive moment diagram 
(Fig. 89) with its left support at wheel i, and mark on its sec- 
tion or ordinate at the right support the distance to the line 
Bb^ which is the side of the equilibrium polygon on the right 
of wheel I produced. This is PJi (Art. 7), Move the former 
diagram to the left until the section at the right support is at 
wheel 2, and mark the position of wheel i. The two points 
marked are shown in Fig. 93, at d and b^ respectively. Now 
move the tracing with the point d remaining on the equi- 
librium polygon and with its axis horizontal until a position 
is reached where b is also on the polygon. Mark the position 
of wheel 2 at /. It is easily remembered what wheel is to be 
marked by noticing that the right-hand ordinate cd is M'\ 
which by the notation is the moment at the support when 
wheel 2 is at the section. At every section, therefore, 
between / and e the greatest shear will be produced when 
wheel I is at the section, and for all sections between / and g 
the left support) when wheel 2 is at the section. 
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In the girder under consideration the shears under the first 
two wheels are equal at a section a little over 60 feet from the 
left support. For the live load here employed no plate girder 
has been built of so large a span as to cause wheel 3 at any 
section to give a greater shear than wheel 2. 

The load is now placed in position for the different sections 
successively, and the corresponding moments at the right 
support read off. When these are divided by the span the 
left reactions are obtained, and from the reactions the shears 
are found by subtracting /\ in the case of those sections for 
whose position /\ lies between the section and the left sup- 
port. For the section at 15' the moment at the right support 
is 7 040 thousand pound-feet. This gives a reaction of 7 040 
-i- 80 = 88.0, and a shear of 88.0 — 8 = 80.0 thousand 
pounds, or 80 000 pounds. For the section o wheel i is off 
the girder, and hence the ordinate below the line Bb in Fig. 
89 must be deducted from the moment at the right support. 
The shear at o is found to be (10225 — 705) -7- 80 = 119.0 
thousand pounds. The values of the shears from sections o 
to 46' inclusive are 119.0, 105.6, 92.6, 80.0, 68.8, 58.9, 50.1, 
41.8, and 33. 9> all expressed in units of a thousand pounds. 
The form of diagram employed (Fig. 91) indicated at a glance 
that a single locomotive followed by a train produces slightly 
greater shears at sections 15', 20', 25^ and 30' than the load 
with two locomotives, their values being 80.4, 69.8, 59.8, and 
50.4 thousand pounds respectively. 

Usually only the maximum shears in one-half of the girder 
are required, but in order to show the variation of shear across 
the entire girder as well as the minimum values, the shear 
diagram due to dead and live load is shown in Fig. 94. The 
greatest live load shears (all positive) are laid off above the 
axis and the dead load positive shears below the axis, so that 
the diagram combines their values. The point of zero shear 
is at S5*6' ^^ ^^ ^5'^ f^^^ Ivom the middle of the girder. 
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The shear may therefore change sign at all points within this 
distance on each side of the middle. If the live load were 
uniformly distributed, the shear curve would be a 
parabola, with its vertex at the right end of the 
girder. 

When the live load consists of passen* 
ger instead of consolidation locomotives 
it is possible that for some spans the 

section in which F, = V^ 
may be on the right of 
that where F, = V.. in 
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which event it is necessary to find 
where F, = F,. No position for 
maximum shear then requires 
wheel 2 to be at any section. 

If the girder is divided into panels by floor beams the 
criterion for position for maximum shear is the same as for 
trusses with parallel chords. The necessary formula was 
deduced in Part I, Art. 43, but its graphic application will be 
deferred to Art. 45. The live load shear curve would be 
transformed into a series of steps like that in Fig. 81, and the 
dead load shear diagram would consist of two parts, one for 
the floor system which is concentrated at the panel points, 
and the other for the weight of the girder itself, which is 
uniformly distributed. 

Prob. 55. Take the plate girder used in the example in 
Art. 40, find where F", = F,, and the values of the maximum 
shears due to one Lehigh Valley consolidation locomotive and 
train. 
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Art, 44. Simultaneous Moments. 

In designing the riveting of the flanges to the web of a 
plate girder it is necessary to have the horizontal shear 
between them or the increments of flange stress between the 
sections for which the bending moments and vertical shears 
were found. If the sections 
are a distance dx apart the 
difference of bending moments 
dM is a maximum when the 
load is so placed as to cause 
the vertical shear to be a max- 
imum, since from mechanics 
dM^ Vdx. When the dis- 
tance between the sections is 
greater than dx the difference 
of bending moments is a max- 
imum when the loads are so 
placed that the vertical shear 
is a maximum in the section Fig. 95. 

nearer the middle of the span, and this holds true for uniform 
loads until the sections are separated a distance somewhat 
less than half the span. As the sections are not taken 
farther apart than the depth, which even in short spans is 
generally less than one-eighth of the span, the exact value 
of the limiting distance referred to need not be determined. 

The following table contains the simultaneous bending 
moments in each pair of adjacent sections of the girder used 
in the preceding two Articles when the live load is so placed 
as to produce the maximum shear in the section nearer the 
middle of the girder. The moments are expressed in thousand 
pound-feet. The differences in this table are to be increased 
by the corresponding differences in the dead load bendin^^ 
QiQtnents; The moments themselves are laid off 9& ordinate^ 
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in Fig. 95, those of each pair being joined by a right line. 
The upper curve gives the maximum liVe load bending 
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moments. Those due to dead load are laid off below the 
axis. 

Prob. 56. Find the simultaneous moments in the sections 
of the plate girder used in the example in Art. 40 (see Plate 
III). 



Art. 45. Shears in Trusses. 

In a similar manner to that explained in Arts. 43 and 42 
for a plate girder the shears and bending moments in the Pratt 
truss in Art. 41 can be found by means of a single diagram 
for the locomotive and train load, the positions which give 
the maximum stresses being first determined by means of the 
load line. 

In Part I, Art. 43, the criterion for the position of the live 
load producing the greatest vertical shear in any section of a 

truss was found to be P'' = — fF, in which Wis the whole 

m 

load on the truss, P" the wheel loads (one or more) on the 

panel cut by the section, and m the number of panels in the 

truss. Let this equation be transformed into fF= mP". 

When the truss diagram is placed on the load line the value 
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of W can at once be read off on the ordinate at the right 
support for any given position of the truss with respect to the 
loads. If wheel 2 be placed just on the right of a panel point 
W^must be equal to mP^, and if just a little to the left of the 
same panel point then W must be w(/\ + P^. The condition 
will therefore be satisfied if wheel 2 is at the panel point, and 
the value of Wis found to lie between the values mP^ and 
m{P^ + -^i)' ^^^ similarly for any other wheel. 

In this example, fn = y. Pi = 8 tons, Pi + P^= 16 tons, 
and Pi + P2 + -Pa = 3^ tons. The following table is then 
arranged, like that shown in Part I, Art. 43, for the correspond- 
ing analytic method. 

Values of P". 



No. of Wheel at Right 
End of Panel. 



(I 



M 



Corresponding 
Values of «/*". 

o- 56 tons 
56-112 
112-252 



(« 



(< 



I 0-8 tons. 

2 8"i6 

3 16-36 

The moment diagram of the single Pennsylvania passenger 
locomotive and train is constructed like that illustrated in 
Fig. 89, and the truss diagram (like Fig. 96) is drawn to the 
same linear scale on a sheet of tracing paper, but with the 
verticals extended as high as the moment diagram. To find 




Pig. g6. Piff. 97. 

the position for maximum shear in Cc and Cd due to this load 
shift the truss diagram on that of the load line until wheel 3 
is at ^/. If this is the correct position the load on the truss 
must be between 112 and 252 tons. This is found to be the 
case, its value being 154 tons. For the greatest positive 
shear in Fg- (which equals the greatest negative shear in Be) 
wheel 2 is placed at ^, The load W is then 56 tons, which 
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just meets the condition and indicates that wheel i at ^ 
should also be tried. In the latter case W is 36 tons. The 
positions are all recorded in the following table. In practice 
it is preferable to obtain all the positions before reading o£F 
any moments from the equilibrium polygon, that is, to deal 
with only the load line at first and with the equilibrium poly- 
gon afterwards. 



Panbl. 


Whebl at 

Right End 
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AT Right 
Support. 


Moment at 

Right End 

opPambu 
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aB 
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25.9 
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a 
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44 
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a 
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44 
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fg 


a 


645 


44 


2.4 






- 


I 
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2.8 


-f 3.6 


J'g 



The moments in the third column of the table may now be 
read directly from the diagram. Those in the next column 
were computed and marked on the diagram when it was con- 
structed. They are all expressed in tons-feet. Since the 
span is 140 feet and the panel length 20 feet, the shear in Cc 
and Cd is (7 730 -r- 140) — (188 -^ 20) = 45.8 tons. As it is 
not necessary to know the value of the reaction separately, 
and as usually the panel length is not such a simple number 
as the above, it is better to multiply the moments in the 
fourth column by the number of panels in the truss, subtract 
the products from the moments in the third column, and 
divide the remainder by the span. Thus the shear in Cc and 
Cd is (7 730 — 7 X 188) -T- 140 = 45.8 tons. The stresses 
are obtained from the shears either graphically or by the aid 
of logarithms, as may be more expeditious. . • ^ .%/ 
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As the method described above is the exact graphic equiva- 
lent of the analytic method given in Part I, Art. 44, the 
student should make a careful comparison between them. 
Fig. 97 is placed beside Fig. 96 as an aid in comparing the 
results obtained by the analytic and the two graphic methods. 

The criterion for position used in this Article applies to all 
trusses with horizontal chords and single systems of webbing, 
like the Howe and the Warren as well as the Pratt truss. 
When one or both of the chords are inclined, the maximum 
shear does not give the maximum web stresses, since the 
chord takes some of the shear. The method of finding the 
position of the live load for trusses with inclined chord mem- 
bers will be given in Art. 49. 

Prob. 57. The Pratt trusses of a single-track through rail- 
road bridge have seven panels, each 25 feet 8 inches long and 
32 feet deep. Find the shears and stresses in all the web 
members except the suspenders due to two Lehigh Valley 
consolidation locomotives and train (see Fig. 87 in Art. 39). 

Art. 46. Floor-beam Reactions. 

In order to find the maximum floor-beam reaction or stress 
in the suspender jff^ due to locomotive wheel loads it is neces- 
sary to deduce additional formulas. In Fig. 96 let Ra be 
the stringer reaction at a, and -/?* the sum of the adjacent 
stringer reactions, or the floor-beam reaction, at 6. Let P be 
the whole load on the two stringers of equal spans ab and 6cj 
and ^ the distance of the center of gravity from c; let P' be 
the load on abj and £•' the distance of its center of gravity 
from 6. Since the sum of the moments of loads and reactions 
about d is zero, 

Rap-P'g'^O, or R.p^P'g\ 
Taking momenta about c^ 
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Substituting and reducing^ 

Pg- 2P'g' 

/Ca= ^ 

p 

If the loads be moved a distance dx to the left both g and g^ 
will receive an increment dx^ and Rj, an increment 

__, Pdx — 2P'dx 
dRi = . 

/ 
Placing the derivative equal to zero gives 

P=2P'. 

That is, when the live load in both panels is double that in 
the panel ab the resulting value of Ri, is a maximum. This 
is the same condition as for finding the maximum bending 
moment at the middle of the girder whose span is ac. 

The use of the load line gives the position very quickly, and 
the moments Pg and P'g' can be read off on the moment 
diagram. If Mc be the moment ordinate at c, and M^ that at 
by the value of R may be more conveniently expressed and 
remembered as 

R,= . 

In the case of bridges where the two panels at the end, /, 
and /„ are not equal, the value of R^ deduced in a similar 
manner is 

the criterion for loading being that which produces a maxi- 
mum moment at ^ in a girder whose span is ac^ /, being the 
span of the stringer ab^ and /, the length be. 

In applying this condition for loading, one of the heaviest 
loads should be placed at b and as large a load brought on 
the two panels from a to r as possible. When wheel 3, in 
the example used in the previous Article, is placed at b and 
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the thread is stretched to unite the intersections of the 
ordinates at a and c with the load line, it crosses the step 
representing wheel 3 and hence satisfies the condition. The 
moment at ^ is i 170, and that at ^ is 188 tons-feet, whence 
Bb = {i 170 — 2 X 188) -T- 20 = 39.7 tons. When wheel 4 
is at b the condition is also satisfied, and the corresponding 
stress found to be the same as for the other position. 

Prob. 58. Find the stresses in the suspenders in Prob. $7 
in the preceding Article. 



Art. 47. Moments in Trusses. 

The method used in the preceding Article in obtaining the 
maximum shears will now be employed to find the maximum 
chord stresses in the same truss and due to the same wheel 
loads. 

The condition for loading is expressed by a formula 
deduced in Part I, Art. 45, which, in slightly modified form, 
was given in Art. 42 and its application to a plate girder fully 
explained. As there stated, it applies only to the bending 
moments in vertical sections through the panel points of the 
loaded chords of trusses. The positions are recorded in the 
following table for the required sections of the left half of the 
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truss. As for the section Ee the train is at the section the 
direction of the thread must coincide with the straight portion 
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of the load line representing the train^ and hence the left end 
of the truss must be placed at the point where the line pro- 
duced meets the horizontal axis. 

For a truss having equal panels, as in this example, time 
may be saved as well as increased precision secured by not 
drawing the closing lines and reading the bending moments 
directly, but by reading the moments at the right support 
and at the given section. The latter, being at a wheel, has 
its value marked on the diagram, and is hence quickly 
obtained. The subtractive moments for the second position 
for section Bd are those due to wheel i, which is off the 
bridge. 

The computation for the bending moment is very simple 
for trusses with equal panels, as it is not necessary to obtain 
the value of the reaction separately. For wheel 5 at r the 
bending moment in the section Cc is 

2 

-(14 540) — I 008 = 3 146 tons-feet, 

and when divided by the depth the chord stress is 3 146 4- 24 
= 131. 1 tons. 

Since there is no dead load shear in the middle panel, it is 
necessary to find which one of the diagonals is acting for each 
of the positions for sections Dd and Ea. The shear equals 
the left reaction of the truss minus the loads from a to rf, 
minus the reaction at d of the stringer de. By producing the 
side of the equilibrium polygon immediately on the left of d 
when wheel 8 is at ^ and reading the moment intercepted 
above this line at e the moment of the stringer reaction at d 
about ^ as a center is obtained. Its value is found to be 380 
tons-feet. The shear is therefore 

13 610- 7 X 38Q «^ , « .^„. 

\ 50 = — i.o tonSk 

140 

As the diagonals can .take only tension, this shear calls i£S: 
into action, and %fi9|S|;t^.]?^nding moment for the sectioii: 
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Dd gives the chord stress in both CD and DE. For the last 
position the entire panel is covered by the train load, and 
therefore the stringer reaction at df is 15 tons. The shear is 

i4iiO_„_ 15 =-1.4 tons. 
140 

Since this also stresses the diagonal dE^ the moment for the 
section Ee gives the chord stress in de. 

The sign of the shear without its magnitude may be more 
quickly determined for each of these positions by drawing the 
closing line of the equilibrium polygon and with the aid of 
the dividers finding whether the bending moment at d is greater 
or less than the simultaneous moment at e. In the former case 
the shear is negative and in the latter positive (see Art. 9). 

If the live loading for the greatest moments at the sections 
Dd and Ee respectively had caused shears of opposite signs in 
the middle panel, the required stress in one of the chords of 
that panel would not have been given by either loading. In 
such a case it becomes necessary to shift the load to some 
intermediate position for which the bending moment ordinates 
at both ends of the middle panel are equal, and the shear is 
therefore zero. The required stress may then be obtained from 
the moment at either section. In practice, however, the stresses 
in both chords of the middle panel are generally assumed to 
be equal. 

When the center of moments of a chord member is situated 
on the unloaded chord of a truss, and does not lie in the 
vertical section through a panel point of the loaded chord, 
cither formula (i) or (2) given in Part I, Art. 45, determines the 
condition of loading. An example of their application will be 
giyen in Art. 56. The condition in all cases applies to inclined 
as well as to horizontal chords. 

Prob. 59. Find the greatest live load stresses in the chords 
in Prob. 57 in Art 45. 
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CHAPTER V. 



TRUSSES WITH BROKEN CHORDS. 



Art. 48. Points of Division in Panels. 

For the truss in Fig. 98 the position of the locomotive 
wheel loads, or of any other class of live load which produces 
the greatest stress in any chord member, is found by the same 
criterion as if the chords were both horizontal. The same 




Statement would be true if both chords were broken or 
curved. On the other hand, the stress in any web member 
for the position of the live load which causes the maximum 
shear in the section is not the greatest in this case, because 
the inclination of any chord member cut by the section causes 
it to take some of the shear. It will be necessary, therefore, 
to find the condition of loading which is required by trusses 
with inclined chord members. 

The section shown in Fig. 98 cuts the upper chord member 
i7, the diagonal /?, and the lower chord member Z. By the 
method of moments the center of moments for D is at the 
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intersection of U and Z, some distance beyond the figure on 
the left. If a single concentrated load /', be placed at c or at 
any point on the left of c^ it will cause compression in the 
diagonal D. This is readily seen to be the case, since the 
stress in D (which is directed away from the section, and 
hence downward) holds in equilibrium the forces on the left of 
the section, and therefore their resultant. The resultant of 
P, and the reaction at ^ is a downward force at the right sup- 
port ^, and hence its moment is positive. If a single load P^ 
be placed at d or at any point on the right of d^ it will then 
cause tension in the diagonal, for the stress in D holds in 
equilibrium only the upward reaction at a whose moment is 
negative. 

When a load P is placed between c and rf, the floor system 
of the bridge transfers a portion P, to the panel point c of the 
truss and the remaining portion P^ to the panel point d^ that 
is, the load P is replaced on the truss by its components P^ 
and P,. As one of these causes compression and the other 
tension in Z?, there must be some position of the load P for 
which the resulting stress in D is zero. 

Let U be produced to meet the verticals at a and d, let 
these points of intersection be joined with c and d^ and the 
lines produced until they meet. Let P be placed directly 
over this latter intersection. On the right of the figure is 
shown a force polygon, in which eh is laid off by scale equal to 
P, and the rays 5 drawn parallel to the corresponding lines 5 
as indicated by their subscripts. The lines -5,, -ff„ and R^ form 
an equilibrium polygon, and hence eg equals the reaction at a^ 
and gh the reaction at b. Portions of the lines B^ and B^ and 
the line cd^ or ^„ form another equilibrium polygon, and 
therefore ^/represents P, and fh represents P,. Consequently 
-6,, B^y -ff„ and B^ form an equilibrium polygon for the loads 
Pj, P„ and the reactions at a and b respectively. The line of 
action of the resultant of P, and the reaction at a must pass 
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through the intersection of B^ and B^ (ArL 7). which by con« 
struction coincides with the center of moments. The moment 
of the resultant Is therefore zero, whence it follows that the 
stress in Z> is also zero. 

The position of a concentrated load P causing no stress in 
any web member can therefore be found by the following 
rule: 

Pass a section cutting the web member and a member 
of each of the chords. Produce the unloaded chord 
member to an intersection with the verticals at the 
supports. Join these points with the panel points at 
the end of the loaded chord member. The intersec- 
tion of these lines gives the required position. 

From the manner in which the above investigation was 
made it is clear that this rule applies also to a truss in which 
both chords are curved, and for webbing whose posts are not 
vertical. The rule is therefore stated in its general form and 
applies to deck as well as through bridges. 

The manner in which the section must be cut to obtain the 
stresses in the vertical posts depends upon \ihich diagonals 
are acting in the adjacent counter-braced panels (see Part I, 
Art. 36, and Part II, Arts. 30 and 35). The position of P 
which produces no stress in the vertical on the left of D in 
Fig. 98 when both of the adjacent main diagonals are acting 
is somewhat nearer to panel point d. 

The results of this investigation also show that if the live 
load consists of panel loads, all the panel points on the right 
of P are to be loaded for the greatest tension in D. If one 
excess load is employed it must be placed at d. For the 
greatest tension in the counter diagonal in the same panel the 
load is similarly placed at r, and the panel points on the left. 
This loading, it will be observed, does not differ from the 
corresponding one for horizontal chords. 



Art. 49. 



POSITION OF WHEEL LOADS, 



147 



If the live load is uniformly distributed it must extend from 
the right support to the position of P for the greatest tension 
in Z?, and from the left support to the position of P for the 
greatest tension in the counter diagonal. When the construc- 
tion shown in Fig. 98 is applied to trusses with horizontal 
chords it gives the positions for true live load shear which 
were determined by the analytic method in Part I, Art. 43. 
The position of locomotive wheel loads which produces the 
greatest stress in D will be found in the next article. 

Prob. 60. Find the position of P for all the diagonals and 
the second, third, and fourth verticals of the bowstring truss 
in Fig. 74, Art. 35. 



Art. 49. Position of Wheel Loads. 

In Fig. 99 the position of P in Fig. 98 which causes a stress 
of zero in the diagonal is indicated by the vertical marked z. 
Let the stresses in the diagonal, lower chord, and upper 
chord, cut by a section through the panel cd be denoted by 




Fig. 99. 

*S, 5„ and 5, respectively, and the depths of the truss at c and 
d by A, and A,. Let the total weight of the wheels (one or 
more) on the panel cd be P"\ and the distance of its center 
of gravity from d be g'\ W being the weight of the entire 
load on the truss, and g the distance of its center of gravity 
from the right support. Let the bending moments at the 
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upper and lower extremities of D be M^ and M^ respectively. 
The remaining terms employed in the following discussion are 
shown in the figure. 

Let the segment of the truss on the left of the section 
cutting S^ S, and S^ be considered. Resolving horizontallyt 

5, cos Of + -S sin ff + 5, = O. 

The lever arm of 5, makes the same angle a with the vertical 
k^ as 5, makes with the horizontal. Taking moments about df 

-Af, + •S'A c^s a=iO, whence 5, cos a = — if, -^ A^; 

and taking moments about the panel point at the upper end 
of A 

Mi — 5,A, = o, whence 5, = Jf, -^ A,. 

After substituting these values above, there follows, 

T^ + -T- + •^ sm tf = o, or 5 sm tf = V T • 

The last equation is an important one, and indicates that the 
horizontal component of the stress in any web member equals 
the difference of the quotients obtained by dividing the bend* 
ing moments at the extremities of the member by the corre* 
sponding depths of the truss at those points. 

The values of the bending moments are 

M,^^ and i/. = -^(/-A)-P"r". 

From similar triangles 

A|:^ = /i:/— ^ and k^iM=iltili\ 
whence 

hi = m^^ • and h^ = y- • 
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Substituting these values of JIf,, 3f,, A^, and k^ reducing, and 
finally replacing (/, — /J ^7 ^''» 

l^ sin d 

If the load advance a distance dx^ both g and ^"' receive 
an increment of dx^ and the stress 5 receives an increment of 

^^_ {wr' --p"'i>^dx 

l^ sin 6^ 

Placing the derivative equal to zero gives the condition 
which makes 5 a maximum, which is WV" — P'"l^ = o, or, 
when put into more convenient form for use, 



ptn 



Wl 



Iff 



A • 



This formula is very convenient to use graphically, and as 
it is similar in form to that for 
maximum moment (Arts. 42 and 
47) it is to be treated in like man- 
ner. Referring to Fig. 1 00, which 
illustrates the truss diagram 
(drawn on tracing paper) placed ' 
in position on the live load mo* 
ment diagram, bg represents the 




Fig. 
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total load IV^ ob the distance /,, and odth^ distance l"\ The 
ordinate di is therefore equal to Wl"' -r- /„ and this must 
equal P''' if the position is correct. When the load is so 
placed that a wheel is just on the right of the panel point 
</, the load P'" is represented by dh^ and if just to the 
left of it by dk'^ hence if i lies anywhere between h and it, or, 
in other words, if the thread stretched from o to g cuts the 
load placed at the panel point, the criterion for position is 
satisfied. A wheel must always be placed at the panel point, 
and while usually the first wheel is at the right of Oj it may 
sometimes happen that the condition is met when the first 
wheel is a little to the left of o. After the right position is 
found the moment ordinates bf and de are read off as usual. 

Prob. 6i. A double track through railroad bridge has 
trusses of the type illustrated in Fig. lOO. There are 12 
panels, each 30 feet long. The depths at panel points i to 6 
inclusive are 29' o", 41' o", 49' 5", 53' 4", 58' 10", and 
60' o" respectively. The live load is Waddell'S Com- 
promise Standard, Class U (Art. 39). Find the position of 
the live load which shall produce the greatest stresses in the 
main and counter ties and the posts. Six panels require 
counter bracing. Also compare these positions with what 
they would be if the truss had parallel chords. 

Art. so. Resolution of the Shear. 

In Fig. 100 in the preceding article the stresses 5,, S, and 
S^ hold in equilibrium the external forces on the left of the 
sectioncutting these members. These external forces consist 
of an upward reaction at a and a downward force at c equal 
and opposite to the left reaction of the stringer in the panel 
cd. The resultant R of these two forces is an upward force 
whose line of action is a little to the left of the support a. 
Its position may be readily determined, if desired, by drawing 
the closing line af and the chord ce of the equilibrium poly* 
gon and producing them to their intersection. 
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Referring now to Fig. loi, let the resultant R be replaced 
by two forces /', and jP,, the former acting downward at panel 




Pif. XOI. 



Fig. roa. 



Pig. tqs. 



point d and the latter acting upward at e. The points d and e 
are at the extremities of the diagonal cut by the section. 
Taking moments about e, and remembering that the bending 
moment at e is i^f„ 

Rr, = P,/, and /> = --r' = --;. 
Similarly taking moments about d, 

Rr. = P,p\ and />. = -^ = -^. 
Taking vertical components, 

Since i? is equal to the vertical shear in the section, the last 
member of the preceding equation affords a useful method of 
obtaining the vertical shear when the moments are known. 

In Fig. 102 the force triangle kfi gives the magnitude and 
direction of a force acting in the diagonal which is in equi* 
librium with P, and 5,, while the superimposed force triangle 
fgk gives the magnitude and direction of a force acting in the 
same diagonal which is in equilibrium with P^ and 5,. The 
polygon hfgkih must therefore express the relation of equi- 
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Kbrium between P^^ /^„ 5,, 5, and 5„ or the polygon hgkih 
that between R^ 5„ 5, and 5,. Following around the trian- 
gle in the direction of the known force R as indicated by the 
arrows, and transferring these directions to the truss diagram 
in Fig. loi, 5i and 5 are found to be in tension and 5, in 
compression. It will be observed that the forces in the poly- 
gon hgki follow each other in the same order as they are found 
when passing around the segment of the truss. Fig. 103 
shows the same construction when the forces are laid off in 
the reverse order. As will be illustrated later by an example, 
it is sometimes preferable to use the one and sometimes the 
other order. 

It is evident on inspection that the most convenient and 
economical construction of the force polygon in Fig. 102 (or 
in Fig. 103) would be to draw it directly on a large scale 
truss diagram. In Fig. 104 one such force polygon is drawn 




Tig. Z04. 

in the third panel. The notation shown is well adapted to 
promote rapid construction and freedom from confusing the 
stresses. The panels are numbered from left to right and the 
corresponding numbers are placed at the panel points on their 
right. The upper chord members are denoted by U^ the 
diagonals by Z?, and the lower chord members by Z, the sub- 
scripts being those of the panels containing them. The ver- 
ticals V necessarily have the subscripts of the panel points. 
The forces M^~rp and J/, -5-/, equal respectively to the forces 
P^ and P^ in Fig. 10 1, are laid off as indicated, and the sides 
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of the force polygon drawn parallel respectively to the truss 
members whose names are placed by their sides. The panel 
length / in this case is equal to the horizontal projection p^ of 
the diagonal. 

In order to obtain the stress in the vertical V^^ for example, 
the values of M^-r-p and ^,-7-/ are found for the proper 
position of the live load (which may not be the same as for 
/?,) and a force polygon drawn as in Fig. 104. This gives U^ 
and Z>, for that position of the load, and on constructing the 
force polygon for the upper panel point 2 the stress in V^ is 
determined. The latter polygon may be drawn directly on 
the former so as to avoid redrawing the sides U^ and Z?,. To 
avoid confusion it is omitted in the figure. 

This method may also be applied with advantage to deter- 
mine the stresses in the chords when the moments have been 
found after placing the live load in its proper position. In 
this case it will be desirable to place the force polygon on the 
other side of the diagonal, the values ol M -^p being laid off 
upward from the lower panel points. This will give a poly- 
gon like that in Fig. 103. 

Prob. 62. Find the maximum live load stress in the counter 
tie of the fourth panel, and the minimum live load stress in 
the second vertical, of the truss in Prob. 61 . 

Art. si. Example — Maximum Chord Stresses. 

Let the truss in Fig. 104 and on Plate V be that of a single 
track through railroad bridge, having seven panels each 27 
feet long, and depths at the panel points i, 2, and 3, of 29, 
35, and 38 feet respectively. Let the live load consist of 
Class U of Waddell's *' Compromise Standard System " 
(Art. 39). The dead load will be assumed at i 100 pounds 
per linear foot per truss, of which 300 pounds is to be applied 
on the upper chord. This makes the panel loads on the lower 
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chord 21 600 pounds and on the upper chord 8 100 pounds. 
Since the dead load stresses in all the members of the truss 
except the verticals are the same whether the dead load is all 
taken on the lower chord or divided between the chords, and 
the stresses in the verticals differ by the amount of the upper 
panel loads (Art. 28), the stresses will preferably be obtained 
for only lower panel loads of 29 700 pounds, and the maxi* 
mum and minimum stresses in the verticals afterward cor- 
rected by adding to each of them a compression of 8 100 
pounds. 

In constructing the load line and equilibrium polygon for 
the live load it was found convenient to use the weights on 
one rail only, and to adopt scales of 8 feet, 20 thousand 
pounds, and 2 000 thousand pound-feet per inch respectively. 
Profile paper, Plate A, was used and required a small splice at 
the upper right corner in order to extend the curves as far as 
necessary. In reading the scales the tenths of the small 
divisions of the profile paper were estimated by eye. When 
this diagram is used for a double track bridge the stresses 
obtained are expressed in tons instead of in units of one 
thousand pounds. 

The dead load stress diagram for panel loads of 29.7 thou- 
sand pounds is shown in Fig. b on Plate V, and the stresses 
are marked on the diagram. The character of the web stresses 
is also indicated as referred to the small truss diagram. The 
computation of the bending moments at the panel points may 
be arranged as follows, when the panels are all equal : The 
product of the panel load and panel length is 29.7 X 27 z=i 
801.9. The half products of the number of panels in each 
segment into which the panel points respectively divide the 
truss are ^iX(>)^ 3, i(2 X S) = S» i(3 X 4) = 6; and the 
bending moments are 

ifj = 3 X 801.9 = 2 406, Jf^ = 5 X 801.9 = 4 010, 
Mt = 6 X 801.9 = 4811 thousand pound-feet. 
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Since/ = 27 feet, the corresponding values oi M-i-p are: 



M, 



= 89.1, 



M, 



= 148.S. 



M, 



= 178.2 thousand pounds. 



The following table shows the position of the live load 
obtained by means of the load line. The moments in the 
third column were read from the moment diagram, and those 
in the fourth column were copied from the same diagram, 
while the quantities in the fifth and sixth columns were com- 
puted from those in preceding columns. The moments are 
expressed in units of one thousand pound-feet. 



Center 


Wheel 


Moment 


Moment 


Bending 


Af 




OF 


AT 


AT Right 


AT 


Moment 


Remarks. 


Moments. 


Section. 


Support. 


Section. 


(A/). 


>• 




I 


4 


409S0 


480 


5 374 


199.2 




2 


8 


39400 


2622 


8635 


319.8 




3 


12 


39010 


6331 


10388 


384.7 


Da acts 


4 


14 


32 520 


8291 


10 292 


381.2 


£>A acts 




15 


35540 


10099 


10 210 


378.1 


Da acts 



It is necessary to know which diagonal acts in the middle 
panel for the last three positions in order to determine which 
moments give the stresses in the chords of that panel. As 
explained in Art. 47, the vertical shears are found as follows: 

(39010 — 7 X I 470) -T- 189 — 166 = — 14.1 ; 

(32520 — 7 X 830)4- 189— 136 = + 5.2; 

(3 554— 7X I 240) -J- 189— 146= — 3.9. 

These results enable the remarks to be inserted in the last 
column of the table. 

The values ol M -^ p are now laid off on the truss diagram 
in Fig. c on Plate V, as there indicated, and the force polygons 
completed as explained in the preceding article. The scales 
of the original drawing of Fig. c were 6 feet and 80 thousand 
pounds per inch respectively. The values of the stresses are 
marked on the polygons. The special attention of the 
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Student is called to the fact that since U^ has its center of 
moments at the lower panel point 3 the side of the polygon 
ad parallel to U^ must be drawn through d^ the extremity of 
M^^p laid off on the vertical ordinate passing through the 
center of moments. Similarly, as Z. has its center of moments 
at the upper panel point 2, the side be must be drawn parallel 
to Z, through (f, which lies on the vertical through its center 
of moments. Strict attention to this statement is especially 
required when the upper panel points are not directly above 
the lower ones, in which case the panel points should be 
numbered in regular order from left to right, no matter on 
which chord they lie. The chords should then have the same 
subscripts as their centers of moments. 

The side ab of the polygon abed is not the stress in the 
diagonal Z?., because the moments at 2 and 3 used in its con- 
struction are not simultaneous. 

If it be desired to find by this method whether D^ or Z?/ 
acts when the moment is a maximum at panel point 3, it can 
be done by finding the simultaneous value of M^ -5-/. It is 
found to be 370.7. If D^ be assumed to act, the side L^ will 
lie below U^, It is shown as a broken line. By referring 
again to Fig. loi the direction around the polygon is toward 
the right of Z4, upward on Z?^, and toward the left on U^* 
Upward on D^ means also toward the right, or away from the 
section, and therefore tension, which proves the assumption 
to be correct. Again, since (J/, -5-/) —• {M^ -^/) = /?, which 
equals the vertical shear in the section indicated in Fig. 10 1, 
.the vertical shear in the middle panel is 370.7 — 384.7 = — 
14.0, the difference of o. I from the value given above being 
mainly due to the neglect of decimals. Usually the value of 
the vertical shear is not desired, but simply its sign, in which 
case it may be known as soon as it is seen whether M^ if 
greater or less than M^ (see also Art. 9). 

As the end post receives its maximum stress under the 
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same position of the live load as L^y its stress may be found 
in connection with the chords. Indeed, it may be regarded 
as an upper chord member, the polygon of forces becoming a 
straight line, as shown on the drawing (Fig. ^, Plate V). 

The following table gives the maximum stresses in the end 
post and the chords due to the dead and live loads only, 
expressed in units of one thousand pounds. The minimum 
stresses equal the dead load stresses. 



Chokd 
Mbmbbks. 


Ux 


^. 


Ut 


^4 


L^^L^ 


Lt 


La 


Dead load... 
Live load... 


— 121. 7 

— 271.0 


— 117. 2 

— 252.2 


— 127.2 

— 275.3 


— 126.4 

-273.5 


-T 83.0 

+ 185.4 

• 


+ 114. 4 
+ 247.0 


+ 126.4 
+ 268.8 


Maximum. . . 


-392.7 


- 369-4 


— 402.5 


— 399.9 


+ 268.4 


+ 361.4 


+ 395.2 



Prob. 63. A truss of the same type as that in the example 
given in this article has nine panels, each 24 feet 9 inches 
long. The depths at its panel points i, 2, 3, and 4 are 
27' o", 35' 9", 41' o'\ and 42' 9'' respectively. The dead load 
is I 200 pounds per linear foot, of which three-eighths is to be 
^applied at the upper chord. The live load is Waddell's 
Class U. Find the maximum and minimum stresses in tho 
chords and end post due to these loads. 



Art. 52. Example — Maximum Stresses in Diagonals. 

The first step in finding the live load web stresses is to find 
the point of division in each panel where a concentrated load 
will produce no stress in the diagonal (see Art. 48). In prac- 
tice only that portion of each triangle BJSJB^ lying below 
cd in Fig. 98 need be drawn after the vertices on the ordi- 
nates at a and b are marked off. These points are shown in 
Fig. d on Plate V. In case more than one point is shown in 
any panel the left hand one belongs to the diagonal. The 
data in the following table are obtained in the same manner as 
for the chords after the positions are determined. That relat« 
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Whislat' I Uoaamr 


McMuarT 


'BmMK 

- MOKDT 








RiOMT 


MoMnrr 


AT RlCHT 


' iMfAT 


«J/»AT 


jf 


Jf 


pAJtmi. 


l^o 


' AT RJCRT 


£«D 




RlCHT 


M^Kwm 


W^-MUKFm 




or 


ScrroRT. 


or 


EjiDor 


Eko or 


P 


t 




PAvn. 


1 


Pa>u. 


Pa»u. 


Paxu. 






O-I 


4 


40980 


430 





5374 


.0 


199.3 


I — 2 


3 


25 630 


aao 


4i«7 


80G4 


152.5 


296.4 


3 — 3 


3 


19 &40 ! 


230 


5669 


8273 


210.0 


306.4 


5—4 


3 


13 200 ; 


330 


5263 


6787 


1^-9 


251.4 


4—5 


3 


6331 ■ 


330 


361 S 


4292 


134.0 


159.0 




2 


5 501 


80 


3143 


3849 


216.4 


142.5 


5-6 


3 


3 310 


330 


1793 


1921 


66.4 


71. 1 




3 


I 960 


80 


1400 


1600 


51.8 


59-3 



ing to the first panel is inserted here, although it was alsa 
included in the table in the preceding article, the end post 
being treated as a chord member. The moments are expressed 
in units of one thousand pound-feet. The panels are indi- 
cated by the panel points in this table as a guide to the sub- 
scripts which properly belong to the corresponding values 
of M, The moments at the right support for the panel 4—5 
are given with greater precision than the rest because it hap- 
pened that these had been computed and marked on the 
diagram. 

Attention is again called to the fact that the vertical shear 
in any panel may be found by taking the difference between 
the corresponding quantities in the last two columns. 

In testing for position in panel 5-6 it was noticed that the 
thread just touched the edge of the step when wheel 3 was 
placed at panel point 6. When wheel 3 is placed at panel 
point 5, wheel I is a little on the left of the point of division, 
but the condition of loading is satisfied. If the chords were 
both horizontal the positions would be 4, 4, 3, 3, 2 and 2 in 
the successive panels, no panel having two positions of the 
live load. 

The values oi M -rr p are next laid off on the verticals 
through the panel points in Fig. d of Plate V. The values 
belonging to each panel are marked inside of the panel to 
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guard against confusion. This danger is not great, however, 
as it will be noticed that at each vertical the ordinate referring 
to the panel on the right is considerably less than that for the 
panel on the left. After completing the force polygons the 
stresses in the diagonals are scaled off and marked on the 
diagram. As the portion of the truss on the left of the sec- 
tion through any diagonal is considered, and the lower chord 
IS always in tension, the direction of passing around the poly- 
gon is toward the right on L and toward the left on (7, and 
therefore if the direction along D is toward the right it indi- 
cates tension. This is seen to be the case for all but one of 
the polygons shown on the plate. 

In the fifth panel two polygons are drawn, the left one for 
wheel 3 at panel point 5, and the right one for wheel 2 at 5. 
The latter is placed on the other side of the diagonal to avoid 
interference. This position is not convenient for diagonals, 
as will be shown in the next article. In the sixth panel both 
polygons refer to the position of wheel 2 at panel point 6, the 
left hand one being drawn in order to show the influence on 
the construction by changing diagonals. The stress in Z?, 
when /\ is at 6 is — 21.8. 

The maximum and minimum stresses expressed in units of 
one thousand pounds are given in the following table, the end 
post being omitted, as its stresses were given in the preceding 
article. 



Diagonals. 



Dead load 

Live load frr>m the right 

Live 1 ad from the left 

Maximum 

Mioimum 



A 


Dt 


D^i^D^') 


A'C- AO 


-h 46.2 

4-127.5 
— 22.2 


+ 19-6 
+ 91-0 



+ 69.6 


— 20.7 
+ 47.1 


+173.7 
+ 24.0 


4-110.6 



+ 69.6 



• + 26.4 




Prob. 64. Find the maximum and minimum stresses in the 
diagonals in Prob. 63 in Art. 51. 
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Art. 53, Example — Maximum Stresses in Verticajs. 

The position for the maximum stress in F, is either wheel 
4, wheel 12, or wheel 13 at panel point i (Art, 46). When 
wheel 13 is at I, the same wheels of the second locomotive 
are placed on the first two panels and in the same position as 
those of the first locomotive when wheel 4 is at panel point l, 
together with one additional wheel; hence it is not necessary 
to find the stress due to the latter position. The greatest 
stress occurs when wheel 13 is at i, and equals 

[3 730 — (2 X 780)] H- 27 = 80.4 thousand pounds tension. 

If it is desired to employ a similar method for V^ as that 
described in the preceding article, let the first two panels be 
regarded as a truss, and the load placed in proper position for 
maximum moment at panel point i. The bending moments 
are then M. = o, AT, = i(3 730) — 780 = i 085, and J/, = o. 
J/, -=-/= I 08 5 -=-27 = 40.2. The vertical shear in each 
panel (disregarding signs) is therefore 40.2, and the floor beam 
reaction, or the stress in F„ equals their sum, or 40.2 -f" 40.2 
= 80.4 thousand pounds. 

The respective points of division in the third, fourth, and 
fifth panels, where a concentrated load produces no stress in 
the vertical at the left of the panel, are the right hand ones 
shown in Fig. d of Plate V. The position and other necessary 
data given in the following table are found in exactly the 
same way as for the diagonals. 



Panel. 


Wheel AT 

Right 

End 

OF 

Panel. 


Moment 
AT Right 
Suppoet. 


Moment 

AT 

Right 
End of 
Panel. 


Bending 
Moment 

(^)AT 

Left End 
OF Panel. 


Bending 

Moment 

(M)AT 

Right End 
OF Panel. 


Lept ~. 


Right—. 


2—3 
3—4 
4—5 


2 

3 
2 


18 340 

II 050 

5501 


80 
80 
80 


5240 
4736 
3U3 


7780 
6234 

3849 


194. 1 

175.4 
II6.4 


288.1 
23a9 

143-5 
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If the greatest live load stress in V^ were due to the same 
position of the load as for D,, it would only remain to draw 
(on the diagram in the third panel of the truss in Fig. d of 
Plate V) the line marked [/^ parallel to that member of the 
truss in order to complete the force polygon for the upper 
panel point 2. The magnitude and character of the simul- 
taneous stress in F, is marked on. the diagram. If a force 
polygon like that one be drawn for the values oiM-r-p in the 
first line of the above table, the stress in V^ is found to be 
— 61.2 thousand pounds. The construction is omitted on 
the plate to avoid confusion, as it would partly cover the dia- 
gram already drawn. In the same way the greatest live load 
compression in V^ is obtained. Its value is — 41.5. As the 
stress in V^ (— 26.2) is less than that in F„ and since F, and 
V^ are symmetrically located in the truss, the compression to 
be used for V^ is the same as for F, and will occur when the 
live load comes on the bridge from the left. 

A reference to the lower force polygon in panel 5 of the 
same figure will now explain why it is not desirable to place 
all the force polygons for the web members on the right of 
the diagonals. It is seen that the side of the polygon giving 
the stress in F^ lies on the vertical F„ which is not a con- 
venient arrangement. In the next panel the polygon is 
placed on the right of D^ so as to preserve uniformity in lay- 
ing off the values of J/ -f-^ downward, and as no construction 
is needed for the stress in the vertical adjacent to that panel. 
The compression in the verticals is usually not required on 
the right of the middle of the truss. 



Vbkticals. 


y. 


y% 


y% 


Dead load ••.• 


+ 29.7 
+ 80.4 

- 8.1 


- 4.1 

- 61.2 

- 8.1 


+ 14.0 

— 8.1 


Live load • 


Correction for division of dead panel loads. 


Maxi mum .......*t*.*ttTt...-.-r-.--tr.. 


+ loa.o 


- 73.4 


- 35.6 
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The maximum stresses are given in the preceding table, the 
correction being applied on account of having taken the dead 
panel loads, as explained in Art. 51. The stresses are 
expressed in units of one thousand pounds. 

Prob. 65. Find the maximum stresses in the verticab in 
Prob. 63 in Art. 51. 



Art. 54. Example — Minimum Stresses in Verticals. 

In Arts. 30 and 35, as well as in other places, attention 
has been called to the fact that the stresses in the verticals of 
a truss with counter-braced panels depend upon the diagonals 
which are acting simultaneously in the adjacent panels. The 
influence of the diagonals not only affects the magnitude and 
character of the stress for any given position of the live load, 
but also the rate of change in the stress as the live load passes 
across the bridge. In order to determine what position of the 
live load will produce the minimum stresses in the verticals of 
the truss employed in the three preceding articles, let the 




Fig. TQS. 

,^mplete cycle of changes in the stress in F, (Fig. 105) be 
traced as the locomotives and train pass across the bridge from 
right to left. 

When wheel i is at the right support the stress in F, is 
dimply that due to the dead load. As the live load advances 
the combined dead and live load stress in V^ gradually dimin- 
ishes at an increasing rate, until a position is reached when 
the stresses in both diagonals D^ and Z?/ are zero. Mean« 
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while the stress in the vertical has passed through zero from 
compression into tension. The tension increases at a reduced 
uniform rate until the stresses in D^ and 2?/ are both zero. If 
this is not possible, then the tension increases until Z>, becomes 
a minimum. As the load advances the tension in V^ at first 
diminishes and afterwards increases until the stresses in D^ and 
Z?/ again become zero (if possible). During this interval the 
stress in V^ has passed through zero twice, so that it is again 
tension, but larger in magnitude than before. The rate of 
change at the beginning and end of the period are also more 
rapid than in either the preceding or the succeeding one. 
The tension now increases at a reduced uniform rate until the 
stresses in both D^ and Z>/ are again zero. As the load 
advances until it covers the entire bridge, the stress in V^ 
diminishes and passes through zero the fourth time and into 
compression. The rate of decrease was itself a decreasing 
one being greater at the beginning of this period, and nearly 
if not quite zero at the end. It will now be very slightly 
reduced until the head of the train arrives at the left support, 
when it will remain constant until the rear of the train begins 
to pass over the bridge. As the train continues to pass off 
the bridge the compression in F, increases at a variable rate 
until it reaches the maximum value, and then gradually di- 
minishes again to the value of the dead load stress. The abso- 
lute maximum compression in V^ was not reached in this 
passage of the live load, but will occur when it crosses the 
bridge from left to right. 

During this cycle there were several periods during which 
the diagonals whose upper extremities are at panel point 5 
were not acting, and when the stress in V^ was therefore to 
be obtained by drawing the force polygon for that upper panel 
point. It is evident then that the tension in F, is the greatest 
when the compression in U^ and U^ is the largest possible 
without calling D^ into action. As the maximum stresses in 
Z7, and U^ occu^ when the entire bridge is covered with the 
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live load, the required position may be obtained from this one 
by moving the train backM'ards until the main diagonal in the 
panel which is adjacent to the vertical, and on the side toward 
the middle of the bridge, shall just cease to act. For deck 
bridges this statement would, of course, need modification. 
In the present example Z?/ does not act under any position 
of the live load, but the statement in the preceding paragraph 
was so framed as to apply also to F« by making the corre* 
sponding changes in the subscripts of D and U . 

The required position for the greatest tension in V^ , or its 
minimum stress, was found by trial to be that when wheel i 
is 3 feet to the left of panel point 4. The moment at the 
right support is 9860, and those at panel points 4 and 5 are 
30 and 1460 thousand pound-feet respectively. The live load 
bending moments at these points are therefore 5604, and 
5583. Adding those due to dead load (Art. 51), ^^ = 
10 41 5, and M^ = 9593. When divided by the panel length 
of 27 feet, the quotients are 385.7 and 355.3 thousand pounds. 
When these are laid off on Fig. c^ Plate V, the resulting force 
polygon is reduced to two straight lines, indicating that there 
is no stress in D^. The corresponding polygon for Z?/ is 
drawn in broken lines. On drawing a parallel to 27,, as 
shown, and thus completing the force polygon for the upper 
panel point 5, the stress in F, may be measured by scale. 
The direction of passing around the polygon is evident, since 
U^ and U^ are both known to be in compression. The com- 
bined stress is + 30-5 thousand pounds. If M^^ is divided by 
38 feet and M^ by 35 feet, the quotients are both 274.1 
thousand pounds, which being the horizontal component of 
U^ and U^ shows also that there is no stress in the diagonals 
and checks the graphic construction. 

After some experience this position can be found with but 
few trials, and will not require much time if all the operations 
are performed by graphics. In Fig. 106 let the depths of 
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the truss at panel points 4 and 5 (38 and 35 feet respectively) 
be laid off on one side of an angle, and some convenient 
number, as 50, on the other side to the same scale. Join a 
and b with /. With the same scale which was used in draw* 
ing the equilibrium polygon for 
the wheel loads, lay off the bend- 
ing moments M^ and M^ due to 
dead load. Now assume a posi- 
tion of the live load, draw the ^^ 
closing line of the equilibrium 
polygon, and with the dividers 
transfer the bending moments due to the live load and lay 
them off above the others. If the position is correct, the 
lines ce and de^ parallel respectively to af and bf^ will intersect 
each other on the line of. If the head of the locomotive is 
too far to the left, they will intersect below the line. If oe 
be measured by the scale of moments and divided by 50 
feet (assumed as above), the quotient will be the horizontal 
component of the stresses in U^ and Z7,. 

If portions of two trains cover certain panels at each end 
of the bridge, a stress will be caused in V^ which is a little 
larger than the value given above, and which can be found as 
follows: Let the required positions of two trains approaching 
each other be that illustrated in Fig. 107. The diagonals in 
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Fig. X07. 

the fifth panel are omitted, since there must be no stress in 
the diagonals of that panel for a maximum tension in 1^ , as 
proved in the preceding portion of this article. Let P^ be the 
resultant of the loads transferred to the truss at panel points 
5 and 6 by the floor system, together with the dead panel 
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loads at those points, and g its distance from the right sup* 
port. Let c be the intersection of the chord members U^ and 
Z.9 and </ the intersection of U^ and Z,. If a section be passed 
through U^ and L^^ the stresses in those members hold in 
equilibrium the forces P^ and the reaction B^ and therefore 
their resultant. The resultant of the stresses in U^ and L 
passes through c\ and therefore the resultant R of P^ and B 
.must be equal and opposite to it, and applied at the same 
point. The value of R is readily found by taking moments 
about 7, whence R = P^g -r- r. 

If a section be now passed cutting £/,, F,, and Z, the 
stresses in these members hold in equilibrium the same forces 
P^ and B as the stresses in U^ and Z„ since the dead load at 
the upper panel point 5 is zero in this case. Substituting R 
for P^ and B^ denoting the stress in F» by 5, and taking 
moments about d^ there results — Rr + 5^ = o, whence 
5 = Rr' -4- ir = P^gr -7- kr. But k^ r, and / are constant; 
therefore the position of the live load to give the tension in 
V^ must be such as to render P^g a maximum. This shows 
that the stress in V^ is independent of the distribution of the 
train load on the left, and it may therefore consist of the rear 
portion of a preceding train. 

Referring now to Fig. 108, which shows the truss diagram 
in position on the load line and moment diagram, the ordinate 
bf is the moment at the right support of the truss due to the 
locomotives of the right-hand train. If the chord ^i be pro- 
duced to e, be will represent the moment of the live panel load 
at 4 about ^ as a center. The ordinate ef will therefore 
represent P^g^ less the moment due to the dead panel loads aw 
5 and 6. As this last moment is constant, ef must be made 
a maximum. It is also evident that heavy loads should be 
placed at 5, and usually the head of the locomotive will not 
pass beyond the panel. The possible positions are therefore 
quite limited, and on applying the test it is found that when 
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wheel 3 is at panel point 5, ^= 6330 — (3 X 230) = 5640. 
In this equation 6330 equals bf as read from the diagram, 
and 230 equals the ordinate 5^'. Similarly, for wheel 4 at 5, 




Fig. 109. 

ef^ 7260 — 3(480) = 5820, and for wheel 5 at 5, </"= 8290 
— (3 X 830) = 5800. In the required position, therefore, 
wheel 4 must be placed at panel point 5. 

Assuming that the train on the left is also in its right posi« 
tion, the closing line of the equilibrium, polygon is hfy while 
if that train is oflf the bridge the closing line is af. The 
equilibrium polygon for the truss is shown in Fig. 109, the 
ordinates at the panel points being the same as in Fig. 108, 
and all the sides straight lines. By adding the moments due 
to dead load below those which are due to live load the 
polygon becomes hntnofh. By Art. 7 the intersection of the 
sides no and A/" produced (Fig. 109) is on the line of action of 
the resultant R of the forces on the right of the section, and 
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therefore this intersection lies in the same vertical as the 
intersection of U^ and Z,. The position of R was shown in 
Fig. 107. Let the intercept bg at the right support, between 
the chords U^ and L^ produced (Fig. 108), be denoted by y 
and that in the same vertical between no and A/ produced 
(Fig. 109) byy, the depths of the truss at 4 and 5 by h^ and 
A.. There follows, M^ : h^ = M^ : //^ = y : /, whence 

If the stress in U^ be denoted by 5', and the angle between 
U^ and a horizontal by or, and the length of U^ by /„ p being 
the panel length, 

5' = ^^^ and -^ = /.. 
//, COS a cos a 

Substituting, 



5' = 



^ COS a pz' cos a 2!' p* 



An inspection of Fig. 109 shows that in order to determine 
y it is not necessary to know M^ and J//, and therefore not 
necessary to consider either the weight or the position of the 
train on the left. When that train is not on the bridge the 
closing line is af^ and therefore the corresponding bending 
moments M^ and M^ will also determine y. Remembering 
that the moment */(Fig. 108) for wheel 4 at panel point 5 
was found to be 7260, that the moment 5/ is 480, and that 
the bending moments at 4 and 5 for dead load are 4811 and 
4010 thousand pound-feet respectively, 

jjf, = 4 X 7260 + 481 1 = 8960, 
and 

jw; = 1^ X 7260 — 480 + 4010 = 8716. 
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As M^ and M^ are respectively 3 and 2 panel lengths from the 
right support, 

~ = ^^ ^ — ' = 304.7 thousand pounds. 

p 2y ^ T , IT 

The stress in £/, can now be found by graphics in the fol- 
lowing manner: On Fig. c of Plate V draw the line 7^' parallel 
to C/j intersecting the vertical V^ at ^'; join ^' with the upper 
panel point 4; lay off y -h/ = 304.7 on V^ as indicated, and 
draw ij parallel to ^4. The linej'S represents the stress in V^. 
The force polygon for the upper panel point 5 can next be 
obtained by drawingy^t parallel to C/,. On measuring $k by 
scale the stress in V^ is found to be + 31.5 thousand pounds. 

This result may be checked as follows: Let a stress diagram 
be drawn giving the stress in DJ (Fig. 105) when the reaction 
at the right support is i.o. It is found to be I. or 7. By the 
method described in the preceding article, let the stress in 
DJ be found for the above values of M^ and J/,. Its value is 
-j- 22.8. To reduce this stress to zero the reaction at 6 (Fig, 
108) must be increased 22.8 -j- 1.017 = 22.4 thousand pounds. 
This requires a moment at the left support a of 22.4 X 189 
= 4234 thousand pound-feet. If this is to be produced by a 
train approaching from the left, its wheel i must be about 
half a foot-on the left of panel point 2, as shown in Fig. 108. 
If, however, it be produced by the rear end of a preceding 
train, the train must cover a distance of 65 feet from the left 
support. The bending moment M/ = 8960 -|- 3/7 X 4234 
= 10775, and MJ = 8716 + 2/7 X 4234 = 9926. If these 
values are respectively divided by the depths A^ = 38 and 
A^ r= 35 feet, each quotient gives the same horizontal compo- 
nent of 283.6 thousand pounds for l/^ and i/,. See Fig. Cf 
Plate V. • 

The greatest stress in 2?/ was produced by wheel 3, being 
placed at 5. The construction for this position is also given 
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on the Plate, the resulting stress in V^ being -f- 30.8 thousand 
pounds. 

The stresses in the diagonals in the center panel become 
zero the second time when the live load covers the entire 
bridge, and therefore the greatest tension in V^ or in F, occurs 
when U^ has its maximum stress. By laying off M, -i-p = 
178.2, which is due to dead load, above d, and constructing 
the triangle ^^ the stress in F, is found to be -[-44.3 thou- 
sand pounds. If it were attempted to apply the method out- 
lined above, ^' -5-/ would be 609.8, which would give a stress 
in [/^ greater than that under full load, which is not possible; 
and if the position of the train approaching from the left, which 
reduces the stress in D^ and Z?/ to zero, were determined, it 
would be found to conflict with that of the other train. The 
maximum tension occurs under full load only for the vertical 
adjacent to a center panel, or for the middle vertical of a 
truss with an even number of panels. 

The minimum stress in F, occurs under dead load only. 
The accompanying table gives the final minimum stresses 
after applying the correction on account of dividing the dead 
panel loads. 



Verticals. 



From diagram 

Correction for division of dead panel loads. 



Minimum stress. 



K, = ^. 


F, = ^, 


K, = ^4 


+ 29- 7 
— 8.1 


+ 31-5 
- 8.1 


+ 44.3 
- 8.1 


-f-21.6 


+ 23.4 


+ 36.2 



If the number of panels in the truss were 9 or more, the 
second vertical from the right support would be adjacent to 
two panels requiring no counter bracing. In such cases the 
minimum stress in the vertical is obtained in exactly the same 
way as the maximum, except that the load covers only the 
smaller segment of the span. 

It is apparent that to secure precise results the methods 
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outlined in the example of the four preceding articles, and 
illustrated on Plate V, must be drawn to a large scale. 
Results which shall answer all the purposes of design may, 
however, be readily secured with reasonable care on drawings 
which are not unwieldy in size. 

Prob. 66. Find the minimum stresses in the verticals in 
Prob. 63 in Art. 51. 



Art. 55. Stresses due to Wind. 

The method of finding the stresses in the upper lateral 
system of a bridge whose trusses have broken upper chords is 
exactly the same as for horizontal chords after the panel loads 
due to the pressure of the wind on the trusses are computed. 

In order to illustrate the method of obtaining the stresses 
in the trusses due to the wind, let the same bridge be em- 
ployed whose dimensions were given in Art. 51, the distance 
between the centers of trusses being 16 feet. It is usually 
specified that for bridges of this span the upper lateral system 
shall be designed for a stationary wind force of 150 pounds 
per linear foot. For this example the wind load per panel is 
therefore 150 X 27 = 4050 pounds. 

Now let the middle three panels of the upper lateral system 
be considered as separated from the end panels and supported 




Fig. zio. 



at C and F of the Windward truss (see Fig. 1 10), and the 
corresponding points C and F' of the leeward truss. 

The panel loads at D and E tend to overturn this portion 
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of the upper lateral system, the overturning moment for each 
half being 4050(38 — 35) = 12 150 pound-feet. This must 
equal the moment of the equal and opposite vertical reactions 
at C and C or at F and F'y depending upon which half is 
considered. The lever arm of the couple formed by these 
reactions is 16 feet, the distance between the centers of 
trusses. Each reaction equals 12 150 -^ 16= 760 pounds, 
those on the windward side being downward, and on the 
leeward side upward. The same vertical reactions would be 
caused by vertical loads of 760 pounds acting downward at 
D' and E' and upward at D and E. In addition to the 
vertical reactions referred to above there are also horizontal 
reactions of 4050 pounds at C and F. Hence the same 
stresses will be produced in the vertical trusses if the horizon- 
tal panel loads of 4050 pounds at D and E are replaced by 
vertical loads of 760 pounds, acting upward at D and -£, and 
downward at U and E\ together with horizontal wind panel 
loads of 4050 pounds applied at C and F respectively. 

Next consider the entire upper lateral system, with the 
changes made as just indicated and supported at the points 
B, G, G\ and B\ Horizontal wind loads of 4050 -[- 4050 = 
8100 pounds are acting at C and /% and these produce an 
overturning moment in each half of the system of 8100(35 "" 
29) = 48 600 pound-feet. These loads may therefore be 
replaced by vertical loads of 48 600 -j- 16 = 3040 pounds, act- 
ing upward at B and G and downward at B' and G\ together 
with horizontal wind loads of 8100 pounds at B and G 
respectively. 

The end posts and portal bracing connect the upper lateral 
system to the supports of the bridge, and may be regarded as 
a part of it. The horizontal wind loads of 8100 + 4050 = 
12 150 pounds acting at B and G cause an overturning 
moment for each half of the bridge of 12 150 X 29 = 352 350 
pound-feet, and may therefore be replaced by vertical loads 
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of 352 350 -T- 16 = 22 020 pounds, acting upward at B and G 
and downward at B' and G\ together with horizontal wind 
forces of 12 150 pounds applied at the support of each end of 
the bridge. It is generally assumed that the feet of the end 
posts react equally. 

The above analysis shows that the upper lateral system 
transfers the horizontal wind loads directly to the supports, 
and that the stresses in the leeward truss due to the overturn- 
ing moment of the wind pressure which is applied at the panel 
points of the same system may be obtained by applying 
vertical loads of 22 020 pounds at B' and G\ 3040 pounds at 
f and F\ and 760 pounds at D' and E' respectively. Since 
the resulting stresses always act in conjunction with and are 
less than the dead load stresses, their values in the windward 
truss are the same as those in the leeward truss with the signs 
changed. Practically, the wind transfers a part of the dead 
load from the windward to the leeward truss. 

If the upper chord were horizontal the stresses in the truss 
would be obtained by applying vertical loads only at B' and 
G' (or at B and G) equal to 3 X 4050 X 29 -^ 16 = 22 020 
pounds. For the sake of simplicity the analysis in this 
article was made with the implied assumption that the speci- 
fied wind pressure for the upper lateral system was concen- 
trated at the windward panel points, and that the diagonals 
take only tension. The wind pressure should, however, be 
equally divided between the windward and leeward panel 
points, but the computed vertical panel loads will not be 
modified by it nor by the fact that the upper lateral system 
may be designed with stiff diagonals. 

If the lower chord be some distance above the level of the 
bridge supports the wind loads of the lower lateral system 
will likewise produce an overturning moment. The wind 
pressure on the train also tends to overturn the bridge about 
an axis through its leeward supports. In obtaining the trans- 
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fer of load from the windward to the leeward supports of the 
bridge the lever arm of the wind pressure equals the difference 
in elevation between the center of pressure on the train and 
the axis of rotation. The elevation of the center of pressure 
is variously specified to be from y^ to 8i feet above the base 
of the rail. The vertical panel loads which may replace the 
wind pressure on the train in finding the stresses in the 
trusses must be applied at the panel points of the loaded 
chord and regarded as a moving load. Each of these panel 
loads equals the product of the wind pressure on one panel 
length of the train by the distance of the center of pressure 
above the plane of the lateral system divided by the distance 
between the trusses. 

The stresses in the trusses, the floor, and lateral systems of 
a bridge due to the curvature of the track are treated in a 
paper by Ward Baldwin in Transactions of the American 
Society of Civil Engineers, Vol. XXV, page 459, Nov. 1891, 
entitled ** Stresses in Railway Bridges on Curves," The 
paper contains a practical example in which the stresses are 
computed. 

Prob. 67. Find the stresses in the truss in Fig. 1 10 due to 
the wind panel loads as computed in this article* The left end 
of the truss is toward the north. 
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CHAPTER VI. 



MISCELLANEOUS TRUSSES. 



Art. 56. The Pegram Truss. 

The Pegram truss has a curved or broken upper chord, and 
posts whose angles with the vertical increase from the middle 
of the truss to its ends. The horizontal projection of the 
upper chord is about one and one-half panel lengths shorter 
than the lower chord, but both chords are divided into the 
same number of panels. The panel points of the upper 
chord lie upon the arc of a circle. The form, proportion, 
and relative economy of this type of truss is discussed by the 
inventor in Engineering News, Vol. XVIII, pages 414 and 
432, December 10 and 17, 1887. 

Fig. Ill shows the skeleton diagram of a Pegram truss of 
seven panels. On account of the inclined posts the notation 
is necessarily modified from that used in Chap. V. The 




Fig. zxi. 



panel points are numbered in regular order from left to right. 
The subscript for any chord member is the number of the 
panel point which is the center of moments. The subscript 
Cor any post or tie is the panel point at the right extremity of 
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the member. The middle panel of the lower chord will be 
designated by Z, or Z,, according as its center of moments for 
a given position of the load is at 7 or 8. In order to distin* 
guish the middle panel of the upper chord from the adjacent 
members which have their centers of moment at the points 6 
or 9, the designating letters are primed. 

When the center of moments for any chord member of a 
truss is not in the same vertical as a floor beam, the method 
of determining the position of the locomotive wheel loads and 
the corresponding maximum moment described in Art. 47 
does not apply. In Part I, Art. 61, the required criterion 
for position, 

was deduced, in which Q is the load in the panel cut by the 
vertical through the center of moments, P' the load on the 
left of this panel, JV the whole load on the truss, y the hori- 
zontal distance from the center of moments to the left end of 
the panel containing Q, p the panel length, /' the distance of 
the center of moments from the left support, and / the span 
of the truss. 

In order to satisfy this criterion a wheel has in most cases 
to be placed at the left end of the panel containing the aggre- 
gate load Qy although it will often be satisfied when a wheel 
is placed at the right end of this panel. 

Fig. 112 shows the left end of a Pegram truss in position 
on the load line and moment diagram of the wheel loads for 
the maximum moment at the panel point 3. The line au 
produced passes through the point where the vertical at the 
right support cuts the load line. Wheel 4 is at the floor 
beam at panel point 2. The ordinate \r represents the load 
P' + Q. If wheel 4 be just to the right of the floor beam 
the ordinate 2/ or the equal ordinate mj represents P\ while 
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! p^ 

left of the floor beam, the ordinate zk equals /" and mf equals 

a I' 

P -\-^Q. The ordinate me equals -j W and the position is 

therefore correct when wheel 4 is at the floor beam and the 

point ' f^"" Ki.t-«r»Bn *JiB 

points 
lines r 
cut th< 



center of moments 3. The point r is at the intersection of 
the load line with the vertical through panel point 4. 

With the load in this position the equilibrium polygon for 
the truss is composed of the straight sides ak, ko, os, st, etc., 
and the closing line av. The bending moment is therefore 
given by the ordinate eg. In a similar manner the positions 
of the live load and the corresponding moments are obtained 
for all the panel points of the upper chord of the given truss. 

The position, of the live load and the bending moments for 
the sections through the panel points of the lower chord are 
determined in the manner described in Art. 47. For those 
points the second term of the left-hand member of the above 
criterion for position becomes zero. 

As an example a truss of seven panels will be used whose 
span is 207 ft. The horizontal projections of the posts P^, 
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P„ P„ and Pf arc 22.500, 15.59S, 9.336, and 3.467 feet 
respectively, while their vertical components measure 25.000, 
32.349, 37.273, and 39.717 feet. The live load consists of 
Waddell's Class U. The dead load is estimated at 1050 
pounds per linear foot per truss, 300 pounds being taken on 
the upper chord. As the average horizontal projection of the 
upper chords is 23. 14 feet, the upper panel loads are 23. 14 X 
300 = 6942, or say 6950 pounds. The panel loads on the 
lower chord are 750 X 207 -^ 7 = 22 180, or say 22 200 
pounds. 

The following table gives the data for all the live load 
chord stresses, the moments being expressed in units of a 
thousand pound-feet, the stresses in thousands of pounds, and 
the lever arms in feet: 



Whebl 


Moment 


AT 


AT Right 


Sbction. 


SUI'PORT. 


4 


47220 


9 


46570 


12 


43070 


13 


45090 


M 


35420 


15 


38 500 


16 


40470 



MOMBNT 

AT 

Sbction. 



480 

3 245 

6331 

7 261 

8 291 
10099 
II 286 



Wheel 
Wheel 
Wheel 
Wheel 
Wheel 
Wheel 



4 at point 2 
4 at point 2 
13 at point 6 

12 at point 6 

13 at point 6 
16 at point 9 



Bending 
Moment. 


Lbvbk 
Arm. 


Stress. 


Chord 
Mrmbbr. 


6266 

10 061 
12 128 

12 063 

11 949 
II 901 
II 840 


25.96 
34.53 
39.14 
39.717 

39.7«7 


- 241.4 

- 291.3 

- 309.9 

- 3«5.4 








4790 
8 270 

10 710 
12 090 
12 000 

11 SSo 


25.00 

32.349 
37.273 

39.717 


+ 191. 6 
+ 255.6 
-i- 287.3 


u 
z. 


4 2901 



The upper part of this table is arranged like that in Art. 47. 
For wheel 14 at the section through panel point 9, the shear 
is positive in the middle panel, while for the two preceding 
and the two succeeding positions the shear is negative. The 
moments at 9 for the last two positions cannot be used, since 
the diagonal in the middle panel which extends to 9 is not 
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then brought into action. The stresses in the fifth and sixth 
lines of the table are not computed, since the corresponding 
bending moments are less than 12 128 thousand pound-feet. 

The bending moments in the lower part of the table were 
read directly from the diagram after drawing for each position 
the closing line of the equilibrium polygon, and the side of 
the polygon which lay below the center of moments. For 
the last three positions the shear in the middle panel is nega- 
tive, and hence only the last moment can be used to obtain 
the stress in the lower chord of that panel. 

Since the ties of this truss do not have equal horizontal 
projections as in the case treated in Chap. V, it is found to 
be more convenient to obtain the chord stresses directly by 
dividing the bending moments by the corresponding lever 
arms. As the lengths of all the members of the truss must 
be computed, the lever arms may be obtained by very little 
additional computation, or they may be measured on a large 
scale truss diagram with sufficient precision. 

The stresses due to the dead load in the upper chord are 
— 105.8, -—132.7, —140.8, and —139.4 thousand pounds, and 
in the lower chord, +85.3, +116.4, +'32.1, and 139.4 
thousand pounds. 

In determining the positions of the live load for the web 
stresses, the points of division in each panel are found by the 
method explained in Art. 48, and the results are marked on 
the truss diagram on Plate VI. It will be observed that the 
points for the posts are <:)n the right of those for the ties 
except in the case of T",, and Pj„ where the counter tie is not 
required. The positions of the locomotive wheel loads and 
the remaining data required to construct the force polygons 
for the web stresses are given in the following table. The 
same units are employed as in the preceding table. 

Let the student make a careful comparison between this 
tible and those in Arts. 52 and 53. Attention is also called 
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to the fact that only for one member was more than one posi- 
tion of the load found to satisfy the criterion. The bending 









BaifDINC MOMCICTS 










Pam»1- 




(M) A I RXTKKMITIKS 








Wbs 

Mbmsbiis. 


Points 

ATTMM 

ExnutM- 


Wmbsl 

AT 

Panel 


ow Wkb Mbmbsk. 


Lbncth or 

Horizontal 

Pkojkciion 


Lbft — 


Right -r;. 








ITlES. 


Point. 


At Lbft 
End. 


At Right 
End. 


ly). 






Pi 


O — I 


4 at 2 


O 


4790 


22.500 





212.9 


n 


1—2 


4 at 2 


4790 


6 270 


7.071 


677.3 


886.8 


P. 


2—3 


3 at 4 


4 800 


7 200 


15.595 


307.8 


461.7 


r« 


3—4 


3 at 4 


7 200 


9370 


13.976 


515. 1 


670.3 


P. 


4—5 


2 at 6 


6 150 


7090 


9336 


658.7 


759-3 






3 at 6 


6 600 


7580 


9- 336 


706.8 


811. 9 


T. 


5-6 


3 at 6 


7580 


9675 


20.235 


374-6 


478.1 


P-i 


6-7 


2 at 9 


5 560 


5750 


3.467 


1608 


1659 


n 


7-9 


3 at 9 


6340 


7960 


26.104 


242.9 


304.9 


Tit 


8-II 


3 at II 


4040 


4980 


30.038 


122.3 


150.8 


Txt 


II — 12 


3 at 13 


2 010 


2 090 


13.976 


143.8 


149.5 


Pit 


12 — 13 


3 at 13 


2090 


2 180 


15.595 


134.0 


139.8 



moments in the fourth and fifth columns belong to the sec- 
tions through the panel points given in the second column, 
and were read directly from the diagram like those in the 
lower part of the preceding table for chord stresses. 

The ordinates whose values are given in the last two 
columns are laid off on the truss diagram on Plate VI, and 
the force polygons drawn as explained in the preceding 
chapter. On account of the great range of these values, and 
in order that the force polygons may be drawn to as large a 
scale as possible, different scales are employed. The original 
trtiss diagram was drawn to a scale of 6 feet to an inch, and 
the following scales were used for the force polygons ia 
regular order from left to right: 60, 200, 100, 200, 200, So, 
300, 50, 30, 3O9 and 40 thousand pounds to an inch. The 
stress in P5 for the position of wheel 2 at panel point 6 is 
-—66.2 thousand pounds, the corresponding force polygon 
not being shown on Plate VL 
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The greatest live load tension in P^ (or in P^ occurs either 
when one or both of the adjacent upper chord members are 
subject to their maximum stresses. In this example their 
maximum stresses occur simultaneously when wheel 12 is at 
panel point 6, and while the tie 1\ is acting. The force tri- 
angle at panel point 7 therefore gives the corresponding live 
load stress in P^ of + 32.0 thousand pounds. 

The greatest tension in P^^ occurs when wheel 5 is at panel 
point II. The moment ordinate at the right support is 9475 
and at II is 830, whence P^g-=- 9475 — (830 x 3) = 6985 
(see Art. 54). The bending moments in the sections through 
8 and 11 due to the dead load are 5526 and 4575 thousand 
pound-feet respectively. The bending moments due to the 
dead load plus the above live load on the right end of the 
truss are 

^,= 5526+^^^^.9475= 10782; 

^,, = 4575 + 1.9475 - 830= 10514. 

The value of y is found graphically to be 10030 thousand 
pound-feet. The horizontal projection /' of U\^ is 23.702 
feet, and hencey -=-/' = 423.2 thousand pounds. On laying 
this off on the vertical from panel point 10 to /, and drawing 
y parallel to ^8 as explained in Art. 54,/ — 10 gives a stress 
of — 333.7 thousand pounds in C/'„ at the time when P„ is 
subject to its greatest tension. If the force polygon for panel 
point 10 be next constructed the stress in /*„ will be found. 
At this point the stresses in C/',,, t/j,, and /\„ together with 
the dead panel load of 6.95 thousand pounds, are in equi- 
librium. The polygon is drawn on the truss diagram, and 
gives a stress of + 31.4 thousand pounds in jP^,. 

The maximum and minimum stresses in the web members 

» 

due to the dead and live loads may now be obtained in the 
usual manner: 
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For the ties, 



Dead load. 

Live load from the right 
Live load from the left. 

Maximum stress 

Minimum stress 



T^ 


7« 


Tt 


TV 


Txx 


+ 56.9 
+ 141. 2 



+ 33.7 
+ 108.0 

- 19.3 


+ 17.0 
+ 89.4 




+ 74.5 


— 21.0 

+ 56.4 


+ 198-1 
+ 56.9 


+ I4I.7 
+ 14.4 


+ 106.4 



+ 74.5 



+ 35.4 




For the posts, 



Dead load 

Live load from the right. . . . 

Live load from the left 

Full live load 

Maximum stress. 
Minimum stress. 



Px 


Pt 


/*. 


Pn 


— 127.2 

— 286.7 




— 36.2 

— 108.6 

+ 35.5 


- 9.1 

- 67.4 


+ 7.4 
- 39-0 

+ 32.0 


- 413.9 

— 127.2 


- 144.8 

- 0.7 


-76.5. 

[+ 3I.4J 


— 31.6 
+ 39-4 



It will be observed that if the live load were just a little 
greater that all the posts except the ones at the end of the 
truss would be subject to reversal of stress. 

Prob. 68. A Pegram truss for a through railroad bridge has 
five panels, and a span of 150 feet. The horizontal projec- 
tionb cf the posts are 20.000, 11.995, and 4.335 feet, while 
their vertical components are 22.000, 26.505, and 28.740 feet. 
The live load is Waddell's Class U. The dead load is 950 
pounds per linear foot per truss, 275 pounds being taken on 
the upper chord. Find the maximum and minimum stresses 
in all the members. 



Art. 57. The Pennsylvania Truss. 

This type of truss is illustrated in the skeleton diagram of 
Fig. 113. It is derived from the Pratt truss with a curved 
upper chord by subdividing its panels by means of subverticals 
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and short diagonals. The vertical broken lines indicate struts 
which support the upper chord members at their middle 
points, and the corresponding horizontal lines serve to give 
lateral support in the plane of the truss to the long vertical 
posts. These are no real truss members, and are omitted in 
the diagrams employed in finding the stresses in the truss. 
In this case the counter diagonal eG does not coincide with 
the short diagonal FGy although in a number of trusses 
which have been erected the panel eEGg is counterbraced by 




connecting the points e and /'with a tie. The detail drawing 
of such a truss may be found in Engineering News, Vol. 
XXIII, page 249, March 15, 1890. 

The stress in ^/due to locomotive wheel loads is found in 
the same manner as for the Pratt truss, the center of moments 
being at E. The stress in y^ equals that in ef^ as may be seen 
from the force polygon for the panel point j*^. 

By the method employed in Part I, Art. 61, a criterion for 
the position of the live load may be obtained which will give 
the stress in EG, and which indicates that the wheel loads 
from a to e, plus twice those from e to/, shall equal Jf7' -=- /, 
W^ being the whole load on the truss, /the span, and /' the 
distance from the left support to the center of moments g. 
To satisfy this criterion a wheel load must usually be placed 
at/, although sometimes it may be satisfied when a wheel is 
at e. In view of the examples given in Chap. V and in the 
preceding article, the student should have no difficulty in 
making the graphic construction required by this criterion. 
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As the section cutting EG and only two other members 
must pass on the left of/, the bending moment for EG must 
equal the moment of the left reaction of the truss, minus the 
moments of the loads transmitted by the floor system to the 
truss at the panel points ^ to ^ inclusive; or, in other words, 
the required bending moment exceeds that at the vertical 
section through g by the moment of the panel load at /. In 
the graphic determination, if the line joining the points where 
the verticals through e and / meet the moment curve of the 
live-load diagram, be produced to the vertical at g^ and the 
ordinate from this point of intersection to the closing line be 
read off, the required moment will be obtained. 

For the main tie EFy the position is found by the method 
given in Arts. 48 and 49, the auxiliary lines B^ and B^ of Fig. 
98 being drawn in this case through the points e and / of 
Fig. 113. The force polygon is then constructed as in Art. 
50 by using the moments at E and g^ the points where the 
diagonal EF meets the upper and lower chords respectively. 

The maximum stress in Ee occurs also when the head of 
the locomotive is in the panel ef^ and hence there will be no 
simultaneous live-load stress in DE. The section through 
Ee must therefore cut CE and ef^ and in finding the point of 
division in ef the chord member CE must be produced as in 
Fig. 98. If in any case the position for Ee should be the 
same as for EF, the stress in the former may be obtained 
from the force polygon already constructed for the latter by 
completing the polygon for the stresses meeting at the panel 
point E. If not, then a new force polygon for the simul- 
taneous stress in EF must be drawn. 

The panel load at / is suspended from F by the subvertical 
Ff^ while the members EG, EF, and FG form a secondary 
truss which serves to transfer this panel load to the panel 
points E and G. As the panels are equal one half of the load 
at /is transferred to E and G respectively. Since the posts 
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Ee and Gg are both vertical, the stress in Fg is exactly the 
same as if the wheel loads in the panels ef and fg were trans- 
ferred to the panel points e and ^ by a stringer whose span 
is eg. The stress in Fg is therefore found by the method 
given in Chap. V, after considering the members //and FG 
removed. The greatest stress in the counter tie eG (or Gi) is 
obtained in a similar manner to that in Fg. 

The preceding statement also shows that the maximum 
stresses in /j/and FG occur when the floor beam reaction is a 
maximum. For consolidation locomotives this usually re. 
quires the second or third driver to be placed at the floor 
beam. If the panels are long, the reaction will be greater 
under the corresponding position of the second locomotive, 
for one or two of the tender wheels of the first locomotive 
may then be brought on the panel at the left. The tension 
in FG equals one half of the floor beam reaction multiplied by 
the secant of the angle which FG makes with the vertical. 

The stress in the vertical Cc depends not only upon the 
floor beam reaction at ^, but also upon that at ^, one-half of 
the latter being transferred to c by the secondary truss abcB. 
By employing the same method as in Art. 46, the following 
formula may be deduced for the stress in Cc due to the loco- 
motive loads: 

•^" P ' 

In which M^ is the moment of all the loads on the first three 
panels about ^Z as a center, and M^ the moment of the loads 
on the first two panels about r as a center, and / the panel 
length of the three equal panels ab^ bcy and cd. The values 
of Mc and M^ can be read off directly from the live-load 
moment diagram. The corresponding position of the load 
requires the wheel loads in the first two panels to be equal to 
two-thirds of the load on the three panels. It will be 
observed that this is the same position as that for the maxi- 
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mum moment at r of a beam or truss whose span is ad. As 
the Kve-load diagrams are always constructed with the head 
of the locomotive toward the left, the maximum stress should 
also be found in Kk and compared with that in CV, the larger 
value being used for bot!i members. The tension in Bb 
equals the floor-beam reaction at b. 

If instead of the short tie FG a short strut eF be inserted, 
the auxiliary truss will then be efgF^ which will transfer the 
panel load at f to the points e and g. The moment of the 
stress in fg about the center E will then be the bending 
moment in the vertical section through E plus the moment of 
the panel load at /". The corresponding criterion for position 
will require the wheel loads from a to f minus the wheels 
Iromftog to equal Wr -^ /, in which IV, /, and /' have the 
same significance as before, whence /' equals the horizontal 
distance from the left support to E, which is the center of 
moments. The stress in EG is the same as if the secondary 
truss were omitted, and the stringer extended from e to g. 
The methods described above for finding the stresses in EF 
and Fg will now have to be exchanged. 

The construction of the stress diagram for the dead load 
offers no difficulty in either case, and will therefore ^not be 
illustrated. 

The form of this truss as shown in Fig. 113 ii sometimes 
modified by reducing the two panels at each end to one, 
thereby omitting the subverticals at b and /. This arrange- 
ment was used in the Susquehanna River bridge at Havre 
de Grace, Md. Another modification was adopted in the 
Merchants' bridge, at St. Louis, whereby the point B was 
raised so as to bring it into the curve of the upper chord. 
See Engineering News, Vol. XXII, page 578, Dec. 21, 1889. 

Prob. 69. The truss in Fig. 113 has a span of 283 feet, the 
depths at C, E, and G being 42, 47, and 48$ feet respec- 
tively. Find the stresses in all the members of the truss due 
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to Waddell's Compromise standard, Class U, the bridge 
having a single track. 

Art. 58. The Baltimore Truss. 

The Baltimore truss is a special case of the Pennsylvania 
truss when the upper chord is horizontal. The chord stresses 
for both trusses are found in exactly the same manner. The 
method used for the web stresses of the Pennsylvania truss 
also apply to the Baltimore truss, but for most of the web 
members it is preferable to make the comparison with the 
methods employed for the Pratt truss. 

If the upper chord in Fig. 113 were horizontal the stresses 
in EF and in Ee would be the same as if the truss were of the 
Pratt type with 14 panels, the load on the truss being 14 
times the load in the panel ef. For the stress in Fg the load 
on the truss must equal 7 times the load in the panel, and the 
stress would be the same as if the truss were of the Pratt type 
with only 7 panels. The stresses in //and Bb are equal to 
those in the suspender of a Pratt truss having the same panel 
lengths, while those in Cc and FG are the same as for the 
Pennsylvania truss. 

Prob. 70. A Baltimore truss of a single-track through 
bridge has the same span, number of panels, and live load as 
the truss in Prob. 69. its depth being 47 feet 2 inches. The 
counter-ties Ge and Gi are, however, omitted, and the mem- 
bers Eg and Ig counterbraced. Find the live load stresses in 
all the members. 

Art. 59. Unsymmetrical Trusses. 

Fig. 1 14 represents the side elevation of the two unsym- 
metrical Pratt trusses of a through railroad bridge, together 
with the plans of the upper and lower lateral systems. The 
floor beams are perpendicular to the center line of the bridge, 
and they are placed at equal distances apart from each other, 
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and from the points midway between the bearings of the end 
stringers. The end posts are inclined so that their horizontal 
projections are equal to the distance between the floor beams, 
and this necessitates shortening the end panel of the upper 
chord at one end of each truss, and lengthening that at the 
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other end by an amount equal to one-half the longitudinal 
component of the skew. The end panels of both chords are 
therefore equal at the same end of each truss, and the sus- 
penders are inclined. Sometimes the trusses of skew spans' 
have been built whose end posts are not equally inclined, but 
this is very unusual. 

As the two trusses are equal, but with their ends reversed, 
it is necessary to find the stresses in all the members of one 
truss for all the loads. Since the load line and equilibrium 
polygon for the locomotive wheel loads are usually arranged 
for the load advancing from the right, the live load stresses 
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are found in all the members of the left half of each truss, 
except the counters whose stresses are found in the right half. 

The dead load stresses in the trusses and the stresses in the 
lateral systems due to that portion of the wind load which is 
regarded as stationary are as readily determined by the 
graphic method as for symmetrical trusses, although in the 
analytic method the numerical work of computation is ma- 
terially increased. 

The stresses in the lateral systems due to the pressure of 
the wind on the trusses are found by means of a stress diagram 
like Fig. 67 in Art. 32, but extended to all the members of 
each system. For the wind panel loads which are treated as 
a moving load (representing the pressure of the wind on the 
train), the stresses in the chords may also be obtained by a 
stress diagram, while that in the lateral struts and ties may 
be found by means of tables similar to those in Art. 32. The 
relation between the values in the different lines of the table 
are, however, not as simple as for trusses whose panels are all 
equal. For instance, if the nearer truss ai is on the windward 
side, the braces of the lower system brought into action are 
aVbccd'de^e . . . IMiy and a wind panel load at g will cause 
stresses in members on its left equal to those due to a panel 
load at h multiplied by the ratio of ^/ -r- hi. These products 
are most conveniently obtained by graphical arithmetic (Art. 

14). 

Another method, which is preferable in most cases, is to 
draw a diagram giving the stresses in all the members for a 
reaction of i.o at the left support tf, and then to multiply the 
stress in each brace by the corresponding reaction produced 
by the panel loads which make its stress a maximum. These 
reactions are most quickly determined by means of an equi- 
librium polygon whose closing line will shift as one panel load 
after another is taken away from the full load for which it is 
at first constructed. 
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The position of the wheel loads is obtained in the same wa3r 
as for symmetrical trusses, it being assumed, however, that 
the loads are distributed along the center line oo of the tiack 
as shown in Fig. 114, and that the trusses have their supports 
at o and o . Although this method is approximate, it generally 
gives the correct position. In case a ver^- slight shifting of 
the loads would dissatisfy the criterion, it may be well also 
to find the stress when the next wheel is placed at the corre- 
sponding panel point and compare the results. 

In the bridge represented in Fig. 1 14 let the span be 146 
l^cl,bc=zcd=d€ = ef=:/g = gh= iS' 3'\a6 = £C= 13' 
7i", /// = Gff=: 22' loj", the width 16 feet between centres 
of chords, and the depth 24 feet. For the greatest stress in 
the chord members ad and dc due to Waddell's Class U 
(Art. 39) the required position is that with wheel 3 at panel 
point 6. Fig. 115 shows the left portion of the truss diagram 
placed in this position on the 
load line and moment diagram 
of the live load. The inter- 
section of the line ov with the 




Fig. 1x5. 



vertical through the center of moments B is seen to He 
between the points where mw and nw cross the same vertical. 
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As the floor system distributes the load to the panel points 
of the truss the lower sides of the equilibrium polygon for the 
truss under this position of the load are the right lines, or 
•chords, op^ pr^ rs, etc., the points 0, /, r, and s being on the 
live load polygon. The point is the regular panel length 
of 18' 3" on the left of 6. The closing line of the polygon 
tnust end in a vertical through the left support of the truss at 
^, and therefore at the intersection k of the vertical ka with 
the line op. In a similar manner the right end of the closing 
line (not shown in Fig. 1 1 5) is located at the iiTtersection of 
the chord or side of the equilibrium polygon whose extremi- 
ties lie on the verticals through A and 0' (see Fig. 114) with 
the vertical through i. The bending moment in the section 
through £ is measured by the full line ordinate with arrows 
at its extremities (Fig. 115). This moment divided by the 
depth of the truss gives the stress in 6c. As the stresses in 
^d and aBy however, hold in equilibrium only the reaction at 
^, the moment of the stress in ad about B is equal to the 
moment of the reaction, and hence is measured by the ordi- 
nate when produced to ^, its intersection with the side op (or 
Jtp) produced. 

The stress in the end post aB is preferably obtained by 
dividing the stress in ad by the sine of the angle which aB 
makes with the vertical. For the remaining web members 
except the suspenders, the only modification required of the 
method described in Art. 45 for trusses with equal panels is 
that the moment at the right support must be read to the 
point corresponding to that described in the preceding para- 
graph as the right end of the closing line of the equilibrium 
polygon for the truss. 

The floor-beam reaction is the same as if the panel ad of 
the truss were equal to bcy for the deduction of the formula in 
Art. 46 indicates that the panel lengths introduced are really 
the spans of the corresponding stringers, and while usually 
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they are equal to the panel lengths of the truss, this is not 
always the case. The tension in Bb equals the product of the 
floor-beam reaction by the secant of the angle which Bb makes 
with the vertical. 

Fig. 1 1 5 also shows the left-hand portion of the diagram of 
truss a'B' H'i' superimposed upon the other. The closing 
line is k'u^ k being at the intersection of po produced with 
the vertical a*k\ The moment of the chord stress in c^V 
{1/ coincides with d) is measured by the ordinate below B' and 
is indicated by arrows at its extremities. By producing this 
ordinate to /, on the chord rp produced, it gives the moment 
of the stress in dV. 

It will be observed that the same position of the live load 
was used for the end chord members of both trusses. If the 
point o had been moved to a' the criterion would not have 
been satisfied by placing wheel 3 at b^ but only by putting 
wheel 4 at b. The moment for the latter position, however, 
is less than that for the former. 

Prob. 71. Find the maximum and minimum stresses in the 
above example due to the given live load and a dead load of 
900 pounds per linear foot, one-fourth to be taken on the 
upper chord. 

Art. 60. Double and Quadruple Systems. 

For trusses having more than one system of webbing it is 
assumed that each system is affected only by the loads which 
it carries. 

In the double system Warren truss in Fig. 1 16, the loads 
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P„ P„ and P, are carried by the full line diagonals, and the 
loads, Q^, Q^f Qt, and Q^ by the diagonals drawn in broken 
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lines. The truss is therefore regarded as composed of two 
separate trusses having common chords. The stresses in each 
system may then be determined and the results combined. 
In this case, however, either the dead load stresses in all the 
members or the live load stresses in the chords may be found 
by means of one diagram. The reaction at the left support 
is in equilibrium with the stresses in Aa, £a, and ad, but the 
compression in Aa is known, since it equals the reaction due 
only to the loads (2> thus leaving but two unknown stresses. 
The stress diagrams may therefore be readily constructed. 
The maximum live load stresses in the diagonals are obtained 
by considering each system separately. 

For the Whipple truss in Fig. 117 (which is a double inter- 
section truss of the Pratt type) both dead and live load 
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Fig 117. 

stresses must be found for each system, the division into 
systems being somewhat different, however, for the required 
stresses in the chords and web members. For the chord 
stresses the division may be made into the two symmetrical 
systems shown in Fig. 118, provided the live load is uniform 
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throughout. If the live load is not uniform, or if it consists 
of excess loads combined with a uniform train load, the division 
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may be made similar to that shown in Fig. 119, care being 
taken to insert those diagonals near the middle, which are in 
tension under the combined dead and live loads. If the 
stresses are obtained only for the left half of the truss, the 
excess loads may require an additional diagonal to slope 
downward toward the left in the lower diagram of Fig. 119. 
It is clear that only those dead and live load stresses in any 
chord member may be added together, which were obtained 
under the same conditions; that is, with the same diagonal of 
the given panel acting in each case. 

When the division is made into systems, or component 
trusses, which are unsymmetrical, there is some ambiguity in 
the stresses due to the fact that the suspenders are attached 
to the panel points B and K which are common to both sys- 
tems. As reasonable an assumption as any is to regard the 
panel loads at b and k to be equally divided between the two 
systems. The same stresses will, however, be obtained if 
both suspenders be considered as a part of only one and the 
same system, and this arrangement is also more convenient 
in finding the stresses. 

If these two methods of division be compared for a uniform 
load throughout, the greatest difference in chord stresses is 
found to be not quite four per cent, most of them being much 
less. The difference may be reduced one-half by considering 
the suspender Bb as belonging only to that component truss 
which contains the adjacent diagonal Be, and the suspender 
Kk as being a part of the system containing the diagonal Kj. 
This arrangement reduces the shear at the middle to the 
minimum value possible in each case, and requires the con- 
struction of only one stress diagram for the chord members, 
since one system equals the other with its ends reversed. 

For the stresses in the web members the systems are divided 
as in Fig. 120, all the ties sloping one way except those near 
the right end, where it is certain that no counters are needed. 
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Only the loads supported by one of the systems are considered 
in finding the stresses due to both dead and live loads in any 
web member of that system. The method employed is that 
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of Art. 30, the labor of tabulation being materially lessened 
by noticing the general statements made in that article in 
regard to the maximum and minimum stresses in web mem- 
bers. On account of the ambiguity in stresses the panel loads 
at b and k may be placed on either system, so as to produce 
the maximum and minimum stresses in any given web mem- 
ber. 

When one excess load is used in connection with uniform 
panel live loads, it must be placed on that system which gives 
the greatest chord stresses ; and for two excess loads the first 
may be on one system and the second on the other, depending 
upon their distance apart and the panel length. For maxi- 
mum stresses in the webbing the excess loads are always 
placed at the head of the train. 

If concentrated wheel loads are to be employed it will be 
best to always place the first driver at the panel point. Each 
system is regarded as acting independently, and as being 
strained only by the loads transferred to it by the stringers 
and floor beams. As part of the weight of the pilot is carried 
by the stringer to the other system, that part is disregarded 
in obtaining the stresses in the bracing. For the chord 
stresses the locomotives are so placed as to produce the 
greatest moment at the middle of the truss, and the weights 
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transferred to each system are used only in determining the 
chord stresses for that system. 

A quadruple Warren truss or lattice girder is treated in 
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a similar manner to the double system Warren, and also 

requires but one diagram for dead load. 

Prob. 72. A double system deck Warren truss of 100 feet 
span has 10 panels, and is ID feet deep. The dead load per 
linear foot per truss is 560 pounds, and the train load 1800 
pounds, which is preceded by two heavy locomotive panel 
loads of 65 000 pounds each. Find the maximum and mini* 
mum stresses in all the members. 



Art. 61. The Greiner Truss. 

The truss shown in Fig. 122 was designed in 1894 by J. E. 
Greiner, Engineer of Bridges of the Baltimore and Ohio 
Railroad, for overhead highway purposes so as to be adapted 
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to the use of material taken out of old bridges combined with 
rails worn out in track service. It consists essentially of a 
bowstring truss with a horizontal upper chord combined with 
a Pratt truss whose diagonal ties are omitted, so that the 
supports of the former are at the upper ends of the end posts 
of the latter. 

The stresses in the web members above the bowstring 
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Bc'de^F are first determined by regarding them as members of 
the bowstring truss only, the supports being at B and F. 
The stresses in the end posts are the same as if the truss were 
of the usual Pratt type not in combination with the bowstring, 
while the stresses in the verticals Bby c'c^ /^, and Ffzrt the 
corresponding floor-beam reactions. 

The stress in any member of the upper chord BF is the sum 
of its stresses when considered successively as a member of 
the bowstring and Pratt systems, the load in the second case 
being the panel loads at b and /, together with loads at B and 
F equal to the reactions in the first case. This stress is a 
maximum when the load covers the entire truss and its posi- 
tion satisfies the same criterion, which would be used if the 
truss were of the pure Pratt type. The corresponding 
stresses in the bowstring Bc^de'F^ and in the lower chord are 
easily found, as each of these chords belongs only to one of 
the component trusses. 

Since the diagonal bracing of the Pratt truss is replaced by 
the bowstring truss, it is necessary not only to determine the 
stresses in each system separately, but also to consider the 
effect on the latter when the load on the former is not 
symmetrically disposed. As the panel points B^ d^ and F 
are common to both systems, the Pratt truss may first be 
regarded as having counterbraced long diagonals Bd and dF^ 
and after the stresses in Bd and dF are found for the unequal 
loads transferred to B and F, or the panel loads at b and /, 
or both of these conditions combined, the stress in each of 
these members may be replaced by two equal and opposite 
external forces applied at its extremities, as was done in Art. 
33, Fig. 69, in replacing the initial tension in the counters. 
The stresses in the bowstring truss due to these forces must 
then be combined with those obtained by treating each system 
independently. Only those stresses must be combined which 
occur simultaneously under the same conditions. 
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A more expeditious method is to draw three stress diagrams 
for the truss for a panel load at b, c, and d respectively. 
The stresses are then tabulated and combined according to 
the method given in Art. 29. Each diagonal is designed to 
resist whatever kind of stress it receives. 

If the dead and live loads are uniform and the bowstring is 
parabolic, the maximum stresses in the two horizontal chords 
are uniform throughout. This fact indicates why this type 
of truss is adapted to the use of track rails in these chords. 
The details of a truss of this type, in which, however, the 
parabola is in compression, were published in the Railroad 
Gazette, Vol. XXVII, page 602, Sept. 13, 1895. 

Prob. 73. A highway bridge with a clear roadway of 15 
feet has a span of 57 feet. The truss is of the same form 
and number of panels as Fig. 122, and its depth is 7 feet. 
Find the stresses due to a live load of 80 pounds per square 
foot. 

Art. 62. Horizontal Shear in a Beam. 

Let it be required to construct a diagram showing the dis- 
tribution of the horizontal shear in a beam. This may be 
conveniently illustrated by an example, such as occurs in the 
design of a deepened beam. A deepened beam consists of 
two timbers of rectangular cross-section placed above each 
other and united by keys or brace blocks so as to make the 
timbers act like a single stick. By this means the combined 
strength of the timbers is double that secured when they act 
separately. 

Let the loads to be supported exclusive of the weight of 
the beam consist of three concentrated loads of 4000, 8000, 
and 6000 pounds respectively, and a uniformly distributed 
load of 2000 pounds per linear foot, extending over a portion 
of the span as indicated in Fig. 123. A single bending 
moment diagram for both concentrated and uniform loads 
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may be constructed by treating separately the portions of the 
uniform load which lie between the concentrated loads. The 
loads are taken in succession from left to right and laid off on 
the load line (not shown). The left reaction A is found by 
computation to be 22 900 pounds, and by laying this off on 
the load line the closing line of the equilibrium polygon may 
be made horizontal, if so desired, by taking the pole directly 
opposite the point of division of the reactions (see Arts. 9 
and II). The equilibrium polygon acefgiba is first drawn 
by regarding the portions of the uniform load as concentrated 
at their centres of gravity. The final form is then obtained 
from this by constructing a parabola (Art. 10), tangent to the 
right lines ce and ef at the points d and / respectively, these 
points being directly below the extremities of the 4-foot por- 
tion, and a second parabola tangent to fg and gi at the 
points / and h. 

The vertical shear diagram a!k *.. Im .. nV is drawn next. 
The shear passes through zero, where Im crosses a'b\ and on 
measuring the moment ordinate directly above this it is found 
to be 126400 pound-feet. If b be the breadth and d the 
depth of the rectangular section of the beam, and 875 pounds 
per square inch the working unit stress in the outer fibers, 

bd* = (126400 X 12 X 6) -7- 875 = 10400 inches'. 

If b be assumed as about \dj the beam will require two 
timbers 14 X 14 inches in section. 

The weight of these timbers for a length equal to the span, 
at 3 pounds per foot board measure, equals i960, or say 2000 
pounds. The bending moment at the middle of the beam 
due to this weight is 5000 pound-feet. The corresponding 
moment diagram is drawn as explained in Art. 10 by making 
the parabola arb tangent to as and sb, the ordinate at s being 
2 X 5000 = 10 000 pound-feet. The shear diagram a'pqb' 
for the weight of the beam is added to the other by laying off 
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the reactions in the opposite direction from the axis a!b\ 
The shear due to all the loads passes through zero at where 
Im crosses/^, which is a little to the right of the point found 
before, and is 8.52 feet from the left support. The maximum 
bending moment directly above this point is now measured, 
and its value of 131 300 pound-feet obtained. As the resist- 
ing moment of the beam slightly exceeds this amount no 
correction is necessary. 

If Sk is the unit horizontal shear, and V the vertical shear 
in any section of the beam, b and d the breadth and depth of 
the rectangular cross-section, the following relation is given 
by mechanics (Mechanics of Materials^ Art. 78). 

In order to obtain the horizontal shear for a distance dx along 
the beam, S^ must be multiplied by bdx^ giving 

SJfdx^^.Vdx. 

If the total horizontal shear be required between any two sec- 
tions of the beam, it is necessary to integrate this expression 
between the given limits of x. F is a function of x^ and the 
integral of Vdx is the area of the vertical shear diagram 
between the given sections. 

The total horizontal shear between a! (the left support) and 
^? is -^ . iJ/max.» since / Vdx = J dM = M. Substituting the 

values found above, the total horizontal shear for either the 
portion do, or oV equals (3 X 131 300 X 12) -^ (2 X 28) = 
84 420 pounds. If four keys or brace blocks of equal strength 
are to be employed to resist this shear, each block must be 
desigfned to take a pressure of 21 105 pounds. In order to 
determine their location, it is necessary to divide the vertical 
shear diagram on each side of the zero shear into four equal 
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parts. This is most readily done by dividing it into narrow 
strips, say a foot wide by scale, finding the area of each one, 
and, beginning at the point o^ adding each area to the sum of 
the preceding ones. The total area should equal the maxi- 
mum moment. These areas are laid oiT as ordinates on the 
axis a'V in such a way that the length of the ordinate at any 
section of the beam represents the area of the vertical shear 
diagram from that section to the point of zero shear. By 
dividing the last ordinate a'^t into four equal parts and draw- 
ing parallels to a"o* through these points as indicated by 
broken lines, their intersection with the curve passing through 
the extremities of the ordinates gives the positions required. 

The corresponding diagram for the right-hand portioh is 
drawn above the axis o^'b'\ All the positions of the brace 
blocks are marked on the bottom line of Fig. 123. Numbers 
I, 2, and 3 are respectively 4' 9", 2' 11", and i' ^\" from 4, 
which is at the left support; while numbers i', 2', and 3' are 
I' ioi"» 3' 5"» and i' 7i'' from 4' at the right support. It 
will be observed that in the middle portion of the beam no 
brace blocks are required in this case for almost one-half of 
the span. 

When moving loads are substituted for stationary loads the 
length of the middle space is materially reduced, for in that 
case the maximum horizontal shear in any section does not 
occur when the load covers the entire beam except for the 
sections at the supports. If the cross-section of the beam is 
not uniform, it is necessary to construct the diagram so that 
the ordinates shall represent the corresponding sums of the 
horizontal shears directly. By using the general form of the 
equation the distribution of the horizontal shear in a beam of 
any cross-section may be similarly shown by a diagram. 

Prob. 74. Two deepened beams having an effective span 
of 22 feet carry a single track railway across a culvert. The 
weight of the track is to be assumed at 400 pounds per linear 
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foot, and the live load at 3600 pounds per linear foot. The 
beams are to be of timber weighing 45 pounds per cubic foot, 
and with an allowable unit stress in the outer fibers of 1500 
pounds per square inch. Find the positions of the brace 
blocks or keys, provided eight are used in each beam. 

Art. 63. Roof Truss with Counterbraces. 

Fig. 124 shows the skeleton diagram of a roof truss with 
straight upper chords and a curved lower chord. The upper 
chord on each side is divided into five equal panels, and at the 
panel point marked 2 the strut is normal to the upper chord. 
The end panels of the lower chord are parallel to the adjacent 
upper chord members and the panel points i, 2, • • • 5 . . . 
2\ i' lie on the arc of a circle. With the exception of the 
end ones, the lower chord members are also equal. The 
ventilator covers a panel on each side of the peak. 

The dead panel loads I to 7 on the upper chord are 2500, 
3350» 3350, 3350, 2750, 2150, and 3600 pounds, and the 
corresponding loads o to 5 on the lower chord are 1400, 600, 
600, 600, 600, and 600 pounds, somewhat less than half the 
weight of the truss being regarded as concentrated at the 
panel points of the lower chord. The snow panel loads are 
2700 pounds, excepting those at I, 5, and 6 which are 1350 
pounds. The horizontal wind pressure against the vertical 
side o — I is 5600 pounds, and against 5 — 6 is 4800 pounds. 
The normal wind panel load is 6300 pounds, distributed to 
the panel points in the usual manner. 

The stress diagrams are drawn at first for the truss with its 
counterbraces omitted as described in Art. 17, the additions 
required on account of the counters (in this example, counter- 
ties) being made afterwards. Only one of the stress diagrams 
is shown, that due to wind on the fixed side of the truss being 
given in Fig. 125. As the direction of the reaction at the 
fixed end is not known, the equilibrium polygon used to de- 
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termine the reactions must have its left-hand vertex at that 
support and its right-hand vertex on the vertical line of action 
of the reaction of the right support. To reduce the number 
of sides of the equilibrium polygon, and thereby to secure 
greater accuracy, it is desirable to concentrate the wind pres- 
sures on the two vertical and the two inclined surfaces at 
their respective centers. Should this arrangement cause a 
vertex of the equilibrium polygon to fall beyond the limits 
of the drawing even with the most favorable position of the 




Fig, 134. 

pole, it may be remedied by replacing the horizontal and 
normal pressures on the ventilator by their resultant. To 
avoid ambiguity in stress, the member AM' is attached to the 
panel point 7 so as not to receive or transmit any direct stress 
due to the wind. 

To determine the stresses in the members adjacent to the 
second panel of the truss when the counter-tie DE acts, 
imagine the main diagonal removed and complete the corre- 
sponding force polygon for the panel points at its extremities, 
the additional lines required being made with short dashes 
instead of full lines. In a similar manner the additions are 
made due to the counters FG, HI, and those in the other half 
ot the truss. It will be observed, for instance, that the 
polygon AAii in the stress diagram has all of its sides respec- 
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tively parallel to the members of the panel containing the 
diagonal ties HI, while the two points marked / are on the 
same parallel to NI, and the two points h are on the same 
parallel to AH, 

The stress in AH when the counter acts is represented by 
the shorter ahy while its stress when the main tie acts is the 
longer ah, as is evident 
at a glance on observing 
with which point h the 
broken line hi or the full 
line hi is connected. As 
the lines in the stress dia- 




gram, which give the 
stresses in the strut con- 
necting the upper panel point 4 
Fir "5 with the lower panel point 3, 
have the same small or lower-case letters at their extremi- 
ties as the capitals which designate the spaces adjacent to 
the strut, an inspection of the truss diagram will indicate 
which letters are to be used in any given case. When the 
counter acts on the left and the main tie on the right the 
strut is designated as FH and the corresponding stress is 
fh. If the counters act on both sides the strut is FI and its 
stress//. The character of the lines representing the stresses 
in the main and counter ties afford a check against errors, 
for the stress diagram above shows that gi is the stress 
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in the strut when the acting adjacent ties are the main tie 
FG^ and the counter tie HI. As an additional example, the 
stress in the next strut to the left is r^ when the acting 
adjacent ties are the main DE and the counter FG. 

Before measuring the stresses in the chords and struts the 
stresses in the main and counter ties are tabulated so as to 
determine how many counters are actually required. The 
following tables give all the stresses for the ties in three panels 
and the maximum and minimum stresses in the remaining 
ties, the stresses being expressed in units of one thousand 
pounds. 



Tibs. 


DB 


FG 


Hi 


Main. 


COUNTEK. 


Main. Countbr 

1 


Maim. 


CODNTBS. 


Dead load • 


-h 17.8 
4- 10.8 
4- 14.8 

- 3.4 


— 19.8 

— 12.0 

— 16.4 

4- a.7 


+ ..3 

4- «.a 
-\- 16.8 
- 8.1 


— 1.0 

- 0.9 

— 13.6 

-f 6.1 


-f M-5 

4- 9.4 

4- 33-7 
- 13.7 


- 10.3 

- 6.7 

4- 9-0 


Snow load 

Wind on fixed side 

Wind on free side 


Maxmuin .. > 

Minimum........ ........... 


4- 43-4 
4- 15-4 






-h «9-3 




4- s.i 




t^I:! 









Tibs. 



Maximum. 
Minimum. 



BC 


B'C 


VE' 


F»G» 
(m) 


F»a 

(c) 


H'l* 


J'K' 


/*- 


4-98.I 
4-34-4 


4-78.4 
+ 34-1 


-H44-3 
4-14.3 


4-16.4 




4-3.1 




4-40.8 
4- 14.5 


-}-47« 
4-18.9 


+ 68.3 
4- 59 



These tables show that only one panel in each half of the 
truss needs counterbracing. 

The following tables give all the stresses in four chord 



Chord Mbmbbrs. 


NB 


ND 


NG 


AF 


Main. 


COUNTBK. 


Main. 


CoinrnoL 


Dead load ......... 






+ 30- « 
^ 33-5 


4- 18.9 
+ 67.8 
-~ 43.3 


4- 46.0 

4->7.8 

4-68.3 

- 37.7 


-f 46.9 
4-«8.7 
+ 8o.a 

- 43.5 


" 5«.4 
- 3«-9 

4- 13.6 


- 5«.5 

- 3t.« 

+ 11 


Snow load 


Wind on fixed side 


Wind on free side 




Maximum 

Minimum ..r............Tt.T 


7 33.5 

4- 30.' 


+117.3 
- 11.7 


4-143 •« 




-154.7 




4- 3.4 


- 43.S 
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Chord Membbrs. 



Maximum. 
Minimum. 



AC 


AC 


AE 


A£' 


AH 


AH' 


JL 


J'L* 


— iaa.7 
— a9.a 


- 93-8 

- 40.8 


-154.3 
- aS-4 


-135.7 
- 53-3 


-M4-4 

- 42-9 


—125.4 

- 5*-2 


— 116. a 

- 4»-7 


— 109. a 

- 42.7 



Chord Msmbbrs. 


AF» 


NB* 


Niy 


NG» 


NI 


NI' 


NK = NK' 


Maximum 

Minimum 


— xa6.o 

— 42.4 


- 3-3 



+ 69.4 
+ 30-5 


+110.0 
+ 380 


4-106.3 
4- 7.1 


4- 93 7 
4-19.6 


4- 75" 
4- 4.5 







members, and the maximum and minimum stresses in the 
others. These tables indicate that two members of the lower 
chord are subject to both tension and compression, and must 
be designed accordingly. 

Before measuring the stresses in the struts or posts it is 
desirable to prepare a table showing which diagonals are act- 
ing under the six possible combinations of load. Such a 
table for the ties FG and F^G' is shown below, the acting tie 
being indicated by an asterisk. It being remembered that no 
counters act in any other panels, it is apparent that the 
stresses to be obtained from the diagrams for the posts of the 
counterbraced panels are those given in the first one of the 



Dead load. 
Snow load , 



Wind on fixed side.. 
Wind on free aide. . . 





EF 






GH 






G'H' 






E'F' 




m. 


- 3.0 


m. 


m. 


-3.8 


m. 


m. 


- 38 


m. 


m. 


- 30 


m. 


m. 


— a. a 


c. 


c. 


- 3.1 


m. 


m. 


- 3' 


c. 


c. 


— a. a 


m. 


m. 


- a.4 


m. 


m. 


- 3-« 


m. 


m. 


- 3.« 


m. 


m- 


- a.4 


m. 


m. 


- X.6 


c. 


c. 


- a. 5 


m. 


m. 


- 2-5 


c. 


c. 


- x.6 


m. 


m. 


-6.7 


m. 


m. 


—15.6 


m. 


m. 





c. 


c. 


- 3-5 


m. 


m. 


- 5. a 


c. 


c. 





m. 


m. 


-14.8 


m. 


m. 


- 6.7 


m. 



Dead load 

Dead + snow loads 

Dead 4- wind on fixed side 
Dead 4- snow+wind fixed 
Dead + wind on free side 
Dead 4- snow + wind free 



FG 


F'G' 


1 
EF 


GH 


G'H» 










m. 


c. 


m. 


c. 








• 




• 




- 30 


- 3.8 


- 3.8 


* 




4> 




- 5.4 


- 6.9 


-6.9 


# 






• 


- 9.7 


-X9.4 


- 3.5 


• 






• 


— la.x 


— aa.5 


- 5-6 




* 


• 




- 7-4 


" 3i 


— x8.o 







# 




- 9.0 


- 56 


— ai.i 




Maximum.... 




— la.i 


— aa.s 


— «i.i 




Mini 


iTiiim,,, , 




- 3.0 


— 3-« 


- 3.1 









E'F' 



• 30 

■ 5-4 

■ 5.7 

• 7.3 

• 9.7 
•la.x 



•la.i 
• 3.0 
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following tables. The ties which act on each side of the 
posts are indicated by m> and c for the main and counter 
diagonals respectively. In some trusses three or four stresses 
may be required in some of the posts for the dead and snow 
loads and two for the wind loads. From this data the second 
portion of the last table may now be filled out, and the maxi- 
mum and minimum stresses selected by inspection. It will 
be observed that the final values for EF are the same as for 
E'F\ and that for GH and G'H' the minimum stresses are 
equal, while the maximum ones differ but slightly. 

If the counter FG were omitted, and the main tie FG were 
then replaced by a member which could take both tension and 
compression, it would change the minimum stress in GH to 
-f- 0.4, while if the main tie were omitted and the counter 
replaced by a counterbraced member it would change the 
maximum in GH to — 12.7, the maximum in EF to — 9.0, 
and the minimum in EF to -f- 1.8 thousand pounds. It would 
seem therefore that it would be preferable to counterbrace 
the panels in this case instead of the members that would 
otherwise require it. 

The following table gives the stresses in the remaining posts 
and in the middle suspender. 





^B 


AB* 


CD 


C'ly 


U 


rj' 


KK' 


Maximum 

Minimum 


- 65.4 

- 16.5 


- 48.6 

— M.O 


- 37.a - 3«-5 

- la.o j - 13.4 


- 44-6 

- 3-7 


- 35. « 

— X0.9 


-f XI. 5 

-H «.3 



Prob. 75. Find the maximum and minimum stresses in the 
crescent roof-truss treated in Art. 24, provided the panels be 
counterbraced with diagonals which take compression only. 



Art. 64. A Ferris Wheel with Tensile Spokes. 

The skeleton diagram of a small Ferris wheel with eight 
apexes and supported at the hub is given in Fig. 126. The 
broken circular line indicates the rack where the power is 
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applied to rotate the wheel. The spokes are designed to take 
only tension, and equal loads are applied at all the apexes. 
The crown of the wheel tends to sag under the influence of 
the load at apex i ; but as this would produce compression in 
the spoke IB it will not act, and therefore the load is sup- 




Plg. 127. 

ported by the segments AI and AB of the rim. These 
stresses are obtained by constructing the force polygon for 
the apex i as shown in the stress diagram at the right. The 
force polygons for the remaining apexes ixiay now be con- 
structed in regular order. The long vertical ib is the reaction 
of the support and the diagram shows that it is in equilibrium 



2IO MISCELLANEOUS TRUSSES. ChaP. VL 

with the stresses in all the spokes, which truly expresses the 
relation of the forces at the hub. In this article the resist* 
ance due to friction in the bearings is not taken into account. 

An examination of this diagram shows that under uniform 
load the stresses in the spokes and in the segments of the rim 
gradually increase from the top to the bottom of the wheel, 
those in the rim being compression throughout. When a 
segment of the rim is in a horizontal position at the top of 
the wheel its stress is — i.oP, P being the apex load. The 
stress diagram for this position is not given. As it revolves 
its stress gradually increases to the maximum value of 
— 3.92Pwhen the segment reaches the position oi AE^ the 
stress now remains unchanged until the position of AF is 
reached, and then gradually diminishes until the segment is 
again horizontal at the top. If the wheel had i6 spokes the 
compression in any segment of the rim would vary between 
the limits 2.4i4Pand 7.689P. 

The stress in any spoke remains zero during the interval 
between its two upper positions which make an angle with 
the vertical equal to one-half the angle between the spokes, 
and then gradually increases until it reaches its maximum 
value of + A^y when the spoke is below the hub in a vertical 
position. It is interesting to observe that the maximum 
stress in any spoke is independent of the number of spokes 
when that number is not less than four. The construction of 
the diagram also indicates that the stresses in both rim and 
spokes are independent of the size of the wheel, except so 
far as the apex loads may depend upon it. 

Fig. 127 gives the wheel and stress diagrams for the case 
when only three of the observation cars are occupied. The 
horizontal reaction applied on the circular rack which is used 
to rotate the wheel is found by equating to zero the sum of 
the moments of all the external forces with reference to the 
centre of rotation of the wheel. In the stress diagram the 
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points / and 6 which coincide indicate no stress in the vertical 
spoke IB, while the inclined line id is the reaction IB of the 
supports, for, since the spoke has no stress the. letter / really 
applies to the entire space on the left of the inclined arrow 
designating the reaction. It will be noticed that most of the 
stresses on the loaded side are considerably greater than those 
on the other. 

The Ferris wheel at the World's Columbian Exposition in 
1893 was 250 feet in diameter and had 36 spokes. An article 
on this subject applying the graphic method to water wheels 
of a given type as well as to other structures, and including a 
description of the main features of a wheel of the same mag- 
nitude as that at the Exposition, but designed so that its 
stresses should be statically determinate, may be found in 
Zeitschrift fiir Bauwesen, Vol. XLIV, page 586 (1894). 

Prob. 76. Determine the stresses in all the members of a 
Ferris wheel with 8 tensile spokes for a load P at each apex, 
when one of the spokes is vertical, and also when one of the 
rim segments is horizontal. 

Art. 65. A Bicycle Wheel with Tensile Spokes. 

Bicycle wheels are usually constructed with spokes of very 
light steel rods and stiff rims of metal or wood. The number 
of spokes is generally 32. A wheel with one-half that number 
of spokes is represented in Fig. 128. It carries a load W ait 
the hub, and is subject to an equal reaction at the point where 
it rests upon the ground. 

The reaction BC tends to produce compression in the spoke 
attached to the same point of the rim, but as it can take only 
tension it will not act, and hence may be considered as removed 
for the time being. The force triangle adc accordingly ex- 
presses the condition of equilibrium at apex i between the 
reaction BC and the direct stresses in AB and AC. The 
sides ab and ac are parallel to the chords of the arcs AB and 
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A C respectively. These stresses are equal, and their value is 
— 2.563 W. The complete stress diagram is found to have a 
form similar to that of the wheel, except that the rim is com* 
posed of straight segments, and shows that the tension in all 
the spokes except BC is Wy while the compression in all the 
segments of the rim is 2.563 W. The perimeter of the stress 




diagram expresses the condition of equilibrium at the hub 
between the load and the stresses in all the spokes. 

The direct compression in any segment causes flexure, the 
fibers on its inner side being in compression, and those on the 
outside in tension. When the wheel rests on the ground at 
any intermediate points of a segment of the rim, the segment 
serves as a beam to transfer the reaction to the adjacent 
apexes or panel points of the wheel truss, the resulting 
flexure causing tension in the inner fibers and compression in 
the outer ones. Fig. 129 gives the position when the support 
is midway between the apexes i and 16. The direct stresses 
in the wheel members may therefore be found by replacing 
the reaction by the two upward forces at i and 16, each equal 
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to i W. The stress diagram is readily constructed, as both 
spokes QB and BC are not acting. The tension in the 
remaining spokes is 0.5 10 W^, and the compression in all the 
segments of the rim except AB is 1.307 W^ that in AB being 
1.207 fF. 

It is seen, therefore, that in passing from the position in 
Fig. 128 to that in Fig. 129 the direct stresses in the entire 
rim and in all the spokes except two, are reduced nearly one- 
half, and during the next thirty-second of a revolution the 
stresses increase again to their former value. This cycle of 
changes occurs 16 times in every revolution for each segment 
of the rim and 14 times for the spokes. In addition to this 
the stress in each spoke changes from Wto o and back again 
to W in passing from the position of QB to that of CD in Fig. 
128. Further, the bending moment due to the reaction of 
the ground, as well as that due to the direct stress in each 
segment of the rim, passes through a similar cycle of changes 
16 times in each revolution. The form of the stress diagram 
shows that if the number of spokes is doubled the direct stress 
in the rim segments is almost doubled, while the bending 
moment is reduced nearly 75 per cent. On the other hand^ 
the magnitude of the stress in the spokes is independent of 
their number. 

The changes in stress caused by attaching the spokes, in 
the customary manner, in series tangent to opposite sides of 
a hub of given diameter instead of radiating to its center, can 
readily be found by applying principles heretofore given.* 

Prob. 77. Find the stresses in a bicycle wheel with 32 
spokes for both positions given in Figs. 128 and 129 when 
the load Tf is 150 pounds. 



• See Eng. News, v. 38, pp. 100, 138, Aug. 12, 26, 1897. 
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CHAPTER VIL 
ELASTIC DEFORMATION OF TRUSSES 

Art. 66. The Displacement Diagram* 

The change in length X of any member of a truss which is 
subject to given loads and reactions may be computed by the 
well-known formula (Mechanics of Materials, Art. 5) 

P/ 



X=z 



AE" 



in which / is the length of the given member, A the area of 
its cross-section, E the coefficient of elasticity of the material 
of which it is composed, and P the total stress in the member. 
In case stresses due to temperature are to be taken into 
account the above value of X must be combined with the quan- 
tity or//, in which a is the coefficient of linear expansion for a 
change of one degree, and / the rise or fall of temperature 
expressed in degrees. 

As a truss is composed of triangles, the method of finding 
the displacement of its panel points due to any given loads 
may be illustrated by showing how to determine the displace- 
ment of one panel point when two others with which it is 
connected by truss members are known. Let the panel point 
€ in Fig. 130 be connected with a and b by members whose 
lengths are /» and /, respectively. .Let the stress in ac be a 
compression which produces a shortening of A, in its length, 
while the stress in be is tension and A, is the corresponding 
elongation. The magnitudes and directions of the displace- 
ments of a and b are represented by the lines aa' and bb'. 
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Let a'c^ be drawn parallel and equal to ac. Since the stress 
in ac IS compression, A, must be laid off from c^ towards the 
point a\ which for the moment is to be regarded as fixed. 
This shortening, indicated by a heavy full line, is very much 
exaggerated in the figure, for if it were laid off to the same 
scale as aV, it would not be visible. With a' as a center and 
the reduced length /^ — A., as a radius let an arc be described. 





Fig. 139. 

The panel point c must lie somewhere on this arc. Because 
the elastic deformations of the truss members are, however, 
very small, the tangent to the arc may be substituted for the 
arc itself. A perpendicular to a'c^ is therefore drawn at the 
end of the line marked A,. Similarly, b'c^ is drawn parallel to 
6C9 and its length increased by its elongation A, and a perpen- 
dicular erected at its extremity. The point c' is therefore at 
the intersection of these two perpendiculars, and the line cc^ 
(not drawn) represents the displacement of c in magnitude and 
direction. 

In view of the exceedingly small values of A. as compared 
with / it is desirable to exclude from the diagram that portion 
which contains the lines representing the lengths of the mem- 
bers themselves. This can readily be done, as it is seen that 
the lines cc^ and cc^ representing the displacements of a and ^, 
the lines A,, and A„ and the perpendiculars at the extremities 
of A., and A, form a closed polygon. In Fig. 131 it is drawn 
separately to thrice the scale of that in Fig. 130, the pole O 
in the former replacing the point c in the latter. The dis- 
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placements of the panel points a, b^ and c all radiate from the 
pole O. 

Such a diagram is called a displacement diagram. In its 
construction especial care must be exercised in observing the 
directions in which the values of A. are to be laid off, constantly 
referring to the panel points of the truss diagram, which for 
the time being are considered as fixed. The lengths of the 
perpendiculars whose intersections locate the successive panel 
points need not be measured. 

Prob. 78. A weight of 1 5 000 pounds is suspended from a 
ceiling at points 10 feet apart by means of two wrought-iron 
bars, one being one inch square and 9 feet long, and the other 
3/4 inch square and 10 feet long. Find the displacement of 
the point where the weight is attached to the bars. 



Art. 67. Deformation of a Truss. 

It is required to find the displacements of the panel points 
of a wooden king-post truss whose span is 16 feet and depth 
8 feet, which carries a load of 12 000 pounds at panel point 
^ (Fig. 132). The data required for the construction of the 
displacement diagram is given in the following table. In 
computing A. the value of E was assumed i 500000 pounds. 



Mbmbbr. 


Strkss. 


Length. 


Cross-sbction. 


A 


Member. 


ab =: be 
aB = Be 
Bb 


Pounds. 

+ 6000 

- 8490 
+ 12 000 


Inches. 

135.75 
96 


Square Inches. 

36 
64 
36 


Inches. 

+ 0.0107 
— 0.0120 
+ 0.0213 


Number. 

I and 5 

8 and 4 

3 



For the sake of illustration let the point a be fixed, and the 
point c be regarded as perfectly free to move horizontally^ 
although in practice such a short span is fixed at both sup- 
ports, since the horizontal movement of c due to the load is 
too small to require a movable support. 
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The displacement diagram may be constructed by beginning 
at any panel point and regarding as fixed its own position as 
well as the direction of one member attached, to it. Let the 
point a (which is actually fixed) and the direction of ab be so 




Fig. 135. 



regarded. In Fig. 134 the point a^ will therefore coincide 
with the pole O and A, will be laid off toward the right, that 
is, in the direction of a toward b on the truss diagram. For 
convenience the values of X are marked on the truss diagram, 
and when tliey are laid off in Fig. 1 34 they are marked by 
the same numbers as the corresponding members in Fig. 132. 
After y is thus determined the displacement of B is next 
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found by regarding a and b in the triangle aB6 as fixed. The 
elongation A, is laid ofiF upward from d\ and the shortening A, 
downward from a\ the intersection of the perpendiculars 
giving B\ In the same way c' is located. The lines OB' 
and Oc' are the displacements of B and c. 

In order to show the deformed truss under the conditions 
assumed (that a and the direction of ab are fixed), the dis- 
placements are laid off on Fig. 132 to one-tenth of the scale 
employed in Fig. 134, and the corresponding points joined 
by broken lines. The student will observe that the deforma- 
tion shown is greatly exaggerated, and hence the members 
seem to have unduly altered their lengths. 

The primary conditions of the problem, however, require 
that c shall move only in a horizontal line, and therefore the 
entire truss must be revolved about ^ as a center until c^ falls 
into the horizontal through c. As the arc thus described is 
very small compared with the radius ac^ which in turn differs 
but very little from ac, a perpendicular to ac from c^ may be 
substituted for the arc without appreciable error. 

In Fig. 135, to which were transferred the displacements 
06\ 0B\ and Oc without the construction lines, the corre- 
sponding path of rotation of c is represented by cV" which is 
drawn perpendicular to ac in Fig. 132, and continued until it 
meets the line Oc^^\ which is drawn parallel to the direction 
in which the panel point c is free to move. In this example 
that direction is horizontal, and happens to coincide with the 
line ac, but the statement here given is so framed as to apply 
equally to inclined lines of motion of panel points supported 
by expansion rollers or rockers. When the successive dis- 
placements Oc' and ^<r"' are combined, the resultant displace- 
ment is Oc''\ The displacement of B due to the rotation of 
the truss is B'B"\ which is perpendicular to aB (in Fig. 132), 
and whose length is proportional to its distance from the 
center a. That is, B'B'" : c'c'" = aB : ac, from which the 
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length of B'B'" may be conveniently found . by similar tri- 
angles. Similarly, as ab equals one-half of ac^ VV" equals 
one-half of (f(!". The resultant displacements are then repre- 
sented in direction and magnitude by 0B"\ Ob"\ and Oc"\ 
and as a is the center of rotation, a"' coincides with a! and 
Oa'" is zero. 

In Fig. 133 the final position of the deformed truss is showa 
in broken lines, the resultant displacements BB^y bb^^ and cc^ 
being laid off parallel to and equal to one-tenth of the lengths 
of 0B"\ Ob"\ and Oc'" in Fig. 135. If the deformation 
were not exaggerated the truss diagram ^^.r,^, in Fig. 133 
would be equal to aB^cfi^ in Fig. 132 in both form and 
dimensions. 

For the purpose of simplifying the construction let the 
three parallelograms in Fig. 135 be completed, and the points 
a" y B" y c'\ and ^" joined by lines as indicated. The lines 
B"a:\ b"a!', and c''a" (parallel and equal to B'B"\ b'b"\ and 
c'c'") represent the displacements of panel points B, by and c 
due to rotation about a, and are respectively perpendicular 
and proportional to aB, aby and ac of the truss diagram, and 
therefore it follows that the diagram a!'B"c"b'^ is similar to 
aBcby and all of their lines are mutually perpendicular. This 
important fact furnishes a means of determining the final dis- 
placements on Fig. 134 in a very simple manner, as follows: 
Through c' draw c'c" parallel to the constrained line of motion 
of the panel point Cy and draw a"c'' perpendicular to ac (in 
Fig. 132), and intersecting rV at cf' . On a"c" draw a dia- 
gram similar to the truss diagram. The required displace- 
ments are then given by the directions and distances of the 
points B\ V y and c' from B" y b'\ and c'' respectively. It is 
thus seen that the points B'\ V\ and d' in Fig. 134 corre- 
spond to what may be regarded as successive positions of the 
shifted pole O in Fig. 135, which conception aids the memory 
in reading the directions correctly. 
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It is very desirable in practice to reduce the displacement 
diagrams to their most compact form. It will both diminish 
the errors due to slight inaccuracies in the directions of the 
intersecting perpendiculars as well as allow increased precision 
by the use of a larger scale. This result may be secured by 
beginning the construction with the line which suffers the 
minimum change in direction under the influence of the given 
loads. In simple trusses some line may be found at the 
middle which does not change its direction at all, provided 
the truss and the loading are both symmetrical with reference 
to a vertical section at the middle, or which changes but little 
in unsymmetrical trusses. For a bridge truss with an even 
number of panels, the middle vertical is such a member, or 
the chords of the middle panel when the number of panels is 
odd. As an illustration of the effect thus produced, the dis- 
placement diagram for the above truss when the direction of 
the middle vertical and the position of either of its extremities 
IS assumed to be fixed, is given in Fig. 136 to the same scale 
as that in Fig. 134. Since a perpendicular to ac through a' 
meets a horizontal through c' at a\ the diagram a"B"c^'b" is 
thereby reduced to zero. If the scale were doubled the 
vertical dimension of this diagram would not be quite equal 
to that of the one previously drawn. With a larger number 
of panels the difference is still greater. In this case the 
diagram makes a direct comparison between the displacements 
of all the panel points. 

On applying the scale and protractor to the original draw- 
ing the displacement of B and b were found to be 0.0296 and 
0.0501 inches, their directions being inclined laj® and 21 J** 
to the vertical. The angles were read only to the nearest 
quarter degree. As the lower chord is horizontal, the dis- 
placement of c is the sum of the elongations \ and A, which 
equals 0.0214 inch. 

In order to avoid the excessive labor of making corrections 
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in the cross-sections of tension members to allow for the effect 
of rivet holes in riveted shapes or of mortices or other cuts in 
timber, it is customary to use the gross sectional areas and to 
reduce somewhat the coefficient of elasticity. 

Prob. 79. A single-track through Pratt truss railroad bridge 
has 5 panels, each 23.1 feet long and 25 feet deep. Using 
the same notation as in Fig. 96 in Art. 45, the members have 
the following areas of cross-section in square inches: 5C = 
CDy 27.99; db^bc, 16.44; ^^> 17.62; aB, 29.75; Bb, 11.58; 
Bcy lo.S; CV, 11.58; Cd=^cD, 8.04. The X\q Be and the 
chord cd are composed of eye-bars of medium steel, and the 
rest of the members are built up with soft steel shapes. 
Find the displacements of the panel points of the lower chord 
due to a live load of 4000 pounds per linear foot combined 
with two excess loads of 26 000 pounds two panel lengths 
apart. (Use values of E of 29 000 000 and 26 000 000 pounds 
for the medium and soft steel.) 

Art. 68. Deflection of a Truss. 

While the displacement diagram gives the actual displace- 
ments of the panel points in the plane of the truss, their 
vertical components only are generally required. When 
bridge trusses are erected they are cambered so that under 
their maximum load the panel points of the loaded chord shall 
not fall below a horizontal line joining the panel points at the 
supports. This camber is secured by shortening the tension 
members by an amount equal to the elastic elongation due to 
the sum of the live and dead load stresses, when the live load 
is so placed as to produce the maximum moment at the mid- 
dle panel point, plus an allowance for clearance in the case of 
pin-connected joints. The compression members are length- 
ened in a similar way. (See Part III, Art. 62.) The maxi- 
mum stresses must not be employed throughout because they 
are not simultaneous. 

If to these changes of length for the members there be 
added the values of A. caused by the dead load only, due 
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regard being paid to their respective signs, and the correspond* 
ing displacement diagram be drawn, the vertical components 
of the displacements will give the deflections of the several 
panel points when the bridge supports only the dead load, 
and their values may be used for comparison with the 
observed deflections. Roof trusses supporting horizontal 
ceilings are cambered in a similar manner. 

In the example used in the preceding article, the deflection 
of b is found to be 0.0489 and of B is 0.0276 inch. The 
diagram shows that when two points are directly above each 
other their deflections should differ by the change in length 
of the member connecting them. This may serve as a useful 
test of the accuracy of the drawing. 

Prob. 80. Find the deflection due to the live load, of the 
bridge whose data are given in Prob. 79. 

Art. 69. Truss Deflection under Locomotivb 

Wheel Loads. 

The most convenient way to find the stresses in the trusa 
members whether the chords are both horizontal, or either 
one or both of them are arched, is the following: Let the 
position of the live load be found which produces the maxi- 
mum moment at the panel point at, or nearest to, the middle 
of the truss (Art. 47 or 51) and with the truss diagram in this 
position on the equilibrium polygon let the closing line be 
drawn as well as the chords of the pol^^gon whose horizontal 
projections equal the successive panel lengths in magnitude 
and position. The extremities of these chords connect the 
points two and two where the verticals of the truss diagranft 
intersect the equilibrium polygon. By drawing rays parallel 
to these chords through the pole they will cut off on the ver- 
tical load line the panel loads for this position of the wheel 
loads, and a ray parallel to the closing line will divide the 
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reactions. The stress diagram, which is similar to that for 
<lead load, may now be completed in the usual manner. 

The following table gives the required data for determining 
the deflection of the double-track through bridge No. ^J of 
the second division of the Baltimore and Ohio Railroad, due 



Mbmbbrs. 


Stress. 


Length* 


Cros»<bction. 


A 


Mbmbbx. 




xooo lbs. 


Inches. 


Square Inches. 


Inches. 


Number. 


ab = be 


+ 287.0 


321 


36.0 


4- 0.0882 
+ 0.0866 


II, 8 


cd 


+ 360.0 


321 


46.0 


4 


de 


+ 356.0 


321 


46.0 


+ 0.0856 


14 


'f^fg 


+ 266.5 


321 


36.0 


-f 00819 


18, 21 


BC 


— 369.0 


329 


65.12 


— 0.0717 


6 


CD^DE 


- 4M.O 


321 


71-53 


— 0.0715 


2, 12 


EF 


— 365.0 


329 


65.12 


— 0.0709 


16, 


aB 


- 4»3.0 


464.7 


76.44 


— 0.0966 


10 


Bb 


- 


- 140.0 


336 


17.52 


+ 0.1033 


9 


Be 


- 


- 106.0 


464.7 


23.56 


+ 0.0804 


7 


Cc 


- 


- 12.5 


408 


30.6 


-f- 0.0064 


5 


Cd 


- 


h 87.5 


519.1 


34.0 


+ 0.0514 


3 


Dd 





408 


20.6 





I 


dE 


+ 94.5 


5»9.I 


34.0 


+ 0.0555 


13 


Ee 


+ 5.0 


408 


30.6 


+ 0.0024 


15 


eF 


+ 130.0 


464.7 


23.56 


+ O.O9S6 


17 


^ 
h 


4- 106.0 


336 


17.52 


+ 0.0782 


19 


- 386.5 


464.7 


76.44 


— 0.0903 


20 



to the specified live load of two B. & O. typical consolidation 
locomotives and train. The form of the truss is shown in 
Fig« I37» The lower chord consists of eye-bars of medium 
open-hearth steel, while the upper chord and web members are 
built up of shapes of soft steel. There are no counters. The 
stresses were found in the manner described above, the stress 
diagram being drawn to a scale of 50 000 pounds to the inch. 
The value of the coefficient of elasticity was assumed as 
26000000 for soft and 29000000 pounds for the medium 
steel. 

The displacement diagram, shown in reduced size in Fig. 

138, was constructed by assuming the position of d and the 

•direction of dD as fixed. It is the best one that can be-drawn 

since dD changes its direction actually less than any other 
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member, and requires very little rotation of the truss. The 
truss members are numbered in the order in which their values 
of X were used in constructing the diagram. As the left end of 
the truss is fixed and the right end rests on expansion rollers, 
tf" coincides with a\ and £^" lies in a horizontal through ^' 




directly above a\ The distance a^g-'' is too small a span to 
permit a diagram similar to the truss diagram to be drawn 
without confusion of points. As, however, only the deflec- 
tions are desired, the necessity for this diagram may be 
obviated by the following construction of a deflection polygon. 

Let a^ be obtained by projecting a' across on the vertical 
through a^ and similarly for^,. The intersection of the line 
joining a^ and g'^ with any vertical, as for example that 
through Cf gives a point c^ whose height is the same as c^* 
would have been if the diagram a" . • . g" had been drawn. 
By projecting b'c'd'e^ and/' on the corresponding verticals and 
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joining them as indicated, a polygon will be obtained whose 
ordinates at the panel points represent the corresponding 
deflections of the panel points of the lower chord. The values 
of the deflections in inches are marked on the diagram. The 
scale of the original displacement diagram was 0.060 inch to 
an inch. A deflection polygon for the panel points of the 
upper chord might also be drawn, if desired ; but as these 
points are united to the lower chord by verticals, their deflec- 
tions may be obtained by subtracting the elongations of the 
verticals from the corresponding deflections marked on the 
diagram. 

Prob. 81. What change in the deflection would be caused 
in the truss used in this article by substituting medium steel 
eye-bars for Be and Cd with sectional areas of 24.0 and 20.25 
square inches respectively? 

Art. 70. Special Construction for Center Panel. 

When a simple truss has a center panel and the loading is 
symmetrical both of the diagonals in that panel have no stress 
and hence no linear deformation. If either one of the diago- 
nals is omitted the resulting deflection polygon is not quite 
symmetrical. If the other diagonal is omitted the deflections 
of corresponding panel points are interchanged and hence the 
true deflection of each panel point is the mean of these two 
values. The necessity of constructing a displacement diagram 
for more than half of the truss may be avoided by means of 
the following expedient : Let an imaginary vertical be inserted 
in the middle of the center panel, with a shortening equal to 
that of the vertical on each side of the panel. The vertical 
will not change its direction when the truss deflects under 
symmetrical loading. Hence the displacement diagram is 
drawn by taking the direction of this vertical as fixed. If 
the diagram were drawn for the entire truss it would be sym- 
metrical and the perpendicular truss diagram (which represents 
the rotation of the given truss, if required) would be reduced 
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to a point as in Fig. 136 of Art. 67. Hence the displacement 
diagram for only one-half of the truss is required. 

In Fig. 1 39 the imaginary vertical Mm joins the middle 
points of the upper and lower chord members of the center 
panel. Taking m and the direction of Mm as fixed, the point 
m' in Fig. 140 is located in any convenient position. From 
w' the deformation of Mm (equal to that oi Ff) is laid oil 
parallel to Mm. It is laid off downward since M moves down- 
ward toward the fixed end w, when the member is shortened. 




F M C 



-0,072 



•ha0\66 





aE! 



Fig. X39. 



Fig. X40. 



Moreover, since FG does not change its direction when the 
truss deflects, the point F' may be located directly by laying 
off toward the right from M and parallel to FM (or FG) one- 
half of the deformation of the chord FG. Since M* was 
located before F', M is regarded now as fixed ; as the member 
is shortened F moves toward the right and hence the change of 
length is laid off toward the right from M'. For the same reason 
m'f is drawn parallel to/w {or fg) and equal to one-half of the 
elongation of fg. It is laid off toward the left as/moves toward 
the left from the fixed end m when the chord elongates. The 
rest of the construction is the same as was fully explained in 
Art. 67, only a small portion of which is shown in Fig. 140. 

Prob. 82. Referring to Fig. 46 in Art. 25, which member 
must be taken as fixed in direction in order to secure a sym- 
metrical displacement diagram? Must the entire diagram be 
constructed? 
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CHAPTER VIII. 

INFLUENCE LINES FOR STRESSES. 

Art. 71. Theoretic Relations. 

An influence line is a line which shows the variation of a 
reaction, vertical shear, bending moment, stress, or any other 
function, when a single concentrated load moves across the 
span of a beam or truss. The variation of the reaction of one 
of the supports of a beam or bridge, as a single load P crosses 
from one end to the other, may be exhibited by a line called 
' a reaction influence line.' To draw it, the values of the reac- 
tion for several positions of the load P are laid off as ordinates 
at those positions, and the line joining their tops is the desired 
influence line. For example, let it be required to draw the 
influence line for the right reaction of . 

the simple beam shown in Fig. 141, / i 2 

if z is the distance of P from the left 
support and / is the span, the right 
reaction R2=Pz/l QXiA the value of 
this is P when the load is at the right ««• ml 

support, \P when the load is at the 

middle of the span, and zero when the load is at the left sup- 
port. The line joining the tops of the ordinates is a straight 
line as shown in the figure, each ordinate giving the value of 
the reaction 122 for a load P directly above it. 

The variation of the vertical shear at any given section of 
a beam or bridge, as a single load P crosses from one end to the 
other, may be exhibited by a lin^ called ' the shear influence 
line.' To draw it the values of the vertical shear for several 
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positions of the load are laid off as ordinates at those positions. 
For example, the vertical shear at the section K of the simple 
beam in Fig. 142 due to a load P at the distance hi from the left 
support, is +P(i— ife) when the load is on KBy and — P* when 
the load \s on AK, Hence when P is at il or B the ordinate 
is zero, when P is passing K the ordinates are +P(i— *i) and 
- Pki, the distance AK being k\L These lines clearly show how 





Fig. 14^ 



Flf.143. 



loads should be placed in order to give respectively the greatest 
positive and negative shears at the given section K. 

The variation of the bending moment at a given section may 
also be represented by a line called ' the moment influence line.' 
Thus, for the section K at the distance kil from A , in the simple 
beam of Fig. 143, the moment due to a load P at a distance kl 
from A is +Pkil{i—k) for a load on the right of K^ and 
'\-Pkl{i—ki) for a load. on the left of K. Since the bending 
moment at the given section varies as the first power of kl in 
both cases, the influence diagram consists of two straight lines, 
and these are readily drawn after erecting an ordinate at the 
given section to represent the moment Pkil(i—ki) due to a 
load at that point. This diagram shows that the maximum 
bending moment at any section of a simple beam occurs when the 
span is fully loaded, and when the heavy loads are near the 
section. 

, It is very important to distinguish dearly the difference 
between a * bending moment diagram ' and a ' moment influence 
diagram.' In the former, the load or loads are fixed in position 
and each ordinate represents the bending moment in a section 
of the beam having the same location as the ordinate. In the 
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latter, the given section has a fixed location and each ordinate 
represents the bending moment in that section of the beam 
when a single concentrated load occupies the same position as 
the ordinate. Stated in another way, in the former, the diagram 
gives the bending moments in the diflFerent sections of the beam, 
for loading in one position; while in the latter, the diagram 
gives the bending moment in only one section of the beam for 
the different positions of a single moving load. Usually the 
moving load is taken as i kip or i pound in constructing influ- 
ence lines. 

The variation in the stress in any given member of a truss 
may be represented likewise by a line called ' a stress influence 
line.' It may also be constructed by finding the values of the 
stress due to several positions of the load P, laying them off as 
ordinates, and joining their tops as described previously for 
other kinds of influence lines. In general, for members in a 
simple truss, only two such ordinates are required, located at 
the ends of the panel which contains the member, the stress 
influence line being composed of three straight lines. Fre- 
quently, only one ordinate is required while the stress influence 
line is reduced to two straight lines. 

Another method of constructing a stress influence line is by 
means of a deflection diagram for the truss due to a unit change 




in length of the given member. Referring to the truss in Fig, 
144 let a load P be applied at panel point e, and let A be the deflec* 
tion of the truss at the same point. The load P causes stresses 



230 INFLUENCE LINES FOR STRESSES. ChAP. VIIL 

and hence changes of length in nearly all the members of the 
truss. The change in length of each member contributes a 
certain increment towards the total deflection A. For example, 
let the member Be be taken. Let S be its stress due to the load 
P, let X be its corresponding change in length or its linear 
deformation, and let b be the increment of deflection at e due 
to the change in length of Be only. By equating the external 
and internal work (see Roofs and Bridges, Part I, Art. 85) there 
is obtained the equation. 

\Pb = \S\ or P5=5X. 

Now if P be made equal to a xmit load, and X be made equal to 
a linear unit, the equation becomes 

1-5 = 1-5, 

which shows that the numerical magnitude of the deflection 
equals that of the stress 5, provided each is expressed in the 
proper imits. The same relation exists for any position of the 
load. It follows, therefore, that the deflection diagram of the 
truss due to a unit change in length of the given member is 
identical with the influence diagram for the stress in the member. 

To construct the deflection diagram which is to be used as 
a stress influence diagram the given truss member is assumed 
to have a unit linear contraction, while all the other members 
remain imchanged in length. The member is assumed to be 
shortened instead of lengthened in order that positive ordinates, 
that is, those which are measured upward from the closing line 
or axis, may denote tension, while negative ordinates, or those 
measured downward from the closing line, may denote com- 
pression. 

The deflections of the panel points of the truss are found by 
means of a displacement diagram as explained in Arts. 66, 67 
and 68. The displacement diagram may be constructed by con- 
sidering both the position of any joint of the truss and the 
direction of any member attached to it as temporarily fixed* 
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In order to make the diagram as simple as possible for members 
in the left half of the truss, it is best to commence at a joint 
at the right end of the panel in which the member is situated, 
and to regard the position of this joint and the direction of a 
vertical member attached to it as fixed. For members in the 
right half of the truss it is best to begin at a joint at the left 
end of the panel containing the member. 

As explained in Art. 67 the final displacement of each joint 
of a truss is the resultant of two component displacements. 
The first of these is due to changes in the lengths of the truss 
members under an assumed condition that the position of a 
certain joint and the direction of a member attached to it are 
both fixed. Since this assumed condition often does not agree 
with the actual limitations of the movements of certain truss 
joints it becomes necessary to rotate the truss about a certain 
joint to make it conform to these limitations. The second com- 
ponent displacement of each joint is derived from this rotation 
of the truss. The graphic methods for determining these two 
sets of displacements were introduced respectively by Williot 
and MoHR, and hence the combined displacement diagram is 
often called a Williot-Mohr diagram. 

The method of constructing stress influence lines by means 
of displacement diagrams as described in this article is absolutely 
general, applying to any bridge truss with constant or variable 
depth, and with any kind of web system. By its use the neces- 
sity of remembering many different rules for constructing influ- 
ence lines for different chord or web members is, therefore, 
avoided. Stress influence lines may accordingly be drawn 
without previously requiring an analysis of stress relations in 
various members of a truss; thus making this method especially 
useful in determining the variations of stresses in the members 
of new or imcommon tj'pes of trusses. 

The general method of developing the subject of influence 
lines from the viewpoint of their identity with deflection diagrams, 
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and some applications of this principle were first published in 
an article on Influence Lines as Deflection Diagrams by D. B. 
Steinman in Engineering Record, vol. 74, page 648, Nov. 25, 
1916. 

Prob. 83. Construct the influence diagram for the chord 
member ab in Fig. 133 of Art. 67. 

Art. 72. Influence Lines for a Parker Truss. 

In Fig. 145 are shown influence lines for the stresses in an 
upper chord member, lower chord member, main diagonal, 
counter diagonal and a vertical in a Parker truss, as well as for 
a vertical under a special condition imposed upon an adjacent 
diagonal. The Parker truss is the same one used as an example 
in Chap. V, its diagonals taking tension only. Its dimensions 
and loading are given in Art. 51. 

The displacement diagram shown at the left of the stress 
influence line for cd is constructed by the method given in Art. 
67 as follows: The member cd is assumed to be shortened a 
linear imit or i inch, while the lengths of all the other members 
remain unchanged. The position of panel point d and the 
direction of the vertical dD are assumed to be fixed. Since 
there is no deformation in dD the point Z)' on the displacement 
diagram will coincide with the point d', which was first located 
at any convenient position on the drawing paper. From ly 
the deformation in the member DC is laid off equal to zero and 
a line drawn at its extremity (also D') in a direction perpen- 
dicular to the member DC; while from d' the deformation of 
the member dC is laid off equal to zero and a line drawn at its 
extremity (also d') in a direction perpendicular to dC; the inter- 
section of these two perpendiculars gives the location of the 
point C. In this particular case since D' coincides with d', 
the point C also coincides with both. For the same reason 
£', e\ F\ /, G\ g! and A' coincide with d'. 
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To locate c\ the deformations of Cc and of cd must be laid 
off in the proper directions, perpendiculars erected at their 
extremities and their intersections found. The zero deforma- 
tion of Cc is laid off from C and at its extremity (also C) a line 
is drawn perpendicular to the member Cc. Since the member cd 
is shortened, its left end c will move toward the right when its 
right end d is held in position, hence the deformation X = i inch 
is laid off by scale to the right from d' in the displacement 
diagram and parallel to the truss member cd, and at its extremity 
a line is drawn perpendicular to it. The point c' is located at 
the intersection of both perpendiculars. At C the zero defor- 
mation of BC is laid off and at its extremity a perpendicular to 
BC is drawn; from c' the zero deformation of Be is laid off and 
a perpendicular to Be is drawn; their intersection gives the 
point B\ In a similar manner the points V and a! are located. 
It must be remembered that each perpendicular referred to 
above represents an arc of rotation for one end of a truss member 
about the other end whose corresponding point in the displace- 
ment diagram has been previously located (see Art. 66). 

The deflection diagram may be drawn next by projecting the 
points a', h\ c, . . . A' horizontally across to the corresponding 
verticals drawn through the panel points a, b, c, . , . h, of the 
truss, and joining these points as shown. The line aiki forms 
the closing line or axis of the diagram. This closing line takes 
the place of the auxiliary truss diagram whose members are 
respectively perpendicular to those of the given truss, when 
only vertical deflections are required. If the value of any 
deflection is desired the ordinate must be measured by the same 
scale as that used in laying off the shortening of the member 
cd. The ordinate below c measures 1.102 inches. According 
to the relation developed in the preceding article the deflection 
diagram is also the influence diagram for the stress in cd. If 
a load of i kip is applied at c the stress in cd is therefore 1.102 
kips. 
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If there are several panels to the left of the one containing 
the member for which an influence diagram is to be constructed, 
a short cut may be employed to avoid locating all the correspond- 
ing points on the displacement diagram. For example, in the 
displacement diagram for the shortening of cd, after the points 
C and c' are located, the point a' may be located next by con- 
sidering the panel point a to be connected directly to C and c 
by two members aC and ac. These members have zero defor- 
mations since the members replaced by them had no changes in 
length. Hence C'a' is drawn perpendicular to Ca and c'a' per- 
perpendicular to ca, thus locating a' by their intersection. If 
preferred, this method may be used to check the location of a' 
when determined by the method previously described. 

In a similar manner, the influence lines for the members CD, 
Cd, cD and Cc are constructed. In the diagram for Cd the posi- 
tion of the point of division is located where the line cidi 
crosses the closing line aihi. The diagram also show^s that any 
load on the left of the point of division causes compression 
provided there is no counter in the panel and Cd is designed to 
take both compression and tension. Similarly the diagram for 
Cc shows that any load on the left of its point of division causes 
tension in the member provided the main diagonal Cd is acting, 
since the displacement diagram was constructed for this con- 
dition. 

The greatest stress in Cc occurs when the live load covers 
the portion of the span on the right of the point of division. 
For this loading the diagonal Cd is acting. All points of divi- 
sion should be checked by the method given in Art. 48. 

The sixth influence diagram in Fig. 145 was drawn for the 
corresponding vertical Ff in the right half of the truss when the 
counter diagonal Ef is assumed to act. The displacement 
diagram was drawn by assuming the position of/ and the direc- 
tion of Ff to be fixed. It would have been a little simpler in 
form if e and the direction of eE had been assumed as fixed. 
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The line ai/i would then be horizontal. The influence diagram 
shows that any load on the span causes tension in Ff under the 
condition assiuned for its construction; that is, provided the 
diagonal Ef is acting, or when Fe is not acting. The influence 
line for Ef is placed directly below that for Ff, 

If in any given case it is desired to secure a higher degree 
of precision than can be obtained from the measured ordinates 
of an influence line constructed by means of a displacement 
diagram, the stresses represented by the maximum positive and 
negative ordinates may be computed by the analytic method. 
For example, let it be required to find the value of the ordinate 
at/i for the vertical Ff, Referring to Fig. h on Plate V, as well 
as to the stress triangle at the upper chord Z/s in Fig. c, it will 
be seen that the most convenient method of computing the stress 
in the vertical when the counter acts on its left and the main 
diagonal on its right, is to find the ratio of its stress to the hori- 
zontal components of the stresses in the adjacent upper chords. 
This ratio is one-ninth, as may be seen by referring to Fig. no 
in Art. 55, in which the lengths of the lower chords and verticals 
are given. If a line be drawn through E parallel to FG it will 
intersect Ff at a distance of 3 feet below F, which is one-ninth 
of the panel length of 27 feet. For a load of i kip at/ the left 
reaction is f kip. Taking the moment of the reaction about / 
and dividing by the length of Ff the horizontal component of the 
stress in EF or FG is found to be H^ kip. The stress m Ff is 
therefore one-ninth of this or 1^=0.1225 kip. 

Prob. 84. Construct the influence diagram for the suspender 
Bb in Fig. 145. 

Art. 73. Stresses in a Parker Truss. 

The value of any ordinate of a stress influence diagram for 
a given truss member when measured by the proper scale of 
loading gives the magnitude of the stress when a load of i kip 
or of I poimd occupies the corresponding position. If the 
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specified live load on the truss consists of equal panel loads, it is 
only necessary to measure all the ordinates below the loaded panel 
points, and to multiply the sum by the value of a panel load. 

For example, let the dead load stress in cd be found from the 
influence line in Fig. 145. The ordinate at ci measures 1.102 
kips. The smn of all the ordinates below the panel points is 
3.5X1.102=3.857 kips, and since the dead panel load is 29.7 
kips the stress equals 29.7X3.857 = +114.6 kips. The value 
given on Fig. b of Plate V is + 1 14.4 kips. 

However, if the panel loads are unequal then the magnitude 
of each ordinate must be multiplied by the corresponding panel 
load, and the sum of these products obtained. Due regard must 
be paid to whether the ordinates are positive or negative. 

When locomotive axle loads are specified it is not necessary 
to determine the panel loads for any given position of the live 
load, since the same result will be obtained by measuring the 
ordinate at the position of each axle load, multiplying its mag- 
nitude by the corresponding axle load and adding the products. 
Since locomotive axle loads are usually divided into several 
groups of equal loads, the nimoiber of products may be reduced 
by adding the values of the ordinates for each group of loads 
and multiplying the sum by the value of one of the axle loads 
in that group. 

If a train load of 2 kips per linear foot covers a part of the 
span the corresponding stress is found by computing the partial 
area of the influence diagram for the given member, and mul- 
tiplying this by 2. 

The form of the influence diagram shows how to determine 
the position of axle loads graphically by stretching a thread 
when a tracing of the truss diagram is shifted over a stepped 
load line as illustrated in Fig. 100, Art. 49, for the diagonal Cd. 
The position of the thread is shown by the broken line og and 
it cuts the stepped load line at the point i. Referring now to 
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the influence line in Fig. 145, the points 0, i and g in Fig. 100" 
correspond in position to the points 0, di and hi. The influence 
line for cd shows that the loads must cover the entire span, 
an axle load must be above the panel point c, and the thread 
which joins the two points of the stepped load line which are on 
the verticals through the end supports must cut the step above 
c, as illustrated in Fig. 90, Art. 42. The points a, f, and d in 
that figure correspond to ai, ci, and hi on the influence line. 
Whenever the influence line on one side of the closing line or 
axis forms a triangle the position of the axle loads may be simi- 
larly determined by stretching a thread. 

Let it be required to find the largest tension in FJ which will 
be the minimum stress in Cc as well as in that of Ff, For a load 
of I kip at/ the tension in FJ is imr=o.i225 kip, which equals 
the measured value of the ordinate at /i. The simi of all the 
ordinates under the panel points is 3.5 times the ordinate at 
/i, and hence the dead load stress is 3.5X1.3225X29.7 = +12.7 
kips, the panel load being 29.7 kips. On Fig. b of Plate V, the 
stress is given as +12.8 kips. Since 8.1 kips of the total dead 
panel load is applied at the upper panel point, this stress must 
be corrected, making it +12.7—8.1 = +4.6 kips. 

The influence line for Ff shows that its greatest tension would 
occur when the live load covers the entire span, provided the 
counter EJ were acting, since this condition was assimied in 
constructing its influence line. As £/, however, cannot take 
compression, the greatest tension in Ff will occur when the live 
load comes on from the right and extends just far enough to 
reduce the total stress in Ef (and also eF) to zero. By the method 
employed in Chap. V the required position was foimd to be that 
which placed axle i at a distance of 3 feet to the left of panel e, 
as stated in the fourth paragraph of Art. 54. For this position 
the stress in Ef is found as follows, by means of its influence line 
in Fig. 145. The ordinates at ei and /i are 0.5808 and 0.5007 
kip respectively. The suhxs of the positive ordinates imder the 
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pilot, driver, and tender axles respectively are 0.280, 0.800 and 
1.692 kips, and the stress due to these loads is ioXo.280+20 
Xo.8oo+ii.5Xi.692 = +37-92 kips. The negative ordinates 
xinder the pilot and driver axles are 0.563 and 0.556 kip, and the 
stress is 10X0.563+20X0.566= —16.75 ^^PS- The total live 
load stress is +37.92 — 16.75 ~ +21.5 kips. The dead load stress 
obtained by the influence line is ( — 1.452+0.751)29.7 = —20.8 
kips. The combined live and dead load stress is therefore 
+21.5 — 20.8 = +0.7 kip, showing that the stress in the counter 
is not reduced quite to zero. This position of the loads makes 
the stress in the vertical Ff equal to 10X0.163 + 20X0.5695 
+11.5X0.4135 = +17.78 kips. Adding the dead load stress the 
total stress is +17.8 +4.6 = +22.4 kips. This checks exactiy 
the combined stress of +30.5 kips, given in the fourth paragraph 
of Art. 54, before the correction of —8.1 kips was applied on 
account of the division of the dead panel load between the upper 
and lower panel points. 

Now let the axle loads be moved one foot to the left. The 
live load stress in Ef becomes +37.92 — 18.30 =+19.6 kips and 
the sum of the live and dead load stresses is + 19.6 — 20.8 = — 1.2 
kips; which shows that the axle loads should have been moved 
only about one-third of a foot. For this last position the live 
load stress in iy is increased 0.08 kip, making the minimum 
stress in Ff (and in Cc) +17.78+0.08+4.6 = +22.5 kips. A 
value of +23.4 kips was obtained in the latter part of Art. 54 
for a different loading. 

An approximate value of the minimimi stress in Ff may be 
obtained as follows: Let a stress polygon be constructed for 
the members meeting at the joint F for an assumed live load 
compression in eF equal in magnitude to its dead load stress of 
+ 19.7 kips. This polygon gives a stress in Ff of +33.6 kips. 
The dead load stress in Ff when eF acts and the proper cor- 
rection is made for a part of the panel load being applied at 
the upper panel point is —4.2— 8.1 = — 12.3 kips. The com- 
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bined stress is +33.6 — 12.3 = +21.3 kips, which is 2.1 kips less 
than the correct minimum given in the table in Art. 54. 

Prob. 85. By means of its influence line check the greatest 
tension in Ff for the position of the live load illustrated in Fig. 
108, Art. 54, as well as the corresponding minimum stress. 



Art. 74. Influence Lines for Baltimore Truss. 

Fig. 146 shows the stress influence lines for most of the mem- 
bers in the sub-divided panel from e to g, and the displacement 
diagrams by means of which they are constructed. It will be 
observed that the influence diagrams for EG, EF and Ee are 
exactly the same as if the panels were not subdivided, or like 
those of a Pratt truss with 7 panels. That for Fg has the same 
form as if the truss were a Pratt truss with 14 panels. The 
influence line for eF has the same form as if the secondary truss 
eFg were acting independently. The influence line for the short 
suspender Ff has the same form as that for eF except that the 
vertical ordinate at/i measures i kip by the scale. 

In constructing the displacement diagrams, the point g and 
the direction of Gg are assimied to be fixed as recommended in 
Art. 71. Since their general construction was explained in Art. 
72, only those features are given special attention in this article 
which depend upon the effect of sub-divided panels. After 
locating the points g' and G' the points E' and e\ representing 
panel points of a large or primary panel of the truss are to be 
located before F' and / ' which represent panel points of the 
secondary truss. In the displacement diagram for EF it will 
be noted that since there is no deformation in Fg, the deformation 
in Eg is also X = — i inch, and hence £' is located as readily by 
laying off deformations from g' and G' and drawing perpen- 
diculars at their extremities as though the intermediate panel 
point F did not exist. As indicated in Fig. 146 it is not necessary 
to locate the points b' and d^ for the secondary trusses on the 
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left of the panel containing the member whose linear deforma- 
tion of I inch is laid ojff. 

The influence diagram for eg shows the effect of sub-dividing 
the panel eg. If the line oigi is produced toward the left it 
intersects the line ai/i at ei, directly below the panel point e. 
Accordingly, the diagram may be regarded as a combination 
of the two triangles aieioi and eifigi. The former is the influ- 
ence line for the chord member eg when the panel eg is not 
sub-divided, while the latter is the influence line for eg as a, 
member of the secondary truss eFg, thus indicating that the 
stresses for these two conditions may be obtained separately 
and added together, if desired. When locomotive axle loads 
are empolyed the same position of the loads must be used in 
both cases. A criterion for the correct position of the loads 
may be found by deducing a formula in a similar manner to 
that employed in Art. 45 of Part I. In this case it is desirable 
to use separate resultants for the loads from a to e, e to /, and 
/ to g. The criterion is as follows: 

Load from a to /—load from / to g^WV jl in which W is 
the entire load on the truss, /' the distance from the left reaction 
to the center of moments, and / the span of the truss. For the 
analytic computations of the stress, the section would be passed 
vertically between j and g, hence the left-hand member of this 
equation may be expressed in more general terms as the load in 
the panels on the left of the section minus the loads in the panel 
cut by the section. 

To satisfy this criterion the load must practically cover the 
entire span, an axle load being placed at /. It is also desirable 
to bring the heavier loads as near to / as possible while the pre- 
ceding condition remains fulfilled. The graphic method of 
applying this criterion is as follows: when the tracing contain- 
ing the truss diagram is placed over the sheet containing the 
stepped load line. Let a^ be the intersection of the vertical at 
the left support a with the load line, and 02 the corresponding 
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point over the right support o. Let g2 be the intersection of 
the vertical at g with the load line^ and cz the point where the 
vertical at e intersects a thread stretched from a2 to 02. Next 
Stretch the thread from g2 through the top of the step in the load 
line above / and mark the point where it crosses the vertical at 
e ; mark a second point after passing the thread similarly through 
the bottom of the step. If ez lies between the last two points 
the criterion is satisfied. 

To construct the influence diagram for a coimter diagonal 
FG\ or for cF when the coimter FG is acting, and the main 
diagonal EF is not acting; or in Gg when either FG or GH, or 
both, are acting; it is desirable to re-draw a portion of the truss 
diagram in accordance with the proper conditions, and then 
construct the displacement diagram to correspond with it. To 
attempt to do so without re-drawing the truss diagram involves 
too large a risk of errors in construction. 

If the Baltimore truss in Fig. 146 had sub-diagonal ties 
instead of struts it would change the form of several influence 
diagrams. The effect of this change is illustrated in the next 
article which gives the stress influence diagrams for a Penn- 
sylvania truss. 

Prob. 86. Draw the displacement diagram and influence line 
for the stress in the suspender Cc, 

Art. 75. Influence Lines for Pennsylvania Truss. 

The influence diagrams shown in Fig. 147 are constructed 
for most of the members in one panel of a Pennsylvania truss 
corresponding to those of a Baltimore truss as illustrated in 
the preceding article. In this case, however, the sub-diagonals 
act as ties. The differences in the forms of the displacement 
diagrams are due both to the curved upper chord, and the kind 
of stress for which the sub-diagonals are designed. The influ- 
ence line for the lower chord eg has the simple triangular form 
which is the same as if the truss panels were not sub-divided. 
That for the upper chord member EG forms a combination of 
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The criterion for loading for the greatest live load stress in 
EG is indicated by the following formula: 

Load from a to e+2 times load from t to/=W7'//. 
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Expressed in general terms the left-hand member of the equation 
becomes: The load in the panels on the left of the section plus 
twice the loads in the panel cut by the section. In this case the 
vertical section is passed between e and / and the center of 
moments is at g. To satisfy the criterion an axle load mu?t be 
placed at /. Using a similar notation to that employed in the 
preceding article the graphic method of applying this criterion 
is as follows: Let a2, e2, and p2 be the respective points of inter- 
section with the stepped load line of the verticals from a, e, 
and p. Let gz be the point where the vertical at g intersects 
a thread stretched from a2 to ^2. Next stretch the thread from 
€2 through the. top of the load line step above / and mark its 
intersection with the vertical at g\ mark a second point after 
changing the thread from 62 through the bottom of the step. 
If g3 falls between the last two points the criterion is satisfied. 

In finding the stress in GI located in the middle panel of the 
truss it is impossible in advance to tell whether the counter 
diagonal Eg or Hi is acting. Assuming Hi to act the load is 
placed in position to satisfy the criterion given in the preceding 
paragraph. If it then be foimd that Hg acts for this position 
of the loads, the loading must be tested by the criterion given 
in the preceding article (for eg of the Baltimore truss in which 
the section is also passed through the panel /g), and another 
determination made as to whether Hg still acts or not. 

Referring to the influence Unes for the diagonals £F, Fgy 
and the vertical Ee, it will be observed that the horizontal 
projection of the middle influence line occupies one, two, and 
one panels respectively, while for the Baltimore truss in which 
sub-struts were used, it occupied two, one, and two panels 
respectively, or just the reverse arrangement. 

Prob. 87. Construct the displacement diagram and influence 
line for Ee when the counter Fe on its right is acting, and check 
the three larger ordinates by computation. 
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Art. 76. Influence Lines for the K Truss. 

The skeleton diagram of the K truss in Fig. 148 represents 
the trusses in the bridge of the Atchison, Topeka, and Santa Fe 
Railway over the Arkansas River at Pueblo, Colo. It is the first 
simple truss span constructed in this country having the K form 
of web system, and was erected in 1915. A brief description of it 
was published in Engineering News, vol. 76, page 104, July 20, 
1916. A half-tone illustration is given in Art. 90. 

The displacement diagrams are constructed in the same manner 
as those in the preceding articles of this chapter. The direction 
of the vertical at the right end of the panel which contains the 
member and one of the extremities of that vertical are assumed to 
be fixed. For any of the vertical members it is necessary to ex- 
tend the usual construction from panel point to panel point for 
a full panel to the left of the member before the end panel point 
can be located directly by means of an imaginary diagonal. 
For example, in the displacement diagram for F2/, the position 
of g and the direction of gG are assumed as fixed; then the points 
g', G\ F'2, F\ /, E'2, e', and E' are located successively; and 
finally a! is located by inserting an imaginary diagonal £a, 
E'a' being perpendicular to £a, and eV perpendicular to ea. 

The influence lines for ej and EF show the characteristic 
triangular form for all of the chord members, and in this respect 
are like those of the Parker truss in Fig. 145. The diagrams 
show that the centers of moments for both chords in the same 
panel lie in the same vertical. Since the upper chord member 
FG is horizontal, the magnitude of its stress for any loading is the 
same as that of the lower chord member jg in the same panel. 

The influence lines for C^i and C^ give the typical form 
for all of the diagonals except those in the first two panels, 
which have influence lines like the corresponding diagonals in 
the Baltimore truss. The influence diagrams for C<d and C2Z) 
have exactly the same ordinates, since the inclinations of these 
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members are equal. Their stresses, however, are oppodte in 
character. Their points of division o may be checked in the same 
manner as those of the diagonals in the Parker truss. The truss 
was designed so that the two diagonals in each panel have the 
same slope. Since the horizontal components of the diagonals 
in each panel must be equal, it is preferable to incline them 
equally and thus make the ma^tudes of thdr stresses equal 
for any kind of loading. 

The influence diagrams for D2D and E2E are similar in form 
to that shown for F2F, the upper part of a post. It will be ob- 
served that its point of division is in the panel on its left instead 
of on the right as in the Parker truss. This is due to the fact 
that both of the diagonals adjacent to F2P slope downward 
to the left. 

The most interesting influence diagrams for this truss are 
those for the lower parts of the verticals and hence all of them 
are given in Fig. 148, viz.: C^c^ D2dj £26, and F2/. In all of 
these except C2C, which is directly below the hip C of the truss, 
there is a break in the influence line on the left of the corre- 
sponding member similar to one of the lines for eg in Fig. 146, 
and for EG in Fig. 147. The dotted lines sloping downward to 
the right are drawn to show an interesting fact that the middle 
ordinate in the triangles bicidiy cidici, dicih and eifigi are all 
equal and measure 0.75 unit. This indicates that the lower 
verticals are influenced by a subsidiary truss action, like the 
chords in Figs. 146 and 147 referred to above. An examination 
of the displacement diagrams shows that the elevation of the left 
vertex of each triangle is midway between those of the other two 
vertices. This is due to the fact that both diagonals in the same 
panel have the same slope. The points of division for Z>2^, 
£2^7 and F2/ are located about the same distance from one end in 
the corresponding panels. It will be noticed that these points 
of division occur in the panel on the right of the respective 
members, since the adjacent diagonals slope downward to the 
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right. A criterion for loading for the greatest tension in these 
members could be readily deduced, but since the maximiun 
ordinate is so close to the point of division it will be unneces- 
sary. As this distance is about 14.4 feet, axle 3 of the Cooper 
loading should be placed at the panel point indicated by the 
maximum ordinate, the live load coming on from the left, thus 
bringing the pilot axle about 1.4 feet from the point of division. 
It will also be noticed that the hanger C2C receives no stress from 
any load transmitted to the truss at all panel points on the right 
of d. 

The influence diagram for Gg shows that its stress is due only 
to loads in the adjacent panel on each side of it. The maximum 
ordinate measures 0.5 unit. This indicates that the panel 
load at g is equally divided among the four diagonals in the two 
adjacent panels. The ordinate at gi in the influence line for 
F2g measures a value equal to 0.25 unit multiplied by the secant 
of the angle which F2g makes with the vertical. This angle is 
45 degrees. 

It may be added that the verticals in a iT truss, while having 
to resist some compression, are primarily tension members. 
The upper diagonal on the left of a vertical corresponds to the 
compression diagonal of a Howe truss, while the lower diagonal 
corresponds to the tension diagonal of a Pratt truss; hence the 
vertical combines the functions of verticals in the web systems 
of both Howe and Pratt trusses. 

Prob. 88. Construct displacement diagrams and influence 
lines for the stresses in C2C and BC of the truss in Fig. 148. 
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CHAPTER IX. 

DEFLECTION INFLUENCE LINES. 

Art. 77. Deflections of Beams. 

The methods of graphic statics are well adapted to obtain the 
deflection of any beam or girder, with cross-sections having either 
constant or variable moments of inertia, and with any kind of 
loading, whether concentrated, distributed, or both combined. 

The fundamental equation in mechanics for the vertical deflec- 
tion of a horizontal beam at any given point (see Mechanics 
of Materials, Art. 124) is 

f=fMM'6x/EI, (i) 

in which M is the bending moment in any section of the beam due 
to the given loads, M' the bending moment due to an assumed 
load unity placed at the given point, 6x sl differential horizontal 
distance, E the modulus of elasticity, and / the moment of inertia 
of any cross-section. 

Sometimes it is required to find the deflection of a beam at 
different points due to any given loading in a fixed position. 
In this case the bending moment diagram is first drawn and by 
treating it in turn as a loading diagram and drawing another 
equilibrium polygon to conform to certain conditions, this 
becomes a deflection diagram. The methods for doing this will 
be described and illustrated in subsequent articles. 

At other times it is required to find the deflections at one 
point of a beam under different sets of loads, or under a set of 
moving loads. In this case it is necessary to construct a deflec- 
tion influence line for the given point. The theoretical relations 
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Fig. x<9a. 



Fig. X496. 



Fig. X4:)e. 



upon which the construction of deflection influence lines depend 
will now be presented. 

Fig. 149a shows a cantilever beam with a load P at 6 and an 
assumed load of tmity at a. The deflection of the beam at a, 
due to the load P only, can be found by means of equation (i) 
of this article. For the sake of distinction let subscripts be added 
to M and Af' caused by P and imity respectively, thus: Mi 
and M\, Now let the loads P and unity exchange positions as 
in Fig. 149J, the corresponding bending moments being desig- 
nated M2 and Jkf' 2. Since the 
bending moment in any section 
due to a load in either position 
is proportional to the magnitude 
of the load, M2=PM\, and 
Jlf '2 = M\/P ; hence also M2M'2 
=^M\M\. For the same beam 
equation (i) shows that the only 

variable is the quantity J MM'. Therefore the deflection at a 
due to P located at b is exactly the same as the deflection at b 
due to P located at a. The same relation holds wherever b 
is located on the span. 

Furthermore, if a graphic method is adopted the deflections 
of all points in the span are obtained by the same diagram 
whose construction is required to find that of any one point 
only. If the load at the end is made unity as in Fig. 149c, and 
the deflection diagram constructed by one of the methods given 
in the following articles, the diagram becomes a deflection 
influence line for a point at the end of the beam. To obtain 
the deflection at that point due to a concentrated load in any 
position, it is only necessary to measure the deflection ordinate 
at that position and to multiply its value by the magnitude of 
the given load. 

The methods referred to require especial care with respect to 
the units in which different terms are to be expressed. The 
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xinit in which the deflection / is given by equation (i) when 
the unit for all the other terms are known may be found con- 
veniently by cancellation. Let M be expressed in pound-inches, 
M' in inches since the assumed load is an abstract unity, E in 
pounds per square inch or pounds divided by square inches, 
and / in inches*. The following equation may then be written: 

Ib.-in. Xin. Xin . _ lb.-in. Xin. Xin. Xin.^ _ . 
(lb./in.2)in.* lb. Xin.* ~"^* 

If one of the distances involved were expressed in feet it would 
change the result to feet. The same method may be employed 
in other combinations of terms to see whether all of the terms 
haye been expressed in the proper imits to give the residt required. 

It is to be remembered that equation (i) in this article gives 
the deflection due only to the bending moments in a beam and 
hence is in some degree approximate, although usually it fully 
satisfies the requirements of practice. If very precise values 
of deflections are required in any case, it is necessary to determine 
also the deflection due to shear. (See Mechanics of Materials, 
Art. 125.) 

Art. 78. Deflection of a Cantilever Girder. 

For example, let it be required to find the deflection at the 
end of a railroad turntable due to Cooper's E50 loading (see 
Art. 39), When a locomotive is balanced on the turntable, 
preparatory to turning it as illustrated in Fig. 161 in Art 90, 
each one of the pair of plate girders becomes a double canti- 
lever, and each half of a girder is a cantilever with its neutral 
axis fixed in a horizontal direction over the middle support. 
Fig. isoa gives an elevation of one of these cantilevers on which 
the positions of the tender axle loads are indicated. The stifF- 
eners of the plate girder are omitted on this diagrammatic repre- 
sentation. Fig. 1 506 is a diagram in which the ordinates represent 
the corresponding values of /, the moment of inertia of the cross- 
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sections of the girder. The values of / are computed from the 
crossTsection areas, and it is assumed that / does not change 





'5'0'^-^—6'0'^'->\<:-5'0"-><-:- 



Fig. ISO. 

abruptly at the end of a cover plate but increases gradually to 
its full value in a distance of about 2 feet. 
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In a cantilever in which the horizontal distances x aie 
measured from the free end if '= —x in equation (i) of the pre- 
ceding article, and if the span of the beam be divided into 
lengths Jo; so as to apply graphic methods, the deflection may be 
determined with sufficient precision by equation (i) after mak- 
ing these substitutions, ffwing f=ZMx'Jx/EI. This may be 
changed into the form 

/=£^y«- (2> 

This summation can be most conveniently made by constructing^ 
an equilibrium polygon or bending moment diagram by treating 
the values of Mil as loads. In order to draw the deflectioa 
influence line for this cantilever girder it is necessary to place 
a load of i kip at its free end, since it is desired to find the de- 
flection at that point, and then to construct the deflection poly- 
gon for that load, the girder being assumed as fixed at the support. 

Fig. 1 50c shows the bending moment diagram for this load 
of I kip or 1000 pounds at the end of the girder. The span of 
the girder is divided into ten equal divisions of 3.5 feet =42 
inches each. The diagrams for / and M are both divided by 
vertical lines spaced the same distance apart. The average 
values of M , / and Mil for each division are given in the follow- 
ing table: 



Division 


M 


/ 


M/I 


No. 


Pound-inches 


Inches* 


Pounds/inches* 


I 


21 000 


7 000 


3-0 


2 


63 000 


13 200 


4.8 


3 


105 000 


19 800 


5.3 


4 


147 000 


24 200 


6.1 


S 


189 000 


28 000 


6.7 


6 


231 000 


31 600 


7.3 


7 


273 COG 


34800 


7.8 


8 


315000 


45600 


6.9 


9 


357 000 


56000 


6.4 


10 


398000 


58500 


6.8 
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Since M^Ax represents the area of one division of the moment 
diagram the loads M/I are to be applied at the centers of gravity 
of the division areas. If desired the loads may be taken as 
if- Ax/ I instead of If//, but this involves ten times as many 
multiplications by Ax. 

The next step is to find the proper value for the pole distance 
jff, remembefmg that the fundamental theory of the equilibrium 
polygon requires H to be laid off with the same scale as the loads, 
and hence H must be expressed in the same units. The same 
theory also gives -T (Mo;//) =Ezy in which z is the ordinate of the 
equilibrium polygon (which in this case becomes a deflection 
polygon) at the limit to which the summation is made. Since 
the value of any deflection / is very small it is desirable that the 
ordinates z shall give the deflection as magnified n times, so as 
to be measured with greater precision; that is, z=nj. Making 
these substitutions in equation (2) there is obtained/ = {Ax/E)Enf 
whence 

H=E/{dx'n). 

The value of E is 29 000 000 pounds per square inch, and 
a: =42 inches; hence the numerical value of the pole distance is 

H = 2g 000 000/ (42«) = 690 476/n 

expressed in pounds divided by inches^, which agrees with the 
units in which the values of M/I are expressed in the table. 
As H has to be laid off with the same scale as the load line 
which has a total value of 61.1 Ib./in.^ it is found that a convenient 
value for n is 5000, thus making J3' = i38.i Ib./in.^. In Fig. 
150^ the loads are laid off in regular order and the pole is taken 
•opposite the extremity of load 10 in order that the axis of the 
deflection polygon may be horizontal. The equilibrium polygon 
Fig. isoe is drawn in the usuarmanner, remembering that any 
side which lies between the lines of action of two forces must 
be parallel to the ray whose extremity lies between the same 
two forces in the force polygon. 
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Since the ordinate of an equilibrium polygon must be meas- 
ured by the same scale of distances which is used to locate 
the positions of the forces on the beam, the deflection ordinate 
z at the left end is foimd to be 8.54 feet = 102.48 inches, and hence 
the deflection 7=102.48/5 000 =0.0205 inch, for a load of i 
kip applied at the end. As the deflection diagiam is also a 
deflection influence line, the ordinates under eacb^^axle load are 
measured by the linear scale and found to be 4.33, 2.72, 1.33, 
and 0.50 feet respectively, their simi being 8.88 feet. The end 
deflection therefore for these four axle loads of 16.25 kips each is 
8-88X12X16.25/5000=0.3463 inch. This value is practically 
the same as 0.3459 inch, which was obtained by analytic compu- 
tation, the lengths of division being 2 feet except at each end of 
the span, where they were a Kttle longer. 

If it be desired to make the divisions of the span unequal 
in order to conform somewhat to the variations of the moment 
of inertia, then the areas of the bending moment divisions must 
be obtained and the loads to be used for the deflection diagram 
are M-Jx/I-. The deflection influence line is really a curve 
which is tangent to the deflection polygon at the points of 
division. However, where the divisions are as short as in this 
example, it is not necessary to draw the curve, since it coin- 
cides so closely with the polygon. 

Prob. 89. Determine the deflection of the extremity of the 
other half of the turntable girder referred to in this article, 
due to the axle loads which it supports. 

Art. 79. Alternative Method. 

In Fig. 1516 the diagram showing the variation of the moment 
of inertia is reproduced from Fig. 1506 and a series of similar 
isosceles triangles are drawn so as to divide the span of the 
cantilever girder into lengths Ax which have a constant ratio to 
their respective average values of /. The relation follows from 
the constant ratio of the base to the altitude of each tri- 
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angle. Hence the formula in the preceding article may be 
changed to 

J^{Ax/Er)IMx. 




Fig isx. 



The smmnation of Mx is again made most conveniently by con- 
structing an equilibrium polygon or moment diagram in which 
the bending moment M is treated as a load. 
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The bending moment diagram due to the assumed load of i 
kip at the end is shown in Fig. 151c. Each value of Jf is the 
average value for its division and when treated as a load for the 
construction of another equilibrium polygon is applied at the 
center of gravity of its corresponding area. These middle 
ordinates may be transferred with the dividers to the load line 
without measuring their values by scale. 

Before constructing this equilibrium polygon and its tangent 
curve which represents the deflection curve of the beam, it is 
necessary to determine the proper value of the pole distance 
E in Fig. i$id, Sincei'Ji'x=iJ2; in which z is any ordinate at the 
limit for which the summation is made, and s =«/, as in the pre- 
ceding article, there is obtained by substitution in the pre- 
ceding equation /=(ix/£/)jffz = (Jx/£/)jffn/, and hence 

H^EI/in-dx).^ 

Since £ = 29 000 kips per square inch, / in the largest division is 
53 000 inches^, and the length of that division is Jx = ii.8 feet 
= 141. 6 inches, 

^^29 000x53000^10 855 000^^^,^904600^^^ 

n'i4i.6 n n 

m 

As H has to be laid off with the same scale as the load line, it is 
foimd that a convenient value for » is 5 000, making i5r = 180.9 
kip feet. With this value of J7, the force polygon Fig. 15 id 
is drawn, and the equilibrium polygon Fig. 15 le constructed. 
The end ordinate z measured by the Unear scale used in laying 
off the length of the beam is 8.46 feet = 101.5 inches. The 
deflection is therefore loi. 5/5 000=0.0203 inch. The ordinates 
below the axle loads measure 4.30, 2.74, 1.34 and 0.52 feet, or a 
sum of 8.90 feet = 106.8 inches; hence the deflection at the end 
due to these loads is 106.8X16.25/5000=0.3471 inch. 

As the deflection polygon in this case has such long sides it 
is necessary to draw a smooth curve tangent to the sides respec- 



Art. 79. ALTERNATIVE METHOD. 259 

tively at the points of division, before the ordinates under the 
axle loads are measured. Only a part of the curve is shown in 
Fig. 151^ on account of the reduced size. 

m 

In Art. 78 the bending moments M were divided by the re- 
spective moments of inertia /, before being laid off on the load 
line. In this article the span was divided into imequal divisions 
Jx so as to make the ratio of Ax/ 1 constant. There remains a 
third method of procedure in which the pole distance H is 
changed in direct proportion to the average value of / for each 
division. 

In case it is desired to find the deflections for one or more 
loads, which are fixed in position at a number of different points 
on the span, then the simplest procedure is to draw first the bend- 
ing moment diagram for the given loading, and iafterward to 
construct the deflection diagram by either of the three methods 
referred to in the preceding paragraph. The magnitude of any 
ordinate will give the total deflection at the location of that 
ordinate. By using the bending moment diagram for the four 
axle loads in the example considered in this article, and adopting 
the third method of drawing the deflection polygon, the deflec- 
tion at the end of the girder was found to be 0.343 inch, and under 
the axle loads 0.210, 0.146, 0.078, and 0.032 inch respectively. 
In this case the moment diagram was divided into only 5 divisions 
of unequal length. 

Usually the method described and illustrated in Art. 78 is 
the most advantageous, since the average values of / are more 
readily obtained than in the other methods. Where the values 
of / change more or less abruptly it requires a number of trials 
to divide the span so as to make Ax/ 1 constant, and in which / 
is really the average value for its division. Under some condi- 
tions, however, this method may be preferable. 

When the moment of inertia is constant the construction is 
simplified still further, since / is eliminated from the summation. 
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For some cases of special loading the analytic method may then 
be more advantageous than the graphic method. 

Prob. 90. Check the value of the deflection obtained in 
Prob. 89, by the method explained in this article. 

Art. 80. Deflection of a Simple Beam. 

The same reciprocal relation which was shown in Art. 77 to 
exist between the deflections and loads at any two points on a 
cantilever beam apply likewise to any other type of beam. 
Hence the simplest graphic determination of the deflection of a 
simple beam at any given point under any loading consists 
in the con^ruction of a deflection polygon for a unit load placed 
at the given point. This polygon is also the deflection influence 
line by means of which the deflection may be readily obtained for 
any other loading. 

In Fig. 152 a simple beam is shown with a load of i kip applied 
at six-tenths of its span from the left end. The reactions are 
therefore 0.4 and 0.6 kip respectively. Let the tangent of the 
neutral axis of the beam at a point under the load be assumed as 
fixed in a horizontal direction. The two parts of the beam may 
then be regarded as cantilever beams with upward loads of o^. 
and 0.6 kip applied at their respective ends. The deflection 
polygons for both cantilevers are drawn according to the method 
given in Art. 78. Since the bending moments are positive the 
deflections of the ends are upward from the fixed tangent or 
axis, as indicated in the lower diagram of Fig. 152. But accord- 
ing to the actual condition of the beam the supports are fixed 
in elevation, making the deflection of the beam at those points 
equal to zero; hence the required vertical deflection at any point 
must be measured from the closing line aibi as an axis. 

The entire deflection polygon with its dosing line is foimd to 
be identical with an equilibrium polygon constructed by treating 
the entire bending moment diagram for the simple beam as a load 
diagram. It was assumed that the tangent to the neutral axis 
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of the beam under the load was fixed in a horizontal direction* 
The assumed direction is really immaterial, since the magnitudes 
of vertical ordinates in an equilibrium polygon are independent 
of the position of the pole in the force polygon, provided the pole 
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Fig. isa. 

distance H remains the same. (See Art. 7.) If the axis ai6i 
be made horizontal and the same end ordinates laid off as before 
the true inclination of the tangent at c\ will be obtained. 

Let the beam represented in Fig. 152 be a 30-inch steel 
I beam weighing 1 20 poimds per linear foot, and having a moment 
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of inertia of cross-section of 5239.6 inches*. It is required to 
find its deflection for a span of 20 feet, under a uniform load of 
9300 pounds per linear foot, at a section 12 feet distant from the 
left support. The load includes the weight of the beam itself. 

The span is divided into ten equal parts, making each division 
2 feet long. A load of i kip is placed at the point whose deflection 
is to be determined and the bending moment diagram con- 
structed. The maximum ordinate c'c" equals i X 12 X 8/20 =4.8 
kip-feet. The value of the middle ordinate of each division of 
the bending moment diagram is given on the drawing expressed 
in kip-feet. The average or middle ordinate in each division 
is to be treated as a load in constructing the deflection polygon. 
The sum of those on the left of c" is 14.4 kip-feet, and of those 
on the right, 9.6 kip-feet. 

In order to make the direction of the deflection polygon hori- 
zontal at c\ or under the load of i kip, the pole is located in a 
horizontal ray through the extremity of load 6 on the load line. 
Since E-EI/{n'Ax), its numerical magnitude is 

24» n n 

In order to secure a deflection polygon of good proportions it is 
found convenient to take » = 3oooo, making i7 = 17.59 kip-feet. 
Upon constructing the deflection polygon and measuring the 
ordinates at ai and 61 by the linear scale it is found that the left 
end of the beam deflects upward 6.65//* feet and the right end 
2.94/« feet from the tangent to the neutral axis at c. Upon 
drawing the dosing line aibi and measuring the ordinates at the 
ends of the divisions, their vsdues are found to be o, 1.29, 2.49, 
3.47, 4.17, 4.51, 4.40, 3.78, 2.76, 1.43 and o feet respectively. 

Since the load is uniformly distributed it is necessary to 
find the area of the deflection influence diagram or the sum of the 
average ordinates in divisions of one foot each. By means of 
Simpson's rule the area is found to be 57.04 square feet, or the 
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sum of the ordiriates is 57.04 feet for the one-foot divisions. 
The deflection for a load of 9.3 kips per linear foot is therefore 

/=S7.04X9.3/30 000=0.01768 ft. =0.2122 in. 

By means of the equation of the elastic line for this case in which 
x=o,6l (see Mechanics of Materials, Art. 55) the deflection is 
computed to be 0.2098 inch, which differs from the value obtained 
graphically by a little over i per cent. This difference could have 
been reduced by using larger scales. The scales employed on 
the original diagram for Fig. 152 are 3 feet to i inch and 5 kips 
to I inch. The maximum deflection of this beam at the center 
of the span computed by means of the ordinary formula is 0.220 
inch. 

Prob. 91. A simple beam having a span of 20 feet consists of 
a 20-inch I-beam weighing 65 pounds per foot, with a moment of 
inertia of 1 169.5 inches^. The load varies uniformly from zero 
at one end of the span to 11 kips per foot at the other end. 
Find the deflection at intervals of 2 feet throughout the span by 
means of a deflection polygon. 

Art. 81. Deflection of a Crane Girder. 

The simple beam in Fig. 153 represents one of a pair of 
box girders in a traveling crane similar to that illustrated in 
Fig. 162 of Art. 90. It has two web plates J inch thick. The 
upper cover plate is 20 X§ inch, and the lower one 20 X| inch. 
The two upper flange angles are 5 X3 X | inch and the lower ones 
5X3X1 inch, their longer legs being vertical. The short flange 
angles at each end are 3|X2|Xj inch, and 48I inches long. 
Some of the dimensions of the girder are given on the diagram. 
Stiffeners and minor details are omitted. The lower flange has 
a parabolic curve. The depth back to back of flange angles is 
7 J inches above the supporting girder, 26^ inches at the end of the 
curved bottom flange, and 485 inches at the center of the span. 
The moments of inertia at these sections are 250, 5760, and 
21 630 inches*. The distance between the second and third 
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of these sections was divided into five equal parts, and the 
moments of inertia computed at the ends of divisions, giving the 
values 9970, 14 460, 18 340, and 20 760 inches*. The deflec- 




Fig. 153* 



tion of the girder at the center of the span is to be foimd due to a 
load of 30 kips on each girder. 

On account of the abrupt change of section next to the support- 
ing girders the span is not divided into equal parts throughout. 
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All divisions except one at each end are 4.5 feet long, the end 
division being 1.25 feet in length. The values of the middle 
ordinates in the divisions of the bending moment diagram due 
to a load of i 000 pounds at the center of the span are given in 
the following table. The table also contains the average values 
of the moments of inertia for the respective divisions and the 
corresponding values of Af//. ^ 



M 
Pound-inches 

3750 
21 000 


/ 
Inches^ 

810 
7960 


M/I 
Pounds/inches* 

4.63* 
2.64 


Loads 
1,12 

2,11 


48000 
75000 


12 320 
16460 


390 
456 


3.10 
4,9 


102 000 
129000 


19 700 
21 360 


5.18 
6.04 


5-8 
6,7 



Since the end divisions are only 15 inches long instead of 54 
inches, the first If// =4.63 Ibs./in.^ must be multiplied by 15/54, 
giving 1.29 Ibs./in.^, before it is laid off on the load line in con- 
structing the deflection influence line. The magnitude of the 
pole distance is 

rr 20000000 537060,, /. o 

H = -^ = ^^ lbs./m.3. 

54W n 

Since the total load line measures 47.22 units, a convenient value 
to assume for n is 10 000, making jff = 53.71 units. The deflec- 
tion polygon is constructed in the same manner as described 
previously. The electric hoist and its live load of 60 000 pounds 
are carried by a four-wheeled trolley which is supported by the 
rails on top of the pair of crane girders. The two axles of the 
trolley are spaced 4 feet, hence it is necessary to measure two 
ordinates with this spacing on the deflection . influence line. 
If both ordinates are 2 feet from the center of the span they 
measure 5.96 feet, while if one is i foot from the center and the 
other 3 feet on the other side of the center they measure 6.01 

* 4.63 X 15/54 " x-29; reduced to an equivalent for division of 54 inches. 
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and 5.89 feet. The larger sum is 11.92 feet, and therefore the 
deflection at the center due to a load of 15 000 pounds on each 
trolley wheel is 

/=ii.92Xi2Xis/ioooo=o,2is inch. 

In this formula the load is introduced as 15, since 15 000 is 15 
times as large as the load of i 000 poimds which was placed at 
the point whose deflection was to be found. 

To find the total deflection of the crane girder it is necessary 
to consider the weight of the trolley and the electric hoist as 
well as the distributed weight of the girder itself, the squaring 
shaft, the bridge walk and brackets which it carries. 

Prob. 92. Find the greatest deflection of the above girder 
at the quarter point of the span due to the same load. 

Art. 82. Deflection Influence Lines for Trusses. 

In Chap. VII a method was given for finding the deflection of 
the different panel points of a truss under a load which is fixed 
in position. This method is used in determining the elevation 
of the blocking required for the erection of bridge trusses, in 
which case the change of length for each truss member is computed 
for the siun of its stresses due to both dead load and full live 
load. The position of the live load is that which causes the great- 
est bending moment at the center of the span. It is also used 
in finding the deflection of different panel points due to a given 
live load when a truss bridge is being tested by observing the 
actual deflections under that live load in a specified position, 
in order to compare the results with the theoretic values pre- 
viously found. 

If, on the other hand, it is desired to find the deflection of 
any given panel point xmder different loads, or under a moving 
live load, it is necessary to construct a deflection polygon for a 
load of I kip or i 000 poimds placed at that point. This polygon 
is also a deflection influence line for the given panel point, on 
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account of the reciprocal relation between loads and deflec- 
tions for beams, as shown in Art. 77. The same relation between 
the bending moments M and M' indicated in that article exists 
likewise beween the stresses S and T, since the formula for the 
deflection of a truss involves the product ST (see Roofs and 
Bridges, Part I, Art. 87) just as the formula for the deflection 
of a beam includes the product MM\ 

The most convenient method to find the stresses in the truss 
members due to a load of i kip at the given panel point is to 
construct an ordinary stress diagram unless the chords are both 
horizontal, in which case the analytic method furnishes the 
quickest solution. After the values of the changes in length \ 
due to these stresses are known, the displacement diagram is 
constructed and afterwards the deflection diagram, or deflection 
influence line, as described and illustrated in Arts. 69 and 72. 

Prob. 93. Construct the deflection influence line for panel 
point c of the truss in Fig. 137, Art. 69, 
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Art. 83. Loads and Sxkesses for Roof Trusses. 

Advantages of the Method of Graphic Statics. £. ScbmitU 
Trans. Am. Soc. C.E., v. 45, p. 551, Jan., 1901. 

Weights of Roof Trusses. — Curves for Determining the 
Weights of Roof Trusses. H. G. Tj-rrell. Eng. News, v. 43,. 
p. 409, June 2, 1900. 

Wind Load on Roof Trusses. — ^Wind Pressures in Engineer- 
ing Construction. W. H. Bixby. Eng. News, v. 33, p. 175, 
Mar. 14, 1895; Editorial, p. 172. Wind Pressure. Experi- 
ments by W. C. Kemot Eng. News, v. 29, p. 176, Feb. lo, 
1894; Editorial, p. 167. Recent Experiments on Wind 
Pressure by J. Lminger. Eng. News, v. 33, p. 109, Fd). 14, 
1895; Correction, p. 209, Mar. 28, 1895; Wind Pressure and 
Suction. Beverly S. Randolph, p. 209, Mar. 28, 1895; Notes 
on Wind Pressure and Suction by J. Lminger, p. 243, Apr. 11, 
1895. Experiments on Wind Pressure. Eng. Rec., v. 56^ 
p. 676, Dec. 2, 1907. Wind Loads on Mill Building Baits. 
Albert Smith. Jour. W. Soc. Engrs., v. 16, p. 143, Feb., igii* 
Wind Pressure and Suction on Roofs. Editorial, Eng. Rec, 
v. 62, p. 754, Dec. 31, 1910. Wind Pressure against LicKned 
Roofs. H. P. Boardman. Jour. W. Soc. Engrs., v. 17, p. 331, 
Apr., 1912; Eng. Rec., v. 64, p. 673, Dec. 9, 1911; Eng. News^ 
v. 68, p. 66, July 11, 1912. Wind Pressure on Buildings. 
Albert Smith. Jour. W. Soc. Engrs., v. 17, p. 987, Dec, 1912; 
Eng. Rec, v. 66, p. 398, Oct. 12, 1912. Wind Loads on Build- 
ings. Albert Smith. Jour. W. Soc Engrs., v. 19, p. 369, Apr., 
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1914; Eng. Rec., v. 69, p. 45, Jan. 10, 1914. Wind Pressure 
Formulas and their Experimental Basis. R. Fleming, Eng. 
News, V. 73, p. 160, Jan. 28, 1915. Wind Stresses in Steel 
Mill Buildings. R. Fleming. Eng. News, v. 73, p. 210, Feb. 4, 
1915; Editorial, p. 225. Why Suction Should be Considered 
in Designing for Wind Stresses. Albert Smith. Eng. News, 
V. 73, p. 549, Mar. 18, 1915. Chart for [Duchemin's] Wind 
Pressure Formulas. Eng. News, v. 75, p. 952, May 18, 1916. 
Table and Chart for Wind Pressure Formulas. Harry B. 
Wrigley. Eng. News, v. 75, p. 327, Feb. 17, 1916. 

Stresses in Roof Trusses. — ^Bottom Chord Loads in Fink 
Trusses. W. H. Dimham and Editor. Eng. News, v. 49, 
p. 326, Apr. 9, 1903. Stress Diagrams. Leon S. Moisseiflf. 
Eng. Rec, v. 49, p. 696, May 28, 1904. 
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Weights of both Railroad and Highway Bridges. — 
Diagrams for Determining the Weights of Bridge Spans. H. G. 
Tyrrell. Eng. News, v. 43, p. 308, May 10, 1900. Diagrams 
for Determining the Weights of Bridge Spans. Eng. News, 
V. 43, p. 361, May 31, 1900. Formulas for Calculating the 
Weights of Steel Bridges and Trestles. H. G. Tyrrell. Eng, 
News, V. 44, p. 79, Aug. 2, 1900. Diagram showing the Weights 
of Highway Truss Bridges. H. G. Tyrrell. Eng. News, v. 45, 
p. 433, June 13, 1901. Diagrams of Weights of Deck and 
Through Plate-Girder Highway Bridges. H. G. Tyrrell. Eng, 
News, V. 45, p. 266, Apr. 11, 1901. Weights of Steel Bridges 
for Highway, Railway, and Electric Railway Spans of 10 to 
300 Feet. Engr.-Contr., v. 30, p. 195, Sept. 23, 1908. Weights 
of Simple Span Bridges. Design of Steel Bridges by F. C. 
Ximz, 19x5. Chap. XI; also Chap. I, Art. 2. Weights of 
Steel Superstructiures. Bridge Engineering by J. A. L. Waddell, 
1916. Chap. LV. 



1 



270 REFERENCE LITERATURE OF GRAPHICS. CHAP. X. 

Weights of Railroad Bridges. — ^Diagram of Wdghts of 
Standard Bridges; Northern Pacific Ry. Ralph Modjeski. Jour. 
W. Soc. Engrs., v. 6, p. 51, Feb., 1901. Eng. News, v. 45, p. 61, 
Jan. 24, 1901. Estimated Weights of Truss Bridges: Stand- 
ards of A. T. & S. F. Ry. Eng. News, v. 49, p. 485, May 28, 1903. 
The Weight of Bridges. Eng. Rec., v. 57, p. 350, Apr. 4, 1908. 
Preliminary Estimates of Cost of Bridges. Fred. J. Wood. 
Eng. Rec., v. 67, p. 84, Jan. 18, 1913. 

Weights of Highway Bridges.— Weights of Electric Rail- 
way Bridges. H. G. Tyrrell. Eng. Rec, v. 42, p. 452, Nov. 10, 

1900. Curves of Weight and Specifications for Electric Rail- 
way Bridges. Eng. News, v. 44, p. 427, Dec. 20, i960. Dia- 
grams of Weights of Deck and Through Plate-Girder Highway 
Bridges. H. G. Tyrrell. Eng. News, v. 45, p. 266, Apr. 11, 

1901. Weight of Steel in Bridges for Electric Railroads. 
H. G. Tyrrell. R.R. Gaz., v. 34, p. 711, Sept. 12, 1902. Rela- 
tion of Bridge Specifications to Highway Improvement. 
[Weights of Beam, Girder, and Truss Spans 20 to 80 feet.] Eng. 
Rec., V. 63, p. 83, Jan. 21, 191 1. Weight and Cost of Bridges. 
Eng. Rec., v. 68, p. 640, Dec. 6, 1913. New Formulas for 
Weights of [Plate] Girders and Trusses. A. G. Hayden. Eng. 
News, V. 75, p. 422, Mar. 2, 1916. 

Art. 85. Live Loads for Railroad Bridges. 

Heaviest Car in America. Eng. News, v. 29, p. 368, Apr. 20, 
1893. Railroad Standard Moving Loads. Eng. Rec., v. 28, 
p. 9, June 3, 1893. Standard Moving Loads for Railway 
Bridges. Editor. Eng. Rec., v. 28, p. i, Jxme 3, 1893. Mov- 
ing Loads for Railway Bridges. J. A. L, Waddell. Eng. Rec., 
V. 28, p. 93, July 8, 1893; Editorial, p. 85. Standard Live 
Loads for Railway Bridges. Eng. Rec., v. 28, p. 135, July 29, 
1893. Standard Live Loads for Railway Bridges. Eng. Rec., 
V. 28, p. 205, Aug. 26, 1893. Comparison of Movem Engine- 
Loading with Standard Specifications for Spans from 10 to 200 
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feet. C. D. Purdon. Trans. Am. See. C.E., v. 29, p. 426, 
August, 1893. Loadings for Railway Bridges. Discussion. 
Trans. Am. Soc. C.E., v. 30, p. 515, Dec, 1893. Train Load- 
ings for Railroad Bridges. Theodore Cooper. Trans. Am. 
Soc. C.E., V. 31, p. 174, Feb., 1894; R.R. Gaz., v. 26, p. 19, 
Jan. 12, 1894; Eng. Rec, v. 29, p. 391, May 19, 1894. Present 
Practice in Specified Loadings for Railroad Bridges. Ward 
Baldwin. R.R. Gaz., v. 26, pp. 386, 403, 479, June i, June 8, 
July 6, 1894. Wheel Loadings in Computing Bridge Strains. 
Henry B. Seaman. Eng. News, v. 42, p. 190, Sept. 21, 1899. 
Wheel Concentrations and Fatigue Formulas in Bridge Design. 
Informal Discussion. Trans. Am. Soc. C.E., v. 42, p. 189, 
Dec, 1899; Eng. Rec, v. 40, p. 342, Sept. 9, 1899; ^-R- Gaz., 
V. 31, p. 654, Sept. 22, 1899. Structural Steel Hopper Cars. 
R.R. Gaz., V. 32, p. 703, Oct. 26, 1900. Weights of Loco- 
motives. Eng. News, v. 47, p. 337, Apr. 24, 1902. Specified 
Loadings for Railroad Bridges. Ward Baldwin. R. R. Gaz., 
V. 34, p. 317, May 2, 1902. Standard Loadings for Rail- 
road Bridges. Editor. R.R. Gaz., v. 34, p. 366, May 16, 1902. 
Specified Loadings for Railroad Bridges. C. F. Loweth. R.R. 
Gaz., V. 34, p. 372, May 23, 1902. Loadings for Railroad 
Bridges, Informal Discussion. Trans. Am. Soc C.E., v. 51, 
p. 105, Dec, 1903; R.R. Gaz., v. 35, p. 824, Nov. 20, 1903. 
Loadings for Railroad Bridges. Editor. R. R. Gaz., v. 35, 
p. 830, Nov. 20, 1903. Classification of Engines for Bridge 
Loading. C. D. Purdon, Jour. Assoc. Eng. Soc, v. ;i^, p. 325, 
Nov., 1904. Study of Train and Locomotive Weights for 
Use in Designing Bridges. Proc Am. Ry. Eng. & M. W. 
Assn., 1905, V. 6, p. 240. Live Loads for Railroad Bridges. 
Henry W. Hodge. Trans. Am. Soc C.E., 1905, v. 54^, p. 77. 
Comparison of Cooper's E50 Loading with Recent Heavy Loco- 
motives. Eng. Rec, v. 55, p. 712, June 15, 1907. Bridge 
Loadings. A. W. Buel. Eng. Rec, v. 56, p. 28, July 6, 1907. 
Live Loads and the Life of Railway Bridges. For What Loading 
should Railway Bridges be Designed? Editor. Eng. News, 
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V. 62, p. 310, Sept. 16, 1909. Relation of Heavy Mallet 
Locomotive to Bridge Stresses. Eng. News, v. 67, p. 734, 
Apr. 18, 1912. Equivalent Uniform Loads on Bridges for 
Different T>'pes of Engines. Eng. News, v. 70, p. 824, Oct. 23, 

1913. Rolling Loads on Bridges. J. E. Greiner, Proc. Am. 
Ry. Eng. Assn., 1914, v. 15, part 2, p. 233. Is Heavier Design 
Needed in Railway Bridges? Eng. News, v. 71, p. 248, Jan. 29, 

1914. Weight of Future RaUway Rolling Stock. Editor, 
Eng. News, v. 71, p. 253, Jan. 29, 1914. Limits of Bridge and 
Track Loading. Ry. Age Gaz., v. 56, p. 1080, May 15, 1914. 
Heavy Locomotive Loadings. A. C. Lrwin. Proc. Am. Ry. 
Eng. Assn. (1915), v. 16, part 2, p. 299. Chart of Equivalent 
Uniform Loads for Railway Bridges. D. B. Steinman. Eng. 
News., V. 73, p. 780, Apr. 22, 1915. Live Load for Railroad 
Bridges. Design of Steel Bridges by F. C. Kunz, 1915. Chap. I, 
Art. 3. Full Regular Service TraflSc Capacity, for E60 
Bridges Based on an Overload of 50 Per Cent. J. E. Greiner. 
Trans. International Engineering Congress, 1915. Vol. on Rail- 
way Engineering, p. 401. Live Loads. Bridge Engineering 
by J. A. L. WaddeU, 1916, Chap. VI. 

Art. 86. Live Loads for Highway Bridges. 

Some Recent Tests on the Weight of Crowds. L. J. Johnson. 
Eng. News, v. 51, p. 360, Apr. 14, 1904. The Maximum 
Weight of Crowds. Charles M. Spofford. Eng. News, v. 51, 
p. 426, May 5, 1904. Experiments on the Weight of Crowds. 
Eng.News,v.52,p. 406, Nov. 3, 1904. New Data on the Weight 
of a Crowd of People. L. J. Johnson. Jour. Assoc. Eng. Soc, 
v. 34, p. I, Jan., 1905. The Weight of Crowds. Eng. News, 
V. 53, p. 341, Mar. 30, 1905. Relation of Bridge Specifica- 
tions to Highway Improvements. [Weights of road rollers and 
traction engines.] Eng. Rec, v. 6^, p. 83, Jan. 21, 191 1. 
Wheel Loads of Electric Street and Interurban Railways. 
Frank E. Smith. Eng. News. v. 65, p. 455, April 13, 1911. 
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Specifications for Highway Bridge Floors. [Weights of trac- 
tion engines.] Paul Funderhide. Eng. Rec., v. 63, p. 515, 
May 6, 191 1. Influence of Traffic on Highway Bridge Design. 
[Weights of trucks; load per linear foot, and load per square foot 
in New York City.] Eng. Rec, v. 67, p. 132, Feb. i, 1913. 
Kinetic Effect of Crowds. C. J. Tilden. Trans. Am. Soc. 
C.E., 1913, V. 76, p. 2107. Motor Truck Loading on Highway 
Bridges. L. R. Manville and R. W. Gastmeyer. Eng. News, 
V. 72, p. 492, Sept. 3, 1914; Editorial, p. 507. Important 
Questions in Highway-Bridge Design. Willis Whited. Eng. 
News, V. 73, p. 106, Jan. 21, 1915. Heavy Motor Traffic 
on Public Roads. Editor. Eng. News, v. 73, p. 226, Feb. 4, 
1915. Applied Loads, Highway Bridge Floors. Charles M. 
Spofford. Proc. Engrs. Soc. of W. Pa., v. 31, p. 727, Dec, 
191 5. Live Load for Highway Bridges. Design of Steel 
Bridges by F. C. Kimz, 1915. Chap. I, Art. 4. Live Load 
for Electric Railway Bridges. Design of Steel Bridges by F. C. 
Kunz, 1915, Chap. I, Art. 5. Live Loads. Bridge Engineer- 
ing by J. A. L. Waddell, 1916. Chap. VI. 

Art. 87. Impact and Wind Loads. 

Stresses Due to Impact. — [Stresses Due to Impact.] C. 
C. Schneider. Trans. Am. Soc. C.E., v. 34, p. 328, Oct., 1895. 
Impacts; Comparison of Various Impact Formulas. Proc. 
Am. Ry. Eng. & M. W. Assn., 1905, v. 6, p. 255. Discus- 
sion. 0. R. Selby. Proc. Am. Ry. Eng. & M. W. Assn., 1906, 
v. 7, p. 227. Impact Tests. Report of Committee. Proc. 
Am. Ry. Eng. & M. W. Assn., 1908, v. 9, p. 222; 1909, v. 10, 
p. 1 143; Discussion by F. E. Turneaure, 1910, v. 11, p. 168. 
Report of Sub-Committee on the Allowable Length of Flat 
Spots on Car Wheels. Proc. Am. Ry. Eng. & M. W. Assn., 
1909, V. 10, pp. 1152, 1156; 1910, V. II, p. 147. Report of 
Sub-Committee on Impact. Proc. Am. Ry. Eng. & M. W. 
Assn., 191 1, V. 12, Part 3, pp. 12-300. Impact. Discussion 
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and Conclusions. Proc. Am. Ry. Eng. & M. W. Assn., 1916, v. 
17, p. 116. Real Influence of Moving Loads on Bridge 
Structures. Editor. Eng. Rec., v. 52, p. 560, Nov. 15, 1905. 
[Impact Formula of the Pennsylvania Railroad.] Eng. Rec, 
V- 53, P- 526, Apr. 28, 1906. Allowance for Impact on 
Ballast-Floor Bridges. Eng. News, v. 55, p. 633, June 7, 1906. 
Proportioning of Steel Railway Bridge Members. Henry S. 
Prichard. Proc. Eng. Soc, W. Pa., v. 23, p. 324, July, 1907; 
Discussion, v. 23, p. 573, Dec, 1907; Eng. News, v. 58, p. 301, 
Sept. 19, 1907. Impact Formulas for Bridge Members. 
Eng. Rec, v. 59, p. 600, May 8, 1909. Proportioning 
Bridge Members for Impact. Editor. Eng. Rec, v. 59, p. 
589, May 8, 1909. Impact Tests on Bridges and the Effect 
of Flat Spots on Car Wheels. Eng. News, v. 63, p. 385, 
Mar. 31, 1910. Allowed Stress Due to Impact. H. B. Sea- 
man. Trans. Am. Soc. C.E., v. 75, p. 313, Dec, 1912. Some 
Experiments on Highway Bridges under Moving Loads. F. 
0. Dufour, Jour. W. Soc. Engrs., v. 18, p. 554, June, 1913. 
Impact and Vertical Vibrations. Design of Steel Bridges by 
F. C. Kunz, 1915. Chap. I, Art. 7, Impact Loads. Bridge 
Engineering by J. A. L. Waddell, 1916. Chap. VII. Wheel- 
Load and Impact Charts for Railway Bridges. D. B. Steinman. 
Eng. News, v. 75, p. 11 73, June 22, 1916. Impact Tests on 
Norfolk & Western Railway, Made during the Summer of 
1916. Proc. Am. Ry. Eng. Assoc, 1917, v. 18, p. 1226. 

Wind Loads. — ^Wind Pressure against Bridges. Ashbel Welch. 
Trans. Am. Soc. C.E., 1880, v. 9, p. 391. Wind Pressure upon 
Bridges. C. Shaler Smith. Trans. Am. Soc. C.E., v. 10, 
p. 139, May, 1881. Wind Pressure upon Bridges, C. Shaler 
Smith. Eng. News, v. 8, pp. 395, 407, Oct. i, 8, 1881. Prob- 
able Wind Pressure Involved in the Wreck of the High Bridge 
over the Mississippi River, on Smith Ave., St. Paul, Minn., 
Aug. 20, 1904. C. A. P. Turner. Trans. Am. Soc. C.E., v. 54, 
p. 31, June, 1905. What Wind Pressure Should be Assumed 
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in the Design of Long Bridge Spans? Theodore Cooper, Eng. 
News, V. 53, p. 15, Jan. 5, 1905. Wind Stresses in Raihroad 
Bridges. R. Fleming. Eng. News, v. 73, p. 252, Feb. 11, 
191 5. Wind Stresses and Empirical Methods of Design. 
Editor. Eng. News, v. 73, p. 274, Feb. 11, 1915. Wind 
Stresses in Highway Bridges. Eng. News, v. 73, p. 372, Feb. 
25, 1915. Wind Loads, Vibration Loads, and Traction 
Loads. Bridge Engineering by J. A. L. Waddell, 1916, Chap. DC. 

Art. 88. Moments and Shears in Beams. 

Graphical Method of Calculating Bridge Stresses for Concen- 
trated Loading. Ward Baldwin. Eng. News, v. 22, p. 345, 
Oct. 12, 1889; V. 22, p. 615, Dec. 28, 1889. An Easy Method 
of Drawing Parabolas [for Bending Moment Diagrams]. Avila 
Gravelle. Eng. News, v. 25, p. 303, Mar. 28, 1891. Diagram 
for Calculating Size of Beams for Various Locations and Li ten- 
sities of Concentrated Loads. [Graphic Method to find the 
equivalent uniform load.] E. P. Goodrich. Eng. News, v. 45, 
p. 377, May 23, 1901. Method of Calculating Beams for 
Concentrated Loads. E. R. Maurer and E. P. Goodrich. Eng. 
News, V. 46, p. 26, July 11, 1901. 

Art. 89. Stresses in Bridge Trusses. 

Graphical Method of Calculating Bridge Stresses for Con- 
centrated Loading. Ward Baldwin. Eng. News, v. 22, p. 295, 
Sept. 28, 1889; R. R. Gaz., v. 34, p. 317, May 2, 1902. New 
Graphical Solution of the Problem, What Position a Train of 
Concentrated Loads must have in order to Cause the Greatest 
Stress in any given Part of a Bridge Truss or Girder. Henry 
T. Eddy. Trans. Am. Soc. C.E., v. 22, p. 259, May, 1890. 
Graphical Determination of Wind Stresses in a Tower. Charles 
Steiner. Eng. News, v. 25, p. 267, Mar. 21, 1891. Graphical 
Method of Computing Bridge Stresses. R. H. Bullock. Eng. 
News, V. 37, p. 121, Feb. 25, 1897. Position of Wheel Loads 
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Causing Maximum Stresses in Web Members. M. A. Howe. 
R.R. Gaz., V. 32, p. 254, Aug. 20, 1900. Graphical Method of 
Finding Floorbeam Concentrations imder Wheel Loads. R. H. 
Bullock. Eng. News, v. 49, p. 454, May 21, 1903. Finding 
Wheel Load Concentrations Graphically. L. J. Johnson. Eng. 
News, V. 49, p. 501, June 4, 1903. Graphical Calculation of 
Flange Stresses in Girders and Trusses. Oscar Sanne. Jour. W. 
Soc. Engrs., v. 9, p. 34, Feb., 1904. Equivalent Uniform Live 
Loads for Railroad Bridge Trusses. J. E. Kirkham. Eng. News, 
V. 56, p. 278, Sept. 13, 1906. Simplified Method for the 
Graphical Calculation of Bridge Trusses. J. H. Griffith. Eng. 
News, V. 61, p. 224, Feb. 25, 1909. Graphical Analysis of 
Parallel-Chord Trusses imder Uniform Load. B. J. Lambert. 
Eng. News, v. 61, p. 499, May 6, 1909. Method of Com- 
puting Rolling Load Stresses in Bridges. George E. Beggs. 
Eng. Rec, v. 60, pp. 503, 559, Oct. 30, Nov. 13, 1909; v. 61, 
p. 624, May 7, 1910. On the Greatest Bending Moment 
Produced by Cooper's E40 Loading. W. H. Schuerman. Proc. 
Am. Ry. Eng. Assn., 1911, v. 12, pt. 3, p. 308. 

Art. 90. Deflections and Influence Lines. 

Deflections of Trusses. — Graphical Solution of the Dis- 
tortion of a Framed Structure. David Molitor. Jour. Assoc. 
Eng. Soc, V. 13, p. 310, June, 1894. Deflections of Heavy 
Truss, Main Span — Rankin Bridge. Eng. Rec, v. 44, p. 468, 
Nov. 16, 1901. Elastic Deformation. Eng. Rec, v. 47, 
p. 326, Mar. 28, 1903. Marietta Long-Span Highway Bridge 
— Erection Stresses and Deflection Diagram. Eng. Rec, v. 48, 
p. 369, Sept. 26, 1903. Deflection of Trusses. E. H. Casper 
and C. J. Kennedy. Jour. W. Soc. Engrs., v. 2, p. 115, Feb., 
1916. Use of Influence Lines. R. W. Flowers and H. N. 
Jones, Jr. Jour. W. Soc Engrs., v. 21, p. 136, Feb., 1916. 

Deflection of Beams. — Deflection of Beams by Graphics. 
Willibald Trinks. Trans. Am. Soc M.E., 1903, v. 24, p. 116, 
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The Deflection of a Beam of Non-Uniform Section. Abraham 
Streifl, Horace R. Thayer, DeWitt D. Barlow, Luden E. Picolet, 
G. L. Bilderbeck. Eng. News, v. 58, p. 526, Nov. 14, 1907. 
Elastic Curves and Influence Lines Simplify Analysis of Beams. 
J. P. J. Williams. Eng. Rec., v. 72, p. 762, Dec. 18, 1915. 
Graphical Treatment of Elastic Ribs. C. S. Whitney. Cornell 
Civil Engineer, v. 24, p. 144, Jan., 1916. New Formulas 
and Diagrams Give Deflections of Beams under any Loading. 
Application of Area-Moment Method to the Computation of 
Deflections of Simple Beams with Constant Moment of Inertia. 
Chas. A. Ellis. Eng. Rec, v. 73, p. 84, Jan. 15, 1916. 

Influence Lines. — On the Calculation of the Stresses in 
Bridges for the Actual Concentrated Loads. George Fillmore 
Swain. Trans. Am. Soc. C.E., v. 17, p. 21, July, 1887. Gen- 
eral Criterion for Position of Loads Causing Maximum Stress 
in any Member of a Bridge Truss. L. M. Hoskins. Trans. Am. 
Soc. C.E., V. 42, p. 240, Dec, 1899. General Method for 
Drawing Influence Lines for Stresses in Simple Trusses. M. A. 
Howe. Eng. News, v. 69, p. 1227, June 12, 1913. Suggested 
Addition to the Method of Drawing Influence Lines for Stresses 
in Simple Trusses. C. A. Melick. Eng. News, v. 70, p. 129, 
July 17, 1913. Elastic Curves and Influence Lines Simplify 
Analysis of Beams. J. P. J. Williams. Eng. Rec, v. 72, p. 762, 
Dec. 18, 1915. Use of Influence Lines. R. W. Flowers and 
H. N. Jones, Jr. Jour. W. Soc. Engrs., v. 21, p. 136, Feb., 
1916. Influence Lines as Deflection Diagrams. D. B. Stein- 
man. Eng. Rec, v. 73, p. 680, May 30, 1916; v. 74, p. 648, 
Nov. 25, 1916. Simple and Cantilever /iT-Trusses Analyzed. 
C. L. WarwicL Eng. Rec, v. 75, pp. 223, 254, Feb. 10, 17, 
1917. 



APPENDIX. 



ANSWERS TO PROBLEMS. 

Prob. I. 56.8 pounds, making an angle of 37** 35' witn the 
smaller force. 

Prob. 2, 43.6 pounds, 36° 35' and 83° 25'. 

Prob. 4. 107.8 pounds and 129° 20'. 

Prob. 5. 2 800 pounds. 

Prob. 6. 5, = + 5.56, 5, = — 3.27, 5, = — 5.86, and 5. = + 
5.95 tons. 

Prob. 8. 5, = — 43.6, 5, = 5, = + 109. i, and 5, = + 43.6 
pounds. 

Prob. 9. Resultant = 279.7 pounds, and angle with greater 
force = 1° 45'. 

Prob. II. Resultant = 4 tons, is parallel to forces and 6 feet 
from greater force. 

Prob. 12. 1 77. 1 and 192.9 pounds. 

Prob. 13. Maximum shear = ± 4000 pounds, maximum 
moment = + 20 000 pounds-feet. 

Prob. 15. Maximum shear = — 6 tons, maximum moment 
.= — 30 tons-feet. 

Prob. 16. Maximum shear = — 6 tons, maximum moment 
= — 30 tons-feet. 

Prob. 17. 0.70 inches from the back of channel iron. 

Prob. 18. 500 pounds, 15.27 feet from the first force. 

Prob. 19. /= -4 X -^' = 7.10 X 10.81 = 76.75 inches*, and 
r = A X A'' =: 7.10 X 0.51 = 3.62 inches*. 
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Prob. 22. Stress in AC = BC ^ — 2290 pounds, and in 
CD = + 2 050 pounds. 

Prob. 23. Apex loads = 1.48, 1.20 tons; reactions = 444, 
3.60 tons. 

Prob. 24. 2.79, 8.37^ 2.04, and 6.12 tons. 

Prob. 25. Apex loads = 2.15 and 1.61 tons. Dead load 
stresses are: in upper chord, — 12.03, ~ 9-78, — 10.10; in 
lower chord, + ^o«75» + 6-45 ; and in braces, — 2.30, — 2.30, 
+ 4.29 tons. The corresponding snow load stresses are, 

— 9.00, —7-32, —7-56; +8.05, +4-83; —1.72, —1.72, 
+ 3.21 tons. 

Prob. 27. AB = 2 035, BC = 2 750, and CD = 814 pounds, 
the normal wind pressures being 38.2 and 15.6 pounds per square 
foot. 

Prob. 28. Apex load = 1.86 tons ; reactions = 3.84 and 1.74 
tons. Stresses in upper chord, — 5.82, — 6.75, — 5.36, — 3.49, 

— 3.49, —349; ii^ lower chord, +6.51, + 443» + 2.35» 
+ 2.35, + 2.35 ; and in braces, — 2.08, + 2.94, — 3.12, + 3.75, 
o, o, o, and o tons. 

Prob. 32. Apex load = 2.05 tons ; reactions at free end, 2.30 
and 4.99 tons. Stresses for wind on fixed side are : in upper 
chord, — 8.93, — 7.45, — 5.98, — 4,51, — 5.04; in lower chord, 
+ 1 1.22, + 8.98, + 6.73, -j- 4-48 ; and in braces, — 2.52, + 1.15, 

— 3.21, +2.30, —4.1 1, + 345> ^nd o tons. Lower chord 
stresses are diminished 3.75 tons for wind on free side. 

Prob. 34. Dead apex loads = 0.70, lup, 1.40, etc. ; snow apex 
loads = 043, 1.08, 1.30, etc. ; and wind apex loads = 1.74, 2.35, 
and 0.70 tons. Maximum stresses in upper chord, ^ ii.o, 

— 10.3, — 8.7, — 9.4; in lower chord, + 9.4, + 8.4, + 6.4 ; and 
in braces, -[- i«9i + 2.7, + 1.7, + 3.3 tons. Minimum stresses, 

— 3-9i - 3-3» - 3-4, — 4-o; — 0.7, + 0.8, + 2.3 ; + 1.0, — 1.2, 

— 0.2, and — 0.5 tons. 

Prob. 36. Dead, snow, and wind apex loads are 0.91, 0.84, 
and 1.49 tons. Maximum stresses in upper chord, — 1445, 
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— 11.38, —9.56; in lower chord, + '3*96» +941 5 and in 
braces, — 3.82, + 2.06, — 3.21, + 3.44 tons. Minimum stresses, 

— 5-09. -4.07, -3-39; +4.55. +3-34; -1.02, +0.55, 

— 0.85, and + 1.21 tons. 

Prob. 37. cd:=.ce=. — 4.31, cg=ch:= '- 1.73, tfrf= + 3.91, 
*/= + i.26, M = +i.57, de:=o, </"= + 3-SSi ;5r= +o.39» 
and gh=^o tons. 

Prob. 38. Apex loads = 0.6, 1.2, and 0.6 tons. Designating 
the members as in Fig. 51, the stress ^/ = — 4. 1 5, ^^ = — 3.61, 
dk^dl :=. — 2.06, c/^ = + 3.76, ^A = + 1.50, ^/ = + 1.88, 
fg=: — 1.08, ^A = + 2.36, hk = + 0.47, and kl=o tons. 

Prob. 39. Dead panel load per truss = 1.98, live = 4.70 tons. 

Prob. 40. Panel loads = 2.83 on upper, and 5.67 tons on 
lower chord. Stresses in upper chord, — 39.4, — 47.3, — 47.3 ; 
in lower chord, +23.6, +23.6, -j- 39.4, +47«3; and in web 
members, — 34.7, + 5.7, + 23.2, — 11.3, + 11.6, o, and o tons. 

Prob. 41. Maximum stresses in upper chord, — 46.6, — 123.3, 

— 169.2, — 184.5; J^ lower chord, +92.0, + 153.3, + 183.9 
tons. Minimum stresses, —12.2, —31.5, —43.0, —46.8; 
+ 23.1, +38.5, +46.2. 

Prob. 43. Panel load = 0.79 tons. Stresses in the chords, 
34,6.2, 8.4, 9.9, 10.9, 1 1.2; in diagonals, —5.5, +4-S» +3-5» 
+ 2.5, +1.5, +0.5; and in verticals, +0.8, —2.8, —2.0^ 

— 1.2, — 0.4, and o tons. 

Prob. 44. Panel load due to truss is 1.074, and that due to 
train is 4.0 tons. Stresses in upper chord for south wind, O^ 
+ 2.0 ; for north wind, — 2.0, — 2.7 tons. In the lower chords 
o, +15.9, +25.4; —15.9, —25.4, —28.5 tons. Maximum 
wind stresses in diagonals of upper lateral system, + 2.6, +0.9; 
in struts, — 1.6, — . i.i tons. In lower lateral system, + 20.3, 
+ i3-3» + 7-3 ; — 12.7, - 8.3, and — 5.1 tons. 

Prob. 46. The greatest reduction of stress is in RC^ and 
equals 4.7 -5- 76.4 = 6.2 per cent. 

Prob. 47. Maximum stresses in upper chord, — 56.0, — 53.2, 
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— 52.1 ; in lower chord, + 50.0, + 50.O, + 51-3 5 i» ^^^^^ ties, 
+ 8.3, + 87 ; in counter ties, + 7.3, + 8.0 ; and in verticals, 
+ 10.0, + 9.4, + 9*0 tons. Minimum stresses in chord, — 14,0, 

— 13.3, — 13.0, + 12.5, + 12.5, + 12.8 ; in diagonals, o; and 
in verticals, + 2.5, + 0.2, — 0.3 tons. 

Prob. 48. Maximum stresses in the chords, — 100.0, + 109.7, 
+ 105.9, + 103.0, + loi.i, + lOO.i ; in main ties, +9.0, 4- 10.2, 
+ 10.9 ; in counters, + 2-7* + 9-0, + 10.2, and in verticals, 

— lO.o, — 12.4, — 14.2, — 15.2 tons. Minimum stresses In the 
chords, —30.0, +32.9, +31.8, +30.9, +30.3. +30^; in 
diagonals, o ; and in verticals, — 3.0 tons. 

Prob. 51. 42.5 tons. 

Prob. 52. Dividing the span into eight equal parts, the 
flange stresses at the sections are 0.0, 16.0, 26.4, 32.6, and 35.1 
tons. The absolute maximum is 35.2 tons at 4 inches from 
center of girder. The shears are 20.1, 16.3, 12.8, 9.4, and 6.1 
tons. 

Prob. 53. Maximum stresses in chords, 86.2, 138.1, 167. i; 
in end post, — 135.2; in main ties, +95.4, +60.1, + 28.0; in 
counter ties, + 3«S> +28.0; and in verticals, +40.8, —48.3, 
and — 23.5 tons. Minimum stresses in the chords, 20.5, 34.2, 
41.0; in end posts, —32.2; in main ties, +17.9, 0,0; in 
counter ties, 0,0; and in verticals, + 6.3, — 1.9, and — 1.9 tons. 
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Abbreviated method for wind stress, 54 
Absolute maTrimnm flange stress, 117 
Ambiguous stresses, 61, 194 
Analysis of a plate girder, 114 
Pratt truss, 119 
Apex loads, 36 
Arithmetic, graphical, 30 
Arrow, circular, 41 

Baldwin, W., 128, 174 
Baltimore truss, 187, 240 
Beams, 250, 260, 278, 282 
Bending moments, 17, 20 

scale of, 17 
Bicycle wheel, 211 
Bowstring truss, 91, 99 
Braces, 33 
Bridge trusses, 67-1 11 

Camber, 221 

Cantilever beams, 24, 252 

Center of gravity, 27 

panel of a truss, 225 
Character of stresses, 10, 11, 39 
Chord increment, 73 

stresses, 153 
Chords, 33 
Circular arrow, 41 
Composition of forces, 3, 4 
Concentrated loads, 20 
Cooper's standard loading, 112 
Counter braces, 77, 82, 93, 162, 203 

ties, 77, 87, 96, 123, 204 
Crane, traveling, 285 



Crane truss, 9 
Crescent truss, 59 
Cycle of stresses, 162 

Dead loads, 34, 67 
Dead load stresses, 38, 69 
Deepened beam, 198 
Definitions, 33 
Deflection diagram, 230 

influence lines, 250 

of a beam, 260 

of a truss, 221, 222, 282 

polygon, 224 

under locomotive loads, 222 
Deformation of trusses, 214-225, 210 
Diagonals, maximum stresses, 80, 82, 

95i 157 
minimum stresses, 80, 82, 95 
DiLWORTH, E. C, 68 
Displacement diagram, 214, 217, 223, 230 
Double intersection truss, 193 
systems, 192 

Elastic deformation of trusses, 214-225 
Electric railway bridges, 68a 
Ends of trusses, 48, 50 
Equilibrium, 3 

at each apex or joint, 10, 11 
between external forces, 38, 43 
conditions of, 7, 13 
forces in, 3, 5 

polygon, 12, 40, 102, 115, 117, 
120, 124, 129, 145, 154, 167, 
177, 190 

201 
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Equilibrium polygon, prq;)erties of, 15 
Excess loads, 107 
External forces, 38, 43 

Ferris wheel, 208 
Fink tiuss, 61 
Floor beam, 120, 130 

reactions, 139 
Force polygon, 4, 152 

representation of a, i 

triangle, x 

Forces, composition of, 3, 4 

in equilibrium, 3, 5 

resolution of, 3, 4 

resultant of, i, 2, 4 

Girders, 250, 252, 257, 263 
Graphical arithmetic, 30 
Gn^hic method, advantages, 189 
statics, defined, i 

literature, 268 
Greinek, J. E., 69, 1x3, 196 
Greiner truss, 196 

Horizontal shear, 198 
Howe truss, 82, 139 

Impact, 273 

Inflection point, 25, 26 

Influence lines for deflections, 250, 282 

for stresses, 227, 286 
Initial tension, 87 
Internal stresses, 38, 42 

Joints, 33 

equilibrium at, 10, zi 

K truss, 266, 283 
Keys, 198 

Kingpost truss, 216, 221 
KuNZ, F. C, 67 

Lateral bracing, 84, 171, 189 
Lattice girder, 196 
Live loads, 68, 270, 272 



Live load stresses in Pratt truss, 77 

Wanen truss, 73 
Load line, 20, 38, Z15, 126 
Loads on bridge trusses, 67, 269 

on roof trusses, 34, 268 
Locomotive loads, z 12-143 

Cooper's loading, 

112 
standard typical, 112 
Waddell's loading, 
"3 

Massachusetts Public Service Commis- 
sion, 6&a 
Maximum chord stresses, 153 
moment, 21, 25 
shears, X05, 109, 131 
stresses, 58, 61, 75, 80, 82, 89, 
94, 122, X82, 206 
in diagonals, 157 
in verticals, i6x 
Methods, 1-32, 54 

Minimum stresses, 58, 6x, 75, 80, 82, 89, 

94, X22, X82, 206 
in verticals, X63 
Miscellaneous trusses, 175-2x3 
Moment diagram, 2X, 23, 25, X03, X30, 

135, 198, 278 
wheel load, xx7, X24, 
X29 
influence line, 228 
Moment of inertia, 28 
Moments in plate girders, X24 

in trusses, X4x, isSt i77> 183, 

X87, X90 
simultaneous, 135 

Normal wind pressure, 47 
Notation, 34, X52, X7S 

Overhanging beams, 24 

Panel, 36 

loads, 37, 69 

effect of divided, 72 
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Panel point, 76 
Parabola, construction of, 33 
Parabolic bowstring truss, 99 
Parker truss, 332, 336 
Pegram truss, 175 
Pennsylvania truss, 183, 243 
Plate girder, analysis, 114 
Points of division in panels, 144 
Pole, 14 

distance, 17 
Polygonal frame, 11 
Position of wheel loads, 147 

for maximum floor beam re- 
actions, 139 
for maximum moments in 

plate girders, 125 
for maximum moments in 
trusses, 141, 143, 176, 183, 
187, 190, 19s 
for maximum shears in plate 

girders, 132, 134 
for maximum shears in 

trusses, 137, 139 
for maximum web stresses in 

trusses, 137, 139, I47, 164, 

184, 187, 190, 19s 
Posts, 146, 156, 175 
Pratt truss, 84, 88, 139 
analysis, 119 

live load stresses, 77 
Principles, 1-32, 33 
PurUns, 35 

Quadruple system, 192 

Rafters, 35, 44 
Range of stress, 58 
Rays, 14 

Reactions, determination of, 48, 54, 58, 
189 

effective, 37, 70 

floor beam, 139 

of beams, 18 
Reciprocal figures, 10 
Representation of forces, i 



Resolution of forces, 3, 4 

of the shear, 151 
Resultant of forces, i, 2, 4, 5, 13, 16, 

150, 166, 167 
Rise of truss, 33 
Roof trusses, 33-66 
Roof truss with counter braces, 203 

Shear diagram, 21, 23, 35, 105, 118, 130, 

134,200 
division of area, 201 
influence line, 337 
Shears in plate girders, 131 

in trusses, 136 
Sheathing, 35 
Shingling, 35 
Simple beams, 30, 33 
Simultaneous moments, 135 
Snow loads, 34, 35 

load stresses, 83 
Span, 33 
Statics, I 

Stress diagram, construction of, 9, 39, 
43, 45, 49, 50, 52, 60, 61, 70, 75, 
79, 93, 204, 209, 3X1 
defined, 10 
influence line, 339 
Stresses, determination of, 10, ix, 39, 
378 
due to track curvature, 174 
Stringers, 130, 130 
Strut, 34 
Subverticals, 182 
Suspender, X2i 

Tabulation of web stresses, 75, 78, 86, 

95, 206, 207 
Tie, 34 

Train loads, 69 
Triangular roof truss, 44, 57 
Truss, defined, 33 

deflection, 266 

diagram, 10 

with fixed ends, 48 

with one end free, 50 
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Trusses with broken chords, 144-174 
Turntable, 284 
Typical locomotive, X12 

Uniform loads, 22 
Unsymmetrical loads, 64 

trusses, 64, 187 

Vertical shear, 21, 22, 25, 73, 142, 151, 

158 
sign of, 21, 143 
Verticals, maximum stresses, 81, 82, 95, 
161 
minimum stresses, 81, 82, 95, 

163 
relation of stresses to diag- 
onals, 81, 95-98, 146, 162 



Waddbll, J. A. L., 68a, Z13 
Warren truss, 73, 139 

double system, 192 
quadruple system, 196 
Web members, 33 
Weight of highway bridges, 67, 369 
railroad bridges, 67, 270 
roof covering, 35 
roof trusses, 35 
WTied loads, locomotive, 113-143, 147, 

222 
(See also Position of whed 
loads.) 
\Vhipple truss, 193 
WiLLOT-MoHS diagram, 231 
Wind loads, 46, 273, 376 

stresses, 481 50i 54, 84, 171, 204 
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